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BOI DUONG HQC SINH GIOI

Mén: Gidi todn bing mdy tinh bé tii

Vin dé 1: Tim nghiém gin diing ciia phuong trinh f(x) =0
Buoe 1: Dung phim , , . . . viét phuong trinh vao may.

Gia sir phuong trinh : f{x) = 0 (dau =] dwoc viét bang phim =1)
Buéc 2: Bam [SHIFT] [SOLVE| man hinh hién: X? ‘ ,
Nhapx=a (al | bat ky® gan bang voi nghiém, tuy nhién ta thwong lay

cacgiatrix=10;—-10;0)
Buéc 3:|SHIFT|[SOLVE| duoc nghiém thir nhat
Budc 4: Lap laibudéc2va3 véi x=b "' a tadugc nghiém thir 2

Néu véix=a;b ;... mamayhién: Can’t SOLVE -> phuong trinh khéng c6 nghiém thyc
gan véicacsda;b;...> hiythir sb khac,

lwu y: Khong nén dé phuong trinh dang phan thiric hay phirc tap, ta nén bién d6i dé dua
phuong trinh vé dang don gian nhat c6 thé., Can tim ra khoang chira nghiém thi may cho két qua
nhanh va chinh xac hon.

-Dé tim hét cac nghiém cua 1 phuong trinh, dac biét 1a cic phuong trinh bac 2, 3, 4...
ta can 4p dung thém dinh ly Bodu: Néu d3 tim duoc 1 nghiém x, ciia phuong trinh f(x) = 0.

Ta tiép tyc 4p dung phuong phép trén tim nghiém x, tir phuong trinh AC . 0 va nghiém x;
X=X
tu phuong trinh _ S 0
(X—XI)(X—XZ)

Vin dé 2: Ddy fibonacci:

A/Dang l: Uy =mUp ; "n® 1;AT
Véi Uj=a > tinhu = ? (kT ¥)

* Khaibao: bam: [a] [5]
bam : [m =] > duoc u>
bimdaylap E =. ..
ta duoc 1an luot us, us, . . .
Bam k — 1 1an d4u bang duoc uy
Cdch 2:
Gan cac gia tri: a SHIFT STO A (A chinh la u;)
1 SHIFT STOM  (bién dém)
Nhap vao may nhu sau:
M=M+1: A=mxA
Bam =; =; =; ... dé tinh céac gia tri u,
Luuy:
-Dung phim ALPHA dé nhap céc chit M, A va cic ddu “=" dau “:”
-Céch giai nay c6 uu diém 1a c6 thé kiém soat duoc cac budc lap. Vi moi gia tri M hién thi
trén man hinh tuong Ung vadi gia tri ciia n trong day lap.

B/ Dang 2: (Day Lucas)
U=a; Ww=b Uy =UptUng ("n° 2)
Tinh u? (Véia =b = 1 thi day lucas = day Fibonacci)

*Khai bao:

Bém: o] [SHIFT][STOJ|A]F[2][SHIFTI[STO|[B] > dugcus =a+b =B

(ganb D A trcu>; a 2B nrcu;)
Lip lai ddy phim: SHIFT|[STO
[F]|ALPHA|
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Ta 1an luot thu duge: Ug;Us /U s uql...
( ldp lai bang cach ding phim V] va dau=])
Gidi thich :
Sau khi bém: [b][SHIFT @l@ , dugc
B=u;=a+b ( dang hién thj trén man hinh)
bam tiép: > tire uz + ux > duoc uy (dang hién trén man hinh )
lac d6 gan tiép fitc uy A
bam tiép: [+ ]| ALPHA > ftcuys +us 2 duoc us ;
lac d6 gan tiép: SHIFT tire us > B ( dang hién trén man hinh ) tiép tuc

thue hién day lap twong .

C/Dang3: Uj=a; Uy =Db; Uy = MUy T P.Up ("n® 2)
timu, = ?

* Bam: b [SHIFT][STO][A][ I m[*]p [[2][SHIFT][STO][B]
(icnay: b 2A=u>;bx A+Bxa>B=u3
*Lap lai day phim sau:

[(Im[+][ALPHA|[A|[Tp[SHIFT][STO][A]  >w=A
Om[+][ALPHA][B][Jp[SHIFT][STO]B] ~ >u=B
(Thuee hién day lap trén ta lan heot thu duoc: us ; us/us ; uv... dung phim|V|va dau [E] dé thuc hién
cdc dday lap)
Cach 2:
Thuc hién cac phép gan:

a[SHIFT|[STO|[A] (A chinh 14 u))
b (B chinh 14 u,)
2 (bién dém cac budc lap)

Nhap vao may day phép tinh sau:

| MEMHIJJAHmE Bip ~ W IMEMHIIBHm © ke B

(Tacla:M=M+1:A=mb+pA:M=M+1:B=m.A+p.B)
Bim =; =; =; ... dé tinh cac gia tri u,
Luu y:
-Dung phim dé nhap cac chit M, A va cac dau “=" dau “”
-Céch giai nay c6 uu diém Ia c6 thé kiém soat duoc cac bude lap. Vi mdi gia tri M hién thi
trén man hinh tuong ung vdi gia tri clia n trong day lap.
Gidi thich:
-Pau tién may thyc hién tinh M = M + 1 khi d6 M = 3 (twong trng voi us)
-Tiép theo may thuc hién tinh A=m[ 1B +p[JA lcniyus= A
-Tiép theo may thuc hién tinh M =M + 1 khi d6 M =4 (twong Ung voi uy)
-Tiép theo may thuc hién tinh B=m[]A +p[]B lic nay us =B
sau d6 may lai quay lai cac bu6c lap trén dé tim ra cac gid tri u,, tiép theo.

Cdach 3:
aSHIFT|[STO/[A] (A chinh lau))

b (B chinh 1a u,)
2 (bién dém cac budc lap)

Nhép vao may day phép tinh sau:

| M=M+1:A=m  BHp A:C=A:A=B:B=C

Bim day lap: =; =;=; ...
Gidi thich:
Saukhitinh A=m " BlHp  AlucniyA=u;
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GiainC=A=wus

GainA=B=uw,

GanB=C=u;

May tinh tiép A=m p " Alicnay A=mus +p.ux =u4
Ctr tiép tyc nhu vAy tinh duge cac gia tri tiép theo.

Cdch 4:
Nhip vao may: M =M +1: A=mb+p.A: B=m.A+p.B
Bim: CALC
May hoi M? > Nhap 2 = (Man hinh hién thi: M=M+1 bang 3)
Bim tiép = May tiép tuc hoi: A? > Nhapa=
Lic nay man hinh hién thi A =mb + p.A
(Gdc dudi man hinh la két qua phép tinh: m.b + p.a chinh la Us)
Tiép tuc bam = May tlep tuc hoi B? > Nhap tiép b=
Luc nay man hinh hién thi: B=m.A +p.B
(Géc ddi man hinh 1d két qua cia phép tinh m.A + p.b chinh la Uy)
Thyc hién day lip bang cach bAm cac phim =, =, =...

Cach 5: v, =a;u,=Db; Upt1 = MUy T P.Upg ("n3 2)
Bdm vio may:a= Bimtiép b=
Nhép day lap sau: m|Ans + p/PreAng
Thyc hién day lip bang cach bam lién tiép ddu ==== Dau = dau tién chinh 1 us

Loi binh: Co thé dung cach nay dé tinh gia tri cta cac biéu thirc c6 dang 1 diy sb c6 quy lut.
VD nhu: Tinh A=3%+5%+7%+..+19% (HS te suy ludn tim thudt giai)

Dang 4: (Fibonacci suy réng bac 2 dang:)
U =a;u = b;u —u2+un1,("n32)

n+1

Tinh uy ?

*Bém phim: ~ [b] [SHIFT][STO][A][x’][7 > u=B
phim:  [b][SHIFT][STO [+1lal

*Lap lai day phim:

>u-A
> us=B

Lan luot thu duoc: us; us/ ug ; ui/...

Dang 5: FIBONACCI BAC 3
U =a; Uy =b; Uz =C; Upiy = MUy + Py +qQUy 2 ("n° 3)
Tinh uy ?

Dua u, vao A: b[SHIFT]|[STO][A]

Dua u; vao B: c[SHIFT|[STO
Tinh uy:
[ALPHA|[BI[ I m[*][ALPHA][A][0p[+]a[q[SHIFT][STO|C

(dwge uy > C dang hién thi trén man hinh)

Lap lai day phim sau:

[(Im[+][ALPHA]|[B][Tp [*](ALPHA(A| [Jq[SHIFT|[STO]A ~ >us=A
(Im[](ALPHA][C][p[+][ALPHA|[B] [1q[SHIFT|[STO[B > u=B
O m[+][ALPHA][AI[Tp [+]|ALPHA[C] [ q[SHIFT][STOJC > w=C

Lan tuot thu duoc: us, us, u7 /ug, ug, Ui /. . .




Vin dé 3: Biéu dién sé thap phan vé han tuin hoan thanh 1 phan sé t3i giin:

VDI: Gia str ¢6 86 0, (a) trong d6 al ¥, a=l:9

Taco: 0,(a). 10=a+0,(a) U 0,(a).9=a
=> 0, :E
W=

1 3
VD: 0,(1)=—; 0,(3)=—
@ 5 3) 5

VD2: Gia st ¢6: 0, (ab) trong d6 a,bl ¥, asb=1:9

Co  0,(ab) . 100 = ab + 0,(ab)
=> 0,(ab) .99 = ab

ab
=> () b) = —
(ab) = 99

13
VD: 0,(01)=—; 0,(13) =—...
,(01) = 99’ ,(13) %
1+23
VD 0,1(23):1+0,(23)_ 99 _ 99 +23 12221
10 10 990 990 495

Vin dé 4: Bai todan ngdn hang:
*Lai ngan hang: c6 2 cach tinh 1ai
I/Ldi don: Khi giri a (d4dng) vao ngan hang voi 14i sudt x%/nam thi sau 1 nam ta nhan
duoc sb tién 1ai 1a:
a.x% (ddng)
S6 tién 1ai nay nhan duoc hang nam nhu nhau.
2/ Lai kép: Sau 1 don vi thoi gian ( thang, nam ), 131 duoc gop vao von va duoc tinh

Bai to4n tinh bang 13i kép:

Hang thang 1 nguoi gui vao ngan hang a (dong) voi 1ai xuat x%/ thang. Tinh xem dén
thang thir knguo'l do nhan duo’c bao nhiéu tién ca goc lan 1Gi?

GIAL Goi T la tong s6 tién nhan duogc & cudi thang th k.
—Cubi thang thir nhat so tién trong sb tiét kidm cta nguoi do 1a:
a( 1 + x%) (dong)
—Vi hang thang ngudi Ay tiép tuc giri vao ngén hang a dong nén sb tién gdc dau thang thir hai

la:
a(l+x%)+a = a1l +x%) + 1]
a.g1+ x%)+1ggl+x%)-1g
- (1+x% ) -1
a = 2 ¥
= 1+ x%) -1}
(1+x%)-1g+“) ;

14+x%) -
. X At
S0 tien cuoi thang thu hai la:

Y - 1§+ 3.31 +x%) - 1ﬁ.x%
X

y - 1‘é. (1+x%) = %'é% + X% - (1+x%)§
X 70

Tuong tu, sé tién gbc déu thang 3 la:

= X% g’l + X% (1+X%)§+ a=

- (1+x%) + x% §
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a 3 3 U

= 21+x%) -1y
R A

So tién cuoi thang cuoi thang thur 3 1a:

a g 3 U a g 4 U

L1exw) -1 9. (1+x% )= L1+x%) - (1+x%) §
X%‘g XO?,H( ’X()) X%g x% ) (XO)H
Tuong tu: so tien trong so tict kiém cuoi thang thir k la:

1§.(1+x%)

Chu y: Mot $6 bai todn khdc yéu cau tinh k hodc x% hodc a . . .
Deé tinh k, ta vi€t lai nhu sau:

a ¢ k
T= X%.§1+x%) -

r

a k U IS T.x%
T= x%'§1+X%) Sty (Tx o (T4 x%) = s

Cich giai khac: trong trudng hop k khong 16n, ta 4p dung day lip dé tinh nhu sau:
Phin tich:

—Cubi thang thir nhat s tién trong sb tiét kidm cta nguoi d6 1a:

A( 1 +x%) gan két qua nay vao A

-Cubi thang thir 2 ta cling ¢6: A( 1 + x%) lai gan tiép vao A

Ta thiy day chinh 1a day lap dé tinh tién von va 1di ¢ cudi thang; khi thyc hién trén may ta
thém bién dém M dé quan 1y thang tinh 13i nhu sau:
Nhép vao may day lap: M=M + 1 : A=A( 1 + x%)

Bam CALC may hoi M? va A? ta nhip: M = 0; A = s0 tién giri hang thang

Thuc hién ddy lap bang cach bam lién tiép ddu “=" dén khi thay trén man hinh m=k; ta thu
duogc tong sb tién von va 1ai trong s6 & thang thir k.

Bai todn vé Tién lwong: Mot ngudi hién c6 muc luong 1a A, bibt ring sau 3 nim tang
lwong mot lan, moi 1an tang x% luong. Tinh tong s0 luong ngudi d6 nhan dugc tr bay gid cho dén
sau nnam nira ?

Goi T la tong tién lyong ngudi d6 nhan duoc sau n nam:
*Trong 3 nam thur 1 —dot 1:
-S6 tién Iuong hang thang: A
-Tong lyong trong 3 nam (36 thang): 36A
*Trong 3 nam thir 2 — dot 2:
-Sé tién luong hang thang: A + A.x% = A(1 + x%)
-Tong lyong trong 3 nam: 36A(1 + x%)
Trong 6 nam qua, tong tién luong nhin dwoc la:
36A +36A(1 +x%)=36AT1+(1+x%)]
*Trong 3 nam thur 3 — dot 3:
-S tién luong hang thang: A(1 + x%) + A(1 + x%).x% = A(l + x%)’
-Tong lyong trong 3 nam: 36 A(1 + x%)>
Trong 9 nam qua, tong tién luong nhin dwoc la:
36A[ 1+ (1+x%)]+36 Al +x%)* =36A [ 1+ (1 +x%)+ (1 +x%)’]
Tuong ty, tinh tong tién lvong dén hét dot thir n 1a:
36A[ 1+ (1+x%)]+36 Al +x%)” =36A[ 1+ (1+x%)+(1+x%) +...+(1+x%)" ']
1-(1+x%)" _36A (1+x%)" -1

= 36A.
1-(1+x%) X%
+ o/\" _
Vay: 7364 4 TX%)" -1
x%
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

Vin dé 5: Cic bai todn vé phwong trinh, da thie:

‘ a/Dang 1: Tim dw cua phép chia da thire f(x) cho x —a?

* § dathitc q(x)sao cho: f(x)=(x—a).q(x)+r (rladu; rT ;)
Vi vayr = f(a)

* Cach khac: dung so d6 Hoocner
Chia f(x) cho (x —a) 2 tim dugcr

| b/Dang 2:  Tinh fla)?

Ngoi cach tinh thong thudng ta co thé ding Hoocner dé tim du ctia phép chia f(x) cho (x—a)
Khi do: f(a) =1

‘ ¢/Dang 3:  Tim phan du khi chia da thirc f(x) cho x* — a’

*Vi da thirc chia c6 bac 2 nén du ctia phép chia trén 13 da thiic bac nhat c6 dang:
Ax + B. Ta phai tim A va B
Ta c6: f(x) = (x* —a?) . q(x) + Ax + B
Vay: f(a)=A.a+B; f—a)=A(-a)+B
Tu d6 tim duoc A va B

d/Dang 4:  Cho da thirc f(x) c6 bac n; c6 n nghiém: Xy, X5, X3, . . . X
ki hidu P(x) = x* — a’. hiy tim tich P = P(x,).P(x,).P(x3) . . . P(xy).

Tacod: fx)=k.(x—x).xX-x).(xX=x3) ... (X~ Xp) (k 1o hé s6 cua x")
P(x)) = X12 —al= (x1 — a).(x; + a).
Vay: P=(x;—a).(x; +ta).(xp—a).(xx +a).(x3—a).(x3+ ) ... X,—a).(x, + a).

Ta thay: (x1—a).(xo—a).(x3—a) ... (X —a) = (- 1)ﬂk, f(a)
(x1 +a).(x, Ta).(xs+a) ... (x, +a)= (1)111(&
b p=C D" . f(a) S D" f(-a) _ f(a).f(-a) (tinh o).
k k k

¢/Dang 5:  Cho dathuc P(x)=x" +ax’ +bx’ + cx’ +dx + ¢
vaP(1)=3,P2)=9,P3)=19,P4)=33,P(5)=51
Tinh: P(6), P(7), P(8),... ?

Pat:  Q(x)=2x"+1
(P(1), P(2), ... P(5) ¢6 dang: O(x) = 2x° + I (v6i x=1:5))
Ta thiy: x=1,2,3,4,51a5 nghiém cia da thirc P(x) — Q(X)
(P(x)-Q(x) =0khix=1,2,3,4,5)
bat  R(x)=Px)-Q(x)=(x-1)x-2)(x-3)(x-4)(x-5)
(vi R(x) c6 béc 5 va hé s6 cua x’ la 1)
b P(x)=R(Xx)+ Qx)=(x-D(x-2)x-3)x-4)(x-5) +2x* +1
Tir &6 tinh duge P(6), P(7), P(8), . ..
Chii y:
—Tir gia thiét P(1) = 3, P(2) =9, P(3) = 19, P(4) = 33, P(5) =51, dé tim P(x), ta c6 thé giai hé
5 phuong trinh bac nhat 5 4n: a, b, ¢, d, e.
—V&i cach dau, ta phai tim duoc da thirc Q(x). Cach tim ¢ phan bai tap.
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

Ap dung cong thirc ndi suy Newton:

-C6 thé mé ta cong thire ndi suy Newton nhw sau:
Néu ¢6 2 b s6: (X1, X2, X3, «oo Xpe) VA V1, V2o Y30 oo Y1) on tai duy nhat mét da thirc
f(x) c6 bdc n thoa man: f(x;) =y, [(x3) = v f(x3) =¥3, ... [(Xns1) = Yur1; Pa thiec f(x)
trén co dang:

) =arta)x - xq) Haz(X - X)(X - X)) t ..+ A (X - X)(X - Xp).. (X — Xn)
Dé tim cdc sO ay, ay, as, ... .4, ta lan luot tinh f(x;), f(x3), 1(x3), ... f(Xu:1)

Ap dung vao dang 5:
C6 duy nhét 1 da thirc Q(x) bac 4 théa: Q(1) =3, Q(2) =9, Q(3) =19, Q(4) =33, Q(5) =51
Q) =ata(x —Dtazx-1DE-2)tax-1)E-2)(x-3)tasx-1)x-2)x-3)x—-4)
x=1=Q(l)= a =3
x=2=>0QQ2)=atax-1)=3+a,2-1)=9 >a=0
x=3 =>0Q@3)=ata(x— Dtas(x — 1)(x-2)=3 +6(3-1)+az(3-1)(3-2) =19 =az;=2
x=4 =>0Q4) =atay(x— ta(x— 1)(x-2) +tas(x—1)x-2) (x-3)
=3 +6(4-1)+2(4-1)(4-2)+as(4-1)(4-2)(4-3) = 33 =as=0
x=5 =Q(5) =3 +6(5-1)+2(5-1)(5-2)+0(5-1)(5-2)(5-3)+as(5-1)(5-2)(5-3)(5-4) =51 = as=0
Vay: Qx)=3+6(x—-1)+2(x—-1)(x-2)
Twr d6 suy ra: H(x) = P(x) — Q(x) nhén cac gia tri 1, 2, 3, 4, 5 1am nghiém.
Trong d6 H(x) 1a da thirc bac 5 c6 hé s cao nhét 13 1 (vi P(x) bdc 5, ¢6 hé s6 cao nhat i 1)
=>HX)=x-1Dx-2)x-3)E-4)(x-5)
Ma H(x) = P(x) - Q(x) = P(x) = H(x) + Q(x)
S>PX)=x-1DE-2)x-3)x-4HEx-5)+3+6(x-1)+2(x-1)(x-2)
Dé cho ngiin gon va dé nhé, sau nay ta chi cin trinh bay nhu sau:
Ap dung cong thirc ndi suy Newton ta co:
PX)=xx-1DE-2)x-3)x-4Hx-5) tai(x—1)x-2)x-3)(x —4)+ ar(x — 1)(x — 2)(x — 3)+a3(x
—1)(x - 2) tay(x — 1)+ as
Roi tir: P(1) =3, P(2) =9, P(3) = 19, P(4) =33, P(5) = 51 ta tim duoc aj, a,, a3, a4, as
Va suy ra P(x)

Vin dé 6: Tim s6 dw trong phép chia a cho b:
Cach 1: Bim EIEIBIEIEIE]. . . (dén khi ta thu dieoe r < B thi dirng lai)

Cich2: Co: |A =Bg +r :>r=A—B.q=§.B—B.q

Bim: [A][J[BIEIOBIA[ECOEBIE

Cich 3: Co: |4 =Bg +r :>—A=q+1 :rz(é—qj.B
B B B

Bam: [A][][BIE E@EOEIE
Cach 4: Gia sit % =C % (O day C la thiwong va D chinh 1a die trong phép chia A cho B)
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

Ta co: é=C2:>r=D= é—C B
B B B

Trén may tinh ta bAm a % trén man hinh xuat hién C{DiB trong d6 C 1a
hén s6. Nhu vay dé tim du trong phép chia A cho B ta thyc hién:

ay/ |BlEElE0BEE

Lgi binh: Cach 1 d& thyc hién, ngan gon tuy nhién chi 4p dung khi phan nguyén cia
thuong 1a sé twong ddi nho. Trong 4 cach trén thi cach 4 1a tot nhét, két qua thu duoc s& chinh xéac
tuyét doi.

Cach 5: Trén may 570VN-PLUS: bam: [A] H

Khi d6 man hinh hién biéu thirc ¢6 dang: q, R = r trong do q la thuong va r 1a du

*Tim duw ctia phép chia a cho b trong trwdng hop a Ia 1 s6 rét 16m:
(liiy thira v6i s6 mi 16m):
Ap dung dong duw dé thyc hién:
1.M{t s6 tinh chit dong dw thwong dp dung nhw sau:
a=b(modm)=a" =b" (modm)
atc=Dbz=xd(modm)
=<¢a.c = b.d (modm)

a" =m* (modm)

a =Db (modm)
¢c = d(modm)

a+c=b(modm) = a= b-c (modm)
a.c=bc (modm), (cm) =1 = a=Db (modm)
a.c = b.c (mod m.c) = a=b (modm), (c#0)
a = b (mod m) = a.c = b.c (modm.c)

a = b (mod m) = ac=bc (modm); (cm) =1

k

R

A s y o X _ 29 a,y ay
-S0 cac wéc cia m: Neu M =p, .p,".p;" ... p

Thi 6 cac wée (ty nhién) cia m 1a (¢, + (@, +1)...(a, +1)

P M N on N e — % % %3 Ak v LA p P ‘A ,
-Tong cac woc tw nhién ciia m: Neu M = p, .p,".p;" ... P, thi tOng cac wdc ty nhién cia m

s kopatl _q atl _1 et |
dugc tinh bang cong thic: |o(m) = H bi _P P, 2
- -1 p-1 p-1  p-1

VD: Tinh tong cac uéc ciia 1987526177
C6: 1987526177 =7.13.43.47.101.107

77 -1 13" -1 43* -1 47° -1 10’ -1 107° -1

. . . . =8.14.44.48.102.108 = 2605768 704
7-1 13-1 43-1 47-1 101-1 107-1

Tong cac udce:

Pinh li Fecma: |acll,peP,(a,p)=1=d"" =l (mod p)
-Gia sir n phan tich thanh tich céc thira sb nguyén t6 nhu sau:
n=pt.py..pkt

£ 1
Khi d6 ta c6: |p(n) = ”H 1-—)
i-1 p;

Pinh Iy Ole: |a€l,nel] " (an)=1 =a"" =1(modn)

Ap dung: tim s du cia phép chia 2*” cho 35
Ta co: 35=7"5'
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

1 1
35)=35[1-= || 1-= |=24
G ( 7]( 5]
Laico (2,35)=1

Theo dinh 1y Ole Ta suy ra: 2°°” =1(mod35) < 2* =1(mod 35)
Ta c6: 2009 = 83.24+17

2** =1(mod 35) =2°** =1(mod 35)

2748 217 =2 (mod 35) = 2" =2"(mod35)

Ta lai c6: 2° =-3(mod35) = (2°) =(-3)’ =27 (mod35)
= 2727 =-272"=-108=-3 =32 (mod395)
= 2" =32(mod35)

Vay du trong phép chia trén la 32

2.Vii tinh chét can thiét khdc:
ab

(a:0)

Van dé 7: Tim chu ky ciia sé thip phan vé han tuin hoan dwgc biéu dién béi 1 phin sé:

-UCLN, BCNN: |[a,b] = (a,bel)|,Néu (a,b)=1 = [a,b]=ab

| VD: Tim chu ky ciia s thap phan v han tudn hoan c6 dugc tir phép chia 10 cho 23 ?

* Lay 10 : 23 = (0,434782608) = man hinh chi hién thi 10 chir so
Vay 10 s6 du dau tién 1a: 0,434782608
* LAy 0,434782608 23 =9,999999984
107 [=10,000000016
Vay 10 = 0,434782608 = 23 + 0,000000016
b 10 :23=0,434782608 + 0,000000016 : 23 = 0,434782608 + 0,000000001 = (16 : 23)
* LAy 16 : 23 = (0,695652173) > Man hinh hién thi chua hét két qua cua phép chia.
b Chin sb du tiép theo 1a: 695652173
*Lay 0,695652173 © 23 = 15,99999998
16 [ [=10,000000021
Viy 16 =0,695652173 © 23 +0,000000021. Tuong tu cach lam trén ta dugc:
21:23=(0,913043478) b Chin sé du tiép theo 1a: 913043478
Vay: 10:23  =0,434782608695652173913043478 . . .
=0,(4347826086956521739130)
b Chu ky cta s6 thap phan vo han tudn hoan trén 13: (4347826086956521739130)

Vin dé 8:Biéu dién phén sé thanh lién phén so:
Gia sir x = % @bl ¢)

Ta thyc hién phép chia Oclit trén cac s6 a, b nhu sau:
a=Db Jo +1;
b=rn qtn
NnN=nqtn
I 2=Th 1(Qn-1TTIy
Ih-1=Ih{n
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

a 1 1 1
— = + = + = = + >
= q + — q +
r 1 r 1 1
1 A q2 +
" Gt
i
qn
(Trong dé qOT ¢ J q,]’ qz’ q3’ . qn T ¢+’ qn > 1 )
Biéu thirc trén goi la mot lién phan s6 hiru han cép n. Ky hiéu: d = 810, q,9, -9 E, n goi
1a cAp, qo, q1, 92, 3, - - - G 201 12 cAc s6 hang ciia 1ién phan sb.

Tinh lién phin sé:
B¢ tinh 1ién phan so chung ta c6 2 cach va tinh tir dudi tinh 1€n:

-Céch 1: Bam q,. +i =x! +Qno2 = X'+ Q3 = ... = X'+ qo=
-Cach 2: BAm: ¢q,_, + L (n2 t 1/Ans =qu3 + 1/Ans=... =qo + 1/Ans =

n

Vin dé 9: Tim UCLN ciia 3 sé A, B, C

Go1 2 a phan sd toi gian ctia phén so6 B khi d6 gia su m la thuong cua phép chia A

cho a vay thi (A, B)=m
Tiép tuc tim phan s6 toi gian cua phan sb %, gia su la £, goi n 1a thuong cua phép
q
chiam cho p khido (m,C)=n
Vay thi: (A, B, C) = (A, B), ©) = (m, C) =n

2 - I S SR o A A s .
D¢ tim phan s0 to1 gian 3 cua phén so B ta nhap vao may nhu sau:
Bam: A B B

Vin dé 10: Mt sé bai todn gidi bang phép ldp:
VD1: Tinh gié tri cia cac biéu thirc sau:
20
A=1+)0,2012"
X=1
Lap cong thuc truy hoi
Nhap M=M+1:A=A+(0,2012)™ ‘
Bam: CALC nhap 0=1= (Nhdp cdc gia tri ban dau cho Mva A; Vi hic nay trén man hinh
hoi: M? va A?) )
Nhan dén khi M + 1 =20, ta duoc két qua: A=

VD2: Tinh 123 + 123123+ 123123123 + ... + 123...123 (20 nhém 123)
Ta xay dung day lap nhu sau: M=M+1:A=A.1000+123:B=B+ A

VD 2: Tim tong cac ude 1¢ cua sb 804257792
Ghi vao man hinh: An 0 SHIFT STO A,
A =A+1:804257792 + 2" A an bang d¢n khi A =20 may hién thuong 1a 767 thi dung (cach nay cho
ta d€m va ki€ém tra duoc so A).
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
Suy ra s6 804257792 phan tich dugc 2°20x767.
Do vay 767 1a mot udce 1€ cua 804257792.
Tiép tuc tim udc 1¢ ciia 767 bang cach dung PP lap.
Ghi vio man hinh: An 0 SHIFT STO A
A=A+1:767+ (2A+1) 4n = lan luot , ta tim thém duoc 2 udc 16 14 59 ; 13
(V159 x 13 =767 nén khong con udc 1€ nao khac 16n hon 1 )
Suy ra s6 804257792 c¢6 4 udc sd 16 1a : 767;59; 13; 1
Téng cac ude 16 14 : 767 + 59 + 13 +1 = 840.

Vin dé 11: Déy sé

[.Cap so:
Tong n s0 hang dau tién ciia cap so cng:

— (ul + un)n

Ss=u tutus+...tu, 5

Trong d6: u, =u; +d (d goi la cong sai)
CM:
2S, =@ twmtuyt...tu)+(ututust...t+u)
=t u) T (W tu) .t (Uetu) + (Ut ug) (n ngoac)

Xét mdi s6 hgng (mo’i ngodc) trong tong trén ta thay ching ludn bang (u;+ u,)
Cuy thé 1 s6 hang: (w, +u, ) =@ +d)+@u,—-d)=u; +u,
Nhu vay: 2S, =n(u;+ uy)

+
Hay: §, = G tu,)n
2
Tong n so hang dau tién cda cap so0 nhian:

1_ n

Sa=utuytust ... +u,= wi-g)
1-¢

Trong d6: u, =uy1.q (O goi la cong boi)

Va ta ludn co: u, =u.q™"
CM:
qQ.Sp=qutqutqust...+tqu=utus+... tu, +uy
Do d6: Sn - an =U; — Uy = U — lll.qn = lll(l - qn)
u(l-q")

T d6 suyra: S, =
1-¢

n(n+1)

)Téng: S;=1+2+3+...+n= >

Day la cap s6 cong cong sai d = 1

_ (n—1)n.(n+1)

2)Tong: S, =12+23+34+ ... +(n-1)n 3

That vay, ta co:
38,=3[12+23+34+ ..+ (n-1)n]

38, =[12.3-0) + 23.(4-1) + 34.(5-2) + ... + (n - Dn{(n+D)-(n-2)}]
35, =(1.23+23.4-12.3+3.45-234+...+ (n=1)n(n+1) - (n—2)(n-1).n)
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

38, =(n-Dan(n+1)
S, = (n— 1).731.(71 +1)
_ (n=2)(n-1Dn.(n+1)

3)Téng: S;=12.3+234+345+...+(m—-2)n-1)n Z

(Twong tw cdch khai thac trén ta tinh 48 roi khai trién, rit gon ra cong thicc nay)

1 1

4)Tong: S4=L+L L et =1-=
23 3.4 45 (n—=1).n n
That vay:
[1 1][1 1][1 1) (1 1) 1
S,=| === |+ == |+ == |+ ——|=1--
2 3 3 4 4 5 n-1 n n
S)Téng: S. = ! + ! + ! +,,,+;:l_;
123 234 345 (n-2).(n-)n 4 2.(n-ln
That vay:
1(1 1) 1(1 1) 1 1 1
Se=—| ——— |[+=| ——— |+..+= -
To2\1.2 23) 2123 34 2\ (n=2)(n—-1) (n—2)n
L SRS S P S S
> 27112 n-2m| 4 2(m-2)n
6)Téng: S, =12 +2 132 4.+ n* = ”'(””)6'(2””)

That vay:
Se=P+2°+3 +. 40" =1.2-D+2.3-D+3.(4-D+...+n[(n+1)-1]

Sy =[12+423+34+ +n(n+1)]-(1+2+3+...+n)

Theo S, ta co:
S,=12+23+34+. .. +n (n+1) =W
Viy S, =S,-S = n.(n+13)(n+2) B n(n2+ 1) _ n.(n+1)6.(2n+1)

2
7)Tong: S, =P +2 +F +_.+n° :[@}

That vay:
S, =P +2+3 4+ +n' =1P.2-)+2°.3-)+3*4-D+...+n’[(n+])—1]

=(1’2+2°3+34+. . +n.(n+ 1) - (1P +2°+3 +...+n")

=[(0+D.12+(1+1D)23+Q2+D34+..+{(n-D+1}n(n+1) |- (P + 22 +3 +..+n%)
=[01.24123+234+. +(n-Dn(n+D)]+[1.2+23+434+ . +n(n+D)]-1*+ 22 +3° +.+n")

n(n+1)(n+2)

Tadaco: S =12+23+34+...+n.(n+1)= 3
(n=1Dn(m+1).(n+2)

S;=123+234+345+...+(n—-1)n.(nt1)=
§ 12122434 +}12:71.(714—1).(2n+1)
p
6

n(n+1) ’
Véy S7 =S3+Sz _S6 =|:Tj|
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

Zoa=lytptp 11
2 4 8 16 32 o064

.1 1
Ta thay: —=1- —
Y 2 2
r_r.1
4 2 4
r_1r.1
8 4 8
viyA=[1- Ma(to (Lo oL
2 2 4 4 32 64
A:l—l+l_l+l_l+ i_i
2 2 4 4 8 32 64
A=1- !
64
_ 64 163
64 64 64

Vin dé 12: Phwong trinh sai phin:

1.Phwong trinh sai phdn tuyén tinh thudn nhdt bdc 2:

Dinh nghia: Phuong trinh sai phan tuyén tinh thuan nhét bac hai véi hé s6 1a hang s6 co
+cx, =0 (*); v6i n=0;1;2;...| trong d6 a= 0; b, ¢ 14 hang sd.

dang:|ax ., + bx

n+2 n+l

Nghiém tong qudt:

£ X . , b ,
Néu ¢ = 0 thi phwong trinh (*) c6 dang: ax_,, +bx,,, =0x,,, =——x,,, =Ax,,, €0
a

nghiém téng quat x_,, = A"x,.

Néu phuong trinh (*) c¢6 phuong trinh d‘ac trung 1a aA® +bA +¢ =0 c6 hai nghiém
Ay» A, thiviée tim nghiém dua vao cac ménh dé sau:
Ménh dé 1: Gia st hai nghidm cta phuong trinh dac trung 14 phéan biét (A, #X,) khi ay
phuong trinh (*) c6 nghiém tong quat la: x, =C,A} +C,A; trong do C,, C, 1a nhitng sO bat ky
goi la he"mg $0 tu do va duoc xac dinh theo diéu kién ban dau X0, X].
Vidu 1: Tim nghiém ctua phwong trinh sai phéan: u, =7;u; =—6;u_, =3u,,, +28u,.
Phuong trinh déc trung A*-31—28=0 c¢0 hai nghiém A, =—4;%, =7. Vay nghiém tong quat
codang: u =C,(-4)"+C,7".

Véin=0taco: C,+C, =7(=x,)

Véin=1taco: -4.C,+7C, =-6(=x,)

C +C,=7 C, =5
Giéihé{ b =>{ !

4.C,+7C,=-6  |C,=2
Vay nghiém tong quat phuong trinh c¢6 dang: u =5.(-4)"+2.7"
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

Ménh dé 2: Néu phuong trinh dac trung c6 nghiém kép &, =2, = b thi nghiém tong quét
a

ciia phuong trinh (*) ¢6 dang: x, = C,A} +C,nA} =(C, +C,n)A} trong d6 Cy, C; la hang s tu
do va dugc x4c dinh theo didu ki¢n ban dau x,, x,.

Vi du 2: Tim nghiém phwong trinh sai phan: u, =-Lu, =2;u,_, =10u_, —25u,_.
Phuong trinh dac trung A*-101L+25=0 c0 hai nghlem A, =A, =5. Vay nghiém tong quat co
dang: u, =(C, +C,n)5".

Véin=0taco: C,=-1

Véin=1taco: (C,+C,).5=2=>C, = U

Vay nghiém tong quat phuong trinh c¢6 dang: u_=(-1 +%n)5“

Ménh dé 3: Néu phuong trinh dac trung khong c6 nghiém thyc thi nghiém tong quat cia
phuong trinh (*) c6 dang: x, =1"(C, cosng+C, sinng) trong d6 r=vA*+B’;¢= arctg%;

—:B=Y"":C,, C, lahang sb tu do xac dinh theo didu kién ban dau xo, x;.

2a a
Vi du 3: Tim nghiém ctia phuong trinh sai phéan: u, =1;u, =% u.,=u, —u

. . +
Phuong trinh déc trung A* -1 +1=0 c6 hai nghiém phuc A, = I3

I

Tacdé: A=—;B= r=1Le=

[\)
w33

Vay nghiém tong quat c6 dang: u, =C, cos = 3 Tic, sm%
Vo6i u, =1;u, =l thi C; =1 va C, cosE+C, sinﬁzl = (C,=0.
2 37 3 2

Vay nghiém tong quat c6 dang: u, = cos% .
Bai tap
Tim nghiém u, cia cac phuong trinh sau:
a. u, =8u =3u ,=12u -u ,
b. u,=2;u, =-8u_,+8u  —9u =0
¢c.u,=Lu =16;u_,-8u +16u =0

Py

Vidu4: Choddy u,=u,=Lu, = M;Vn23 . Tim dang tuyén tinh cta diy da cho?
U,
Goi s6 hang tong quat ctia ddy c6 dang: u, =au_, +bu_, +c (¥)

Chon=1;2; 3 taduwoc u, =3;u, =1Lu, =41
at+tb+c=3 a=4

Thay vao (*) ta dugc hé: <3a+b+c=11 => {b=-1
1la+3b+c=41 c=0

Vay u - 4un 1 n 2
Chi y: Ta c6 thé dung phuong phap qui nap dé chimg minh cong thic trén.
ViduS: Cho day u, =%;u1 =%;un = %;Vnzz. Tim cong thirc tong quat cua day.
u —zUu

n-2 n-1
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
Ta thfiy u_ #0(v6i moin) vi néuu, =0 thiu,, =0 hodcu,,=0do ddu, =0 hoicu, =
0. Vo 1i.

Dat v, = € khi 4y v_=3v,_, —2v_, c6 phuong trinh dic trung A’ =31 +2=0 ¢
u

n

nghiém A, =LA, =2.

Cong thirc nghiém téng quat: v, =C +C,2". Vé6in=0; 1taco: C, =1,C, =%.
1
Vay v =1+2""hay u =——
y n y n l+2n—1

Vidu 6: Cho diy u, =2;u, =6++/33;u_, —3u_=+/8u>+1;¥n>2. Tim céng thirc tong quét cia
day.
Binh phwong hai vé phurong trinh da cho ta c6: v, —6u,, .u +u> =1,

Thayn+ 1 boin ta duge: ul —6u u_ +u._, =1.

Trir timg vé clia hai phuong trinh trén ta duoc: (u,,, —u,,)(u,,, —6u, +u, ) =0

Do u,,, —3u, =+/8u’+1 nén u_, >3u >%  >u
Suyra u,, —6u, +u, _, =0 c6 phuong trinh dac trung 2> —6L+1=0 c6 nghiém
A, =38

Cong thirc nghiém téng quét u, =C, (3 +\/§)n +C, (3 —\/g)n

8 +-/66
8

n+l

Tt cac gia tri ban dau suyra: C , =

(34 66)(3.45) +(3- 6] 35)

Vay $b hang téng quat: u_ = .

Bai tap
Bai 1: Tim nghiém tong quat ctia phuong trinh sau: u, = 0;u,_, = 5u, ++/24u’ +1

Bai 2: Xéc dinh s6 hang téng quat cua day so: u=Lu = o

! 2+4/3+u]

(3+\/§)n —(3—\/§)n
202

Mt s6 dang toan thwong gip:

Bai 1: (Thi khu vire 2005) Cho day sé u_ = . Lap cong thirc truy hoi dé

tinh u_., theo u ., u, .
Cich 1:
Giasr u,, =au ,+bu +c (*).
Véin=0,1, 2, 3 ta tinh duoc u, =0;u, =L;u, =6;u, =29%;u, =132.

a+tc=06 a=6
Thay vao (*) ta dugc hé phuong trinh : {6a+b+c=29 => b=-7
29a+6b+c=132 c=0
=6u
Chu y: V&i bai trén ta c6 thé gia sit u_, =au__ + bu_thi bai toan s& giai nhanh hon.
Cach 2:
Dat &, =3++/2; &, =3—+/2 khidy A, +1, =6va A, A, =7 chimg td A,,A, la nghiém cia
phuong trinh dac trung A’ -61+7=0<A>=61—7 doddtacd: A; =6L, -7 va A; =6A, -7

Tu

n+l n

Vay u

n+2
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
Suy ra: A" =6A;" - 7A]
AL = oA — A
Vay A7 =A37 =(6A] = TAD) = (6A5™ = TA5) = 6(A™ A3 ) =7 (A =A%)

hay (32 () <o (32) (3] | (32 (-2 ]

(3+x/§)n+2 (S—ﬁ)m (3+x/§)n+] (S—x/i)n+1 (3+x/§)n (S—x/i)n
_ =6 _ -7 _
22 22 22 22 22 22

tecla u ,=6u , —7u, .
Bai 2: (Thi khu vic 2002) Cho day sbu, =2;u, =10va u_, =10u_—u__, (*). Tim cong thirc
téng quat u, ctua day?
Phuong trinh dic trung cua phuong trinh (*) la: A =10 +1=0 c6 hai nghiém
A, =5+26
Vay u, =CA +C0 =C, (5+2v6) +C, (5-246)
C1 + C2 =2 1
Véin=0; 1 ta co hé phuong trinh sau: (5+2\/€)C +(5+2\/€)C ~ 1O=> {C »
1 2 2

Vay s6 hang tong quat u = (5 + 2\/g)n + (5 —2\/g)n .
Bai 3: Cho day sOu, =2;u, =10va u
Cich 1: Lap quy trinh bam phim
Cich 2: Tim cong thirc tong quét u = (5+2\/8)n +(5—2\/8)n .
Thay n =100 d¢ tinh . )
Nhdn xét: Nhuw vdy cach 2 sé nhanh va chinh xac hon nhiéu so voi cach 1 nhung sé mat thoi

gian dé tim ra céng thirc tong quat. Do do néu so hang can tinh la nhé thi ta dimg cdch 1, con
[on ta sé dung cach 2.

i

=10u_—u_ . Tinh s6 hang thir u;?

n+l

Vin dé 13: Xur Iy cdc bai toan tran man hinh:

Tinh chinh xac céc phép tinh sau (St dung may tinh FX-570VN-PLUS)
VD1: 9876543

ps: 963418267239450275007

Bam vao may phép toan trén ta c6 két qua: 9.634182672 x 10*

Bam phim: ENG lién tuc dén khi duoc két qua: 1918378424 x 10°

Ghi ra gidy: 191837842 roi bam tiép: —191837842 x 10" ta ¢6 két qua:
1918378423523470000

Vin dé 14: Gidgi hé phwong trinh dong dw

MOT SO PIEU CAN BIET:

86 céc chir s6 clia mot Iy thira: a” 14 [ log(a™) |+ 1= m.[log(a)] +1
trong do [log (a“‘ )] 1a phan nguyén ciia [log(a“‘ )]

-S6 chir s6 ctia 1 s6 Aty y 1a [log(4)]+1
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

VDI1: Tim sé chit s ctia 19”

S6 chit s 1a [1og(199" )J +1=495415345 + 1 = 495415346 chit s6

. 10
BT 10. Tim ndm chir s6 dau tién cia A=27
_ Lai gidi va dap sb
Quy trinh bam phim nhu sau:
Ghi vao man hinh; 2'" xlog(z)
Bim (=] , ta dugc 308,2547156
Ghi vao man hinh: Ans — 308. Bdm &)
Thuc hién phép tinh : 10*™ | ta duoc: 1,797693135
o 10
Véay nam chit s6 ddu tiéncia A =22 1217976
Xem thém VD19 trang 232 tai liéu boi dudng Casio Tran Dinh Cu cho THPT

BAI TAP AP DUNG
1.Day so: ’
Bai I Tinh 10 sb hang dau cia day s (u,) cho boi:

L1445 (1=+5)]
un:ﬁ[( 5 j—( 5 j] ;o n=123..

Bai 2: Tim 20 s6 hang dau cua day sb (u,) cho boi:

u, =1

{,. =Z:i?,neN*
Bai 3: Cho day s6 duoc xac dinh boi:

u, =3

u,,, z(un)% ,ne N*

Tim s0 ty nhién n nhé nhat dé u, 1a s6 nguyén.

Bii 4: Cho day s6 duoc xac dinh boi:

n+l

u=1u,=2
u.,=3u_*T4u +5; ne N*
Hay lap quy trinh tinh u,,.

Bai 5: Cho day sé duoc xac dinh boi:
u, =0

= i(unﬂ) ; n € N*
n+1 ’

un+l

Hay lap quy trinh tinh u,,.
Bai 6: Tinh s6 hang thir 10 coadayu, =u, = 1;us=2;|u,, = u, + u,_ + u,_,

1
Bai 7: Chodayu, =8, u,=13,|u,,, = 3u,+ 2u,_, +— (n22)
n

a.Lap qui trinh bam phim lién tyc dé tinh u,,,?
b.Tinh u,;? DS:u;=28717,92619
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

Bai 8: (Thi khu vuc, 2001, 16p 9) Cho day u, = 144;u, =233; w,, = u, + u,_,
a.Lap mot qui trinh bAm phim d¢ tinh uy, ;.
b.Tinh chinh x4c dén 5 chit s6 sau dau phay céc ti s6 == i,ﬁ,u—
u, u, u; U
Bai 9: (Thi khu vuc, 2003, 16p 9) Cho day u; = 2;u; =20; up = 2u, + Uy .

a.Tinh us;uy; us; ug; uy.
b.Viét qui trinh bam phim d¢ tinh u,.
c.Tinh gid tri cia uyy; Uy3; Uny; Uss.

(2+x/§)n—(2—\/§)n

Bai 10: (Thi khu vyc, 2003, 16p 9 du bi) Cho day sé u_ = 5

a.Tinh 8 s6 hang dau tién cia diy.

b.Lap cong thirc truy hoi dé tinh uy, theo uy va u,.

c.Lap mot qui trinh tinh u,,.

d.Tim céc s6 n dé u, chia hét cho 3.
Bai 11: (Thi khu vuc, 2003, 16p 9 du bi) Cho up =2; u; =10; upe; = 10u, — vy .

a.Lap moét quy trinh tinh u,,,

b.Tinh uy; us; us; us, ug

c¢.Tim cong thirc tong quét cia u,.
Bai 12: (Thi vo dich toan Léningrat, 1967) Cho dayu; =u, =1; u_, =u’ +u>_,. Tim s6 du cua
u,, chia cho 7.
Bai 13: (Tap chi toén hoc & tudi tré, thang 1.1999) Cho u; = 1; u; = 3, Uy = 2Uge — Upsyg.
Chung minh: A=4u,u,, + 112 $6 chinh phuong.
Bai 14: (Olympic toan Singapore, 2001) Cho a; = 2000, a, = 2001 va a,, = 2a,,; — a, + 3 voi
n=1,23... Tim gia tri a;oy?
Bai 15: (Tap chi toan hoc & tudi tré, thang 7. 2001) Cho day $6 u, duoc xac dinh boi: u; = 5;
u=11 Va Upi1 = 22U, — 3un | vO1 moi n= 2, 3,.... Chiing minh rfmg:
a. Day $0 trén ¢o vo 6 sd duong va $b am.
b. U002 chia het cho 11.
Bai 16: (Thi gidi toan, 1995)Day u, dugc xac dinh boi:

+9u_,n=2k

Y +1 7t .
w=1,u=2vau,,= “ véimoin=20,1,2,3,....
’ " 9u_,, +5u ,n=2k+1 T

Chung minh rang:
2000
a. Y u; chia hét cho 20
k=1995 .
b. Uz khong phai 1a s6 chinh phuong véi moi n.
Bai 17: (S6 GD Lam Dong, 2005) Chou;=uy=7; Uupyy = u’ +u,,> Tinh u=?
Bai 18: (Trudng THCS Dong Nai — Cét Tién 2005)

2
Chodayu;=u,=11;u3=15; uy - o, ~ Mo voéin>3
3+u,, 2+u,

a.Lap quy trinh bam phim dé tim sb hang tht u, cua day?
b.Tim s6 hang u8 cua day?
Bai 19: Cho ddyu; = 5;u; =9; uy+; = Su, +4u, (n>2).
a.Lap quy trinh bam phim dé tim sb hang thtr u, cua day?
b.Tim s hang u, cua day?
Bai 20:

a.Cho u =1,1234;u_,,=1,0123u, (meN;n>1). Tinh u_?

n+l
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai
_3ul+13

o+l 2

b. Cho u,=5;u

(neN;n>1). Tinh u?

c. Chouy=3 ;u=4;u,=3u,;+ Su,, (n>2). Tinh u;, ?

4x,°+5
X +1

n

Bai 21: (Thi khu vire 2002, 16p 9)Cho diy sé xéc dinh boi cong thircx ,, = ,nlasd

tr nhién, n>=1. Biét x 1=0,25. Vit qui trinh 4n phim tinh x,? Tinh x;¢,?

2.Cac bai toan veé da thuc
a.Tinh gi4 tri cia biéu thirc:
Bai 1: Cho da thac P(x) = X" 2xP 4 4 = T+ 2 - S5kt + x —

Tinh P(1,25); P(4,327); P(-5,1289); P(l%)

H.Din:
-Nhép cong thirc P(x)
-Tinh gi tri cua da thirc tai cac diém: dung chirc nang
Bai 2: Tinh gi4 tri ciia cac biéu thirc sau:
Px)=1+x+x*+x +.+x +x° taix=0,53241
Qx)=x*+x +.+x"+x" +x"° tai x = -2,1345
H.Din:
-Ap dung hang dang thirc: a" - b" = (a - b)(@"" + a™’b +...+ ab™ + b™"). Ta co:

2 9 10
P(X)=1+X+X2+X3 b= (x-DI+x+x"+...+x ):x 1

x-1 x—1
Twr d6 tinh P(0,53241) =
Tuong tu:
9
Qx)=x*+x +.+x"+ X’ +x' = +x+ X +x +.+x") = sz_—ll
X—
Twr d6 tinh Q(-2,1345) =
Bai 3: Cho da thire P(x) = x” + ax* + bx’ + cx® + dx + ¢. Biét P(1) = 1; P(2) = 4; P(3) = 9;
P(4)=16; P(5)=25. Tinh P(6); P(7); P(8); P(9) =?
H.Ddn:
Buoc I: Bat Q(x) = P(x) + H(x) sao cho:
+ Bac H(x) nho hon bac cua P(x)
+ Bac cua H(x) nho hon s6 gié tri duogc biét cua P(x), trong bai bac H(x) nho hon 5,
nghia la:
O(x) = P(x) + ax*+ bx’+ X’ + dx + ¢
Buéc 2: Tim ay, by, ¢1, di, e 46 Q(1) = Q(2) = Q(3) = Q(4) = Q(5) = 0, turc la:
a+b+c+d +e+1=0
16a, +8b +4c, +2d,+e,+4=0
8101 +27b1 -1-9(?1 +3d1 +e +9=0 = a; :b1 = d1 =¢ = 0; C = -1
2564, +64b, +16¢, +4d, +¢, +16=0
625a, +125b,+25¢,+5d, + ¢, +25=0
Viy ta c6: Q(x) =P(x) - X* ‘ ,
Vix=1,x=2,x=3,x=4, x=51anghiém cua Q(x), ma bac cua Q(x) bang 5 c6 hé s
cia x’ bang 1 nén:  Q(x) = P(x) - x> = (x -1)(x - 2)(x - 3)(x - 4)(x - 5)
= P(x) = (x -1)(x - 2)(x - 3)(x - 4)(x - 5) + X’
Twr d6 tinh dugce: P(6) = ; P(7) = ; P(8) = ; PO9) =
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

Bai 4: Cho da thie P(x) = x* + ax’ + bx* + cx + d. Biét P(1) = 5; P2)=7; P(3)=9; P(4)=
11. Tinh P(5); P(6); P(7); P(8); P(9) =?

H.Din:
- Giai tuong tu bai 3, ta co: P(x) = (x -1)(x - 2)(x - 3)(x - 4) + 2x + 3).

Bai 5: Cho da thire P(x) = x* + ax’ + bx* + cx + d. Biét P(1) = 1; P2) =3; P(3)=6; P(4)=
10.
P(5)=2P(6) _
P(7)

Tinh: 4= ?

H.Dén:
- Giai twong ty bai 4, ta co: P(x) = (x -1)(x - 2)(x - 3)(x -4) + @ . Tu do

tinh duoc:

Bai 6: Cho da thirc f(x) bac 3 v6i hé s ciax’ lak, k e Z thoa man: f{1999) = 2000; (2000)
=2001. Chirng minh rang: f(2001) - f(1998) 1a hop s6.

H.Din:
* Tim da thic phy: dat g(x) = f(x) + (ax + b). Tim a, b dé g(1999) = g(2000) =0
{1999a+b+2000 =0 {a =1 o) =f®)-x-1
2000a+5+2001=0 b=-1
* Tinh gi tri cua f(x):
- Do béc cua f(x) 12 3 nén bac cua g(x) 1a 3 va g(x) chia hét cho:
(x - 1999), (x - 2000) nén: g(x) = k(x - 1999)(x - 2000)(x - Xo)
= f(x) = k(x - 1999)(x - 2000)(x - x¢) + x + 1.
Tir d6 tinh dwgc: £2001) - {1998) = 3(2k + 1) 1 hop s0.

Bai 7: Cho da thirc f(x) bac 4, hé s6 cua bac cao nhét 1a 1 va thoa man: f(1)=3;P(3)=11;
f(5)=27. Tinh gia tri 4 = f(-2) + 7/(6)

H.Din:
- Pat g(x) = f(x) + ax® + bx + c¢. Tim a, b, ¢ sao cho g(1) =gB3)=g(5)=0=a,b, cla
nghiém cua h¢ phuong trinh:

a+b+c+3=0 a=—1
9a+3b+c+11=0 = bang MTBT ta giai dugce: {5 = 0
25a+5b+c¢+27=0 c=-2

= g(x) =f(x) - x* -2 ,
-Vi f(x) bac 4 nén g(x) cling c¢6 bac 1a 4 va g(x) chia hét cho (x - 1), (x - 3), (x - 5),
Do
vay: g(x) = (x—l)(x—3)(x—5)(x—x0) = f(x) = (x—l)(x—3)(x—5)(x—x0)+x2 +2
Ta tinh dugc: A = f(-2) + 71(6) =

Bai 8: Cho da thie f(x) bac 3. Biét f(0) = 10; f(1) = 12; f(2) = 4; f(3) = 1. Tim f(10)=? (Pé
thi HSG CHDC Diic)

H.Dén:

- Gia sir f(x) c6 dang: f(x) = ax’ + bx* + cx + d. Vi f(0) = 10; f(1) = 12; f(2) = 4; f(3) = | nén:
d=10
a+b+c+d=12

8a+4b+2c+d =4
27a+9b+3c+d =1
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Dé tai vé mét 4 k nén chia sé cho cac ban hs khong c6 didu kién tai
Lay 3 phuong trinh cudi lan luot trir cho phuong trinh dau va giai hd gdm 3 phuong
trinh an a, b, c trén MTBT cho ta két qua: a= %; b= —2—25; c=12;d =10

= f(x)z%x3—2—25x2+12x+10:> f10)=

Bai 9: Cho da thirc f(x) bac 3 biét rang khi chia f(x) cho (x - 1), (x - 2), (x - 3) déu duoc du 14
6 va f(-1) = -18. Tinh f(2005) = ?

H.Dién: )
-Tir gia thiét, ta co: f(1) = f(2) = f(3) =6 va co f(-1) =-18
-Giai trong ty nhu bai 8, ta co f(x) =x* - 6x° + 11x

Bai 10: Cho da thitc P(x)= Lx9 —ix7 +£x5 —Qf +£x
630 21 30 63 35
a) Tinh gi tri cua da thuc khi x = -4; -3; -2; -1; 0; 1; 2; 3; 4.
b) Chung minh rang P(x) nhan gia tri nguyén vdi moi x nguyén

Gidi:

a)Khi x = -4; -3; -2; -1; 0; 1; 2; 3; 4 thi (tinh trén may) P(x) =0

b) Do 630 =2.5.7.9 vax = 4; -3; -2; -1; 0; 1; 2; 3; 4 1a nghi¢ém cua da thuc P(x) nén
P(x)= 53579 (x=d(x-3)(x-2)(x-Dx(x+D(x+2)(x+3)(x+4)

Vi gitta 9 s6 nguyén lién tiép ludn tim dwoc cé sb chia hét cho 2, 5, 7, 9 nén véi moi x
nguyén thi tich: (x—4)(x-3)(x—2)(x—Dx(x +1)(x +2)(x +3(x+4) chia hét cho 2.5.7.9 (tich cua cc s6
nguyén tb cing nhau). Chimg t6 P(x) 1 s6 nguyén véi moi x nguyén.

X

4 +2

1 2 2001
a) Sl—_f(2002j+_f(2002j+...+f(2002j

2 20017
by §, = f]|sin? = j+ : sinz—j+...+ | sin? —j
) 5 j( 2002 s 2002 s 2002

Bai 11: Cho hm sb f(x)= . Hay tinh c4c tong sau:

H.Din:
*V&i ham sb f(x) da cho trude hét ta chung minh bb dé sau:
Néua+b=1thi f(a) + f(b) =1
*Ap dung bd dé trén, ta co:

a B 1 2001 1000 1002 1001
)Sl_{f[2002j+f[zoozj}"'{f[zooz}f[zoozﬂ+f[zoozj

:1+...+1+l Vi lj+f lj :1000+l:1000,5
2 2 2 2

b) Ta cd sin? T _ sin? 20017 .. sin? 10007 _in? 10027 Do do:
2002 2002 2002 2002

5, = Z{f[sinz 25’02} f[sinz—zf)zszr...Jr f[sinl—lfggjﬂ ¥ f[sinz—lzo(?oljj
L, T ., 10007 . » 5007 . 5 5017 o T
_2{[]{&{1 2002J+f(sm 2002 D+...+[f(sm 2002J+f(sm 2002Jj}+f(sm 2}
(., =z . > T A . ,500x . , 5007 .
= 2{[] (51n 2002j+f (cos —2002D+...+ [f (51n 002 j+ f (cos 2002 jﬂ-& @

:2[1+l+...+l]+i:1000+£:1000g
6 3 3

b.Tim thwong va du trong phép chia hai da thirc:

Dgng 1: Tim du trong phép chia da thirc P(x) cho (ax + b)
Cach giai:
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

- Ta phén tich: P(x) = (ax + b)Q(x) +r = P(_gj - O'Q(_é}rr:} T P(__bj

a a

Bai 12: Tim du trong phép chia P(x) = 3x” - 5x” + 4x - 6 cho (2x - 5) ‘
Gidi:

CTa c6: P(X) = (2x - 5).Q(X) + 1 = P(%ij.Q(%jJrr:r:P(%j:)r: p(%)

Tinh trén may ta dugc: r = P(%j =

Dang 2: Tim thuong va du trong phép chia da thirc P(x) cho (x + a)
Cach giai:
- Dung luge d6 Hoocner dé tim thuong va du trong phép chia da thue P(x) cho (x + a)

Bai 13: Tim thuong va du trong phép chia P(x) = x” - 2x° - 3x* + x - 1 cho (x + 5)

H.Dén: - St dung luogc do6 Hoocner, ta co:

1 | 2 | 3 ] o | o | 1 | 4
-5 1 5| 23 | -118 | 590 | -2950 | 14751 | -73756

* Tinh trén may tinh céc gia tri trén nhu sau:

()] 5 [5HIFT] [5TO] [M]
1 0 EI (-5): ghi ra gidy -5

x| |ANPH |:| 2 E| (23): ghira gidy 23

(]3] (118): ghiragidy -118

0 E (590):  ghira gidy 590
0[=] (-2950): ghiragidy -2950
1[=]  (14751): ghiragidy 14751

ANPHA| [M]| [-] 1[=]  (-73756) : ghi ra gidy -73756
Po3x x- 1= (x4 5)(x° - 5x° +23x" - 118x + 590x” - 2950x + 14751) -

(e}

>

2 [ D] D D] e [
T =
> >
== EEE

7
X -

73756
Dang 3: Tim thuong va du trong phép chia da thirc P(x) cho (ax +b)

Cach giai:
- D¢ tim du: ta giai nhu bai tdéan 1
- D¢ tim h¢ s6 cua da thirc thwong: dung luge dd6 Hoocner dé tim thwong trong phép chia

da thure P(x) cho (x +é) sau d6 nhan thuong dé voi 1 ta duoc da thirc thuong can tim.
a a

Bai 14: Tim thuong va du trong phép chia P(x) = x* + 2x” - 3x + 1 cho (2x - 1)

Gidi:
- Thuc hi¢n phép chia P(x) cho (x —%), ta dugc:
3 2 1 A T o
P(x)=x"+2x"-3x+1= (X—EJ (x +5x—zj+§. Tir do ta phan tich:
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
P(x) =’ +2x% = 3x + 1= 2.[;(—1].1 .(xz +§x—1j+l

2) 2 2 4) 8
=(2x-1). (—x +§ —zj+l
4 8/ 8
Bai 15: Tim céc gi tri cia m dé da thic P(x) = 2x’ + 3x” - 4x + 5 + m chia hét cho Q(x) =
3x +2
H.Din:

- Phén tich P(x) = 2x* + 3x - 4x + 5) + m = P(x) + m. Khi do:
P(x) chia hét cho Q(x) = 3x + 2 khi va chi khi: P,(x) +m = (3x + 2).H(x)

Ta co: P(—%)er:O:Nn:—Pl(—%)

Tinh trén may gia tri cia da thirc P(x) tai x = —% ta dugcm =

Bai 16: Cho hai da thirc P(x) = 3x” - 4x + 5 + m; Q(x) = x’ + 3x> - 5x + 7 + n. Tim m, n dé

hai da thirc trén c6 nghi¢ém chung x, = —

H.Din:
:% la nghiém cia P(x) thim = -P, [%j VO P(x) =3x7 -4x + 5
=% la nghiém cia Q(x) thin = -Q, (%j VO QI(x)=x"+3x°-5x + 7.
Tinh trén may ta dugc: m = -A, [%j = n= -0, [%j =

Bai 17: Cho hai da thirc P(x) = x* + 5x” - 4x” + 3x + m; Q(x) = x* + 4x’ - 3x* + 2x + n.

a) Tim m, n d& P(x), Q(x) chia hét cho (x - 2)

b) Xét da thic R(x) = P(x) - Q(x). Vi gia tri m, n vira tim ching to rang da thic R(x)

chi c6 duy nhat mot nghiém.

H.Din:
a) Giai tuong tu bai 16, ta c6: m = n =

DIPE): (x-2)vQX): (x-2) = RE) : (x-2)

Talaico: RX)=x - X"+ x-6=(x-2)(x*+x+3),vix’+x+ 3> 0 v6i moi x nén

R(x) chi c6 mot nghiém x = 2.

Bai 18: Chia x* cho x + 0.5 dwoc thuong q,(x) du r,. Chia qu(x) cho x + 0,5 duoc thwong

qa(x) du rp. Tim 1, ?

H.Din:
- Taphan tich: x"=(x+0.,5).qi(x) + 1y
(h(X) (X +0 5) qz(X) + 1y}
- Dung lugce d6 Hoocner, ta tinh dwoc hé sé caa cac da thirc q,(x), qu(x) va cac sé du
Iy, It
1 0 0 0 0 0 0 0 0
! 1 ! 1 1 1 b R S
2 2 4 8 16 32 64 128 256
_1 1 1 3 1 3 3 7 L
2 4 2 16 16 64 16

Lé Xudn HEIng — BT: 0982 590930 — Mail: xhong5678@gmail.com —Nick yahoo: xhong5678 — Website: http://toantin.net

Trang 23




Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
n 1
Vay: r, = v
Bai 19: Tim m d& P(x) chia hét cho (x -13) biét P(x) =4x° + 12x* + 3x* + 2x* —5x —-m + 7
Bai 20: Cho P(x) la da thirc véi hé sb nguyén co gia tri P(21) = 17; P(37) = 33, biét PON) = N + 51.
Tinh N?
Bai 21: Cho da thirc P(x) = x* + bx® + cx + d. Biét P(1) = -15; P(2) = -15; P(3) = -9. Tinh:
a.Cac hé sd b, ¢, d cua da thic P(x).
b.Tim s6 du r; khi chia P(x) cho x — 4.
¢.Tim s6 du 1, khi chia P(x) cho 2x + 3.
Bai 22: Cho P(x) = x* + ax’ + bx” + cx + d ¢6 P(1) = 0; P(2) = 4; P(3) = 18; P(4) = 48. Tinh P(2002)
Bai 23: Khi chia da thirc P(x) = 2x* + 8x® — 7x* + 8x — 12 cho da thirc (x - 2) ta dugc thuong 1a da
thirc Q(x) ¢6 bac 1a 3. Hay tim hé sb cua x* trong Q(x).
Bai 24: Pa thiic P(x) = ax’ +bx’ +ex’ +dx +ech gia tri béng 5,4,3,1,-2 lan luot tai x =1, 2, 3, 4,
5. Tinh gi4 tri cta a, b, ¢, d, e va tinh gan dung cac nghiém cua da thuc dé.

3.Lién phan so:

Bai 1: (V6 dich todn New York, 1985) Biét % —— 1 irongdsavab la cic sb duong.

Tinh a, b.
bS: a=7,b=2

Bai 2: (Thi khu vyc 16p 9, 2002) Tinh va viét két qua du6i dang phan so:

A=3+ > B=7+— 1
4 1
24— 34—
5 1
2+ ——— 3+
4 1
2+ 5 3+—
2+—
3
Bai 3: (Thi khu vyc 16p 9, 2003)
a. Tinh va viét két qua du6i dang phan sé: A =2—01 B= ;1
24— S5+—1—
1 1
3+ I 6+ I
4+— T+—
5 8
b. Tim cac s6 tu nhién a va b biét: 329 = L
1051 4 1
J’_i
5+ !
1
a+—
b
Bai 4: (Thi khu vuc 2004, 16p 9) Tim gia tri cua x, y tir cadc phuong trinh sau:
a. 4+ X = X b y + y
1 1 1 1
1+ 1 4+ 1 1+ I 2+ I
2+ 1 3+ 1 3+ 44—
3+ 2+~ > 6
4 2

Bai 5: (Thi khu vyc, 2001, 16p 6 - 7) Lap qui trinh bAm phim dé tinh gié tri ciia lién phan sé
sau M =(3,7,15,1,292] va tinh n1—-M?
Bai 6: (Thi khu vyre, 2001, 16p 6 — 7, dur bi)
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
a. Lap qui trinh bam phim dé tinh gi4 tri cua lién phan s6 sau M = [1,1,2,1,2,1,2,1] va tinh

J3-M?

b. Tinh va viét két qua dudi dang phan sé: A = ! 1 + ! 1
5+ 2+
1 1
4+—l 3+ I
3+— 44—
2 5
Bai 7: (S& GD Hai Phong, 2003 - 2004) Cho A = 30+L5
10+
2003

Hay viét lai A dudi dang A =[a),a,,....a,]?
Bai 8: Cac s6 v/2,4/3, n c¢6 biéu dién gan dung dudi dang lién phén sb nhu sau:
V2 =[1,2,2,2,2,2]; V3 =[1,1,2,1,2,1];n=[3,17,15,1,292,1,1,1,2,1,3] . Tinh c4c lién phan sb trén
va s6 sanh véi s6 vO ti mano biéu dién?
Bai 9: (Phong GD Bao Lam — Lam Dong)
4
4
4
4
4

9+
10

Tinh va viét két qua du6i dang phan s6 D=5+
6+
T+
8+

4.Tim nghiém gan ding ciia phwong trinh f(x) =0
Dx'+x-8=0 DS: 1,128022103
2)x—x =1 DS: 2,618033989
Bai 3: . ) o
a.Tim gan dung (dén 10 chit s0) tat ca cac nghi¢ém thuc ctia phuong trinh bac ba:
a)8x’ —6x—1=0 b)x’ +x* —2x-1=0 ¢)16x’ —12x — 10+2+/5 =0

b.Trong cac phuong trinh trén, phuong trinh nao c6 nghiém hiru ti. Ching minh?
c¢.Tinh chinh x4ac nghiém ctia cac phuong trinh trén dudi dang biéu thirc chura can.

4)x>-Yx -1=0
5)x” +x-10=0

6)x - Vx—-1=13

7)8x +32x - 17=0

8)x+ Yx —2=0
9)x’ +5x-2=0

10)3x - 24/x —3=0.
1)’ +2x°—9x+3=0
12)x"—5x* +2x-3=0
13)x’ = 7x+4=0
14)x+34 -x-3 =1
15)x° - 15x-25=0
16)x* -x* +7x+2=0

5.Bai toan ngian hang:
a)Lai kép:
Bai 1: Mot s6 tién 58.000.000 ¢ guri tiét kiem theo 14i suat 0,7% thang. Tinh ca vén Ian i sau 8
thang?
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
Ta c6: A = 580000001 + 0,7%)* DS: 61 328 699, 87
Bai 2: Mt nguoi c6 58 000 000d mudn godi vao ngan hang dé dugc 70 021 000d. Hoi phai goi tiét
kiém bao lau véi 1ai suat 1a 0,7% thang?
| 70021000
S6 thang t6i thiéu phéi giri 1a: n = —8000000 PS: 27,0015 théng
In(1+0,7%)
Vay tdi thiéu phai giri 1a 27 thang.
(Chii y: Néu khong cho phép 1am tron, thi tmg vi két qua trén sb thang toi thidu 1a 28 thang)
Bai 3: Sb tién 58 000 000d goi tiét kiém trong 8 thang thi lanh v& dwoc 61 329 000d. Tim lai suat
hang thang?

Lai suat hang thang: r = ﬁw -1 DS: 0,7%
58000000

Vi du 4: Mbi thang giri tiét kiém 580 000d v6i 1ai sudt 0,7% thang. Hoi sau 10 théng thi lanh v& ca
von 1an 14i 1a bao nhiéu?

o o 580000(1+0,007)[ (1+0,007)" ~1] 580000.1,007.(1,007" ~1)
SO tién 1anh ca goc lan 1ai: A= =
0,007 0,007

bS: 6028055,598
Bai 5: Mudn c6 100 000 000d sau 10 thang thi phai giri quy tiét kiém 1a bao nhidu mdi thang. Véi lai
suat gui 1a 0,6%?
100000000.0,006 ~100000000.0,006
(1+0,006)| (1+0,006)"" ~1] 1,006(1,006" ~1)

S6 tién giri hang thang: a =

bS: 9674911,478
Nhin xét. w Can phan biét 15 cach gui tién tiét kidm:
+ Giri b tién a mot lan ----- > 14y ca von 1an 1ai A.
+ Giri hang thang sb tién a ----- > 14y ca von 1an 13i A.
w Can phan tich cac bai toan mot cach hop 1y dé dugc cac khoang tinh ding dén.
w C6 thé suy luan dé tim ra cac cong thirc
w Céc bai toan vé déan sb ciing co6 thé ap dung cac cong thirc trén day.
Bai 6: Dan sb tinh Lam Pong trong 2 nam tang tir 30 000 000 ngudi 1én dén 30 048 288 ngudi.
Tinh ti 1& tang d4n s6 hang nam cia tinh LAm Dong trong 2 nam d6?
(K&t qua 1am tron hai chit s6 thap phan)
Bai 7: Mot ngudi hang thang giri vao ngan hang s6 tién 1a 1 000 0004 vai 13i sudt 0,45% mot thang.
Hoi sau 2 nam nguoi 4y nhan dugc bao nhiéu tién 14i? (1am tron dén hang don vi)
Bai 8: Mot nguoi hang thang giri vao ngan hang s6 tién 1a 10 000 000d voi 14i suét 0,55% mot thang.
Hoi sau 2 nam ngudi ay nhan dugc bao nhiéu tién 13i? (Iam tron dén hang don vi)
Bai 9: Déan s6 nudc ta tinh dén nam 2001 1a 76,3 triéu ngwoi. Hoi dén ndm 2010 dan s nudc ta la
bao nhiéu néu ti 1¢ tang dan so6 trung binh moi nam 1a 1,2%?
Bai 10: Dén nam 2020, mudn cho dan sb nuée ta co khoang 100 triéu ngudi thi ti 18 tang dan sb
trung binh moi nam 1a bao nhiéu?
Bai 11: Dén sb x3 Hau Lac hién nay la 10000 nguoi. Nguoi ta du doan sau 2 nam nita dan s6 x4 Hau
Lac 1a 10404 nguoi. N ) .
4.1. Hoi trung binh m6i nam dan s6 xa Hau Lac tang bao nhiéu phan tram.
4.2. Vi ti 1€ tang dan sO nhu vay, hoi sau 10 nam dan so6 xa Hau Lac 1a bao nhiéu?
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai

Bai 12: Mot ngudi guri tiét kiém 1000 dola trong 10 nam véi 1di sudt 5% nam. Hoi ngudi d6 nhan
A L2 A A ) [N A A \ T A 5 r 2\ 3\ A .

duoc so tién nhicu hon (hay it hon) bao nhiéu néu ngan hang tra 1ai suat o % thang (lam tron dén hai

chir s6 sau ddu phay).

Bai 13: C6 480 hoc sinh di duy trai he tai ba dia diém khac nhau. 10% s hoc sinh ¢ dia diém mot,
8,5% s hoc sinh & dia diém hai va 15% s6 hoc sinh ¢ dia diém ba di tham quan dia danh lich st. Dia
danh lich sir cch dia diém mot 60km, cach dia diém hai 40km, cach dia diém ba 30km. Dé tra du tién
xa v6i gia 100d/1ngudi/1km, mdi ngudi di tham quan phai déng 4000d. Hoi c6 bao nhidu ngudi &
mobi dia diém di tham quan di tich lich sir.

Bai 14: Mot ngudi mudn rang sau hai nam phai c¢6 20 000 000d (hai muoi triéu dong) dé mua xe
may. Hoi phai giri vao ngan hang mot khoan tién nhy nhau hang thang 1a bao nhiéu, biét rang 13i suat
tiét kiém 1 0,075% thang.

Bai 15: S6 tién 580004 dwoc guri tiét kidm theo 13i kép ( Sau mdi thang tién 1di dwoc nhap thanh von).
Sau 25 thang thi dugc ca von 1an 1ai 1a 84155d. Tinh 14i suat / thang (tién 14i ciia 100 trong 1
thang).

Bai 16: Mot s tién 1a 5800004 duoc g tiét kiém theo 1i kép (sau mdi thang tién 14i dugc cong
thanh von) sau 25 thang thi duoc ca von 14n 1ai 1a 841554d. Tinh 1ai suat /thang (tién 1i caa 100d trong
mot thang).

6.Tim s6 du trong phép chia a cho b, tim chir s6 tan cing:

Bai 1: a) Viét mot quy trinh 4n phim tim s6 du khi chia 18901969 cho 3041975
b) Tinh s6 du
¢) Viét quy trinh 4n phim dé tim sé du khi chia 3523127 cho 2047. Tim s6 du dé.
DS: b) S6 du la: r= 650119
¢) Tuong ty quy trinh & cau a), ta duwoc két qua 1a: r = 240

Bai 2: (Thi giai Toan trén MTBT lop 12 tinh Thai Nguyén - Nam hoc 2002-2003)
Tim thuong va s6 du trong phép chia: 123456789 cho 23456

Ddp sé: q=15263;1="7861

Bai 3: (Thi giai Toan trén MTBT lop 10 + 11 tinh Thai Nguyén - Nam hoc 2003-2004)
Tim s6 du trong phép chia:
a) 987654321 cho 123456789
b) 8'° cho 2004
H.Din:
a)Sédula:r=9
b) Ta phan tich: 8"° = 8*.8’
- Thuc hién phép chia 8° cho 2004 duoc sé du lar, = 1732
- Thyc hién phép chia 8’ cho 2004 dwoc s6 du lar, = 968
= S6 du trong phép chia 8'° cho 2004 14 s6 du trong phép chia 1732 x 968 cho
2004
= Sédula: r=1232
Bai 4: Tim s6 du khi chia 2°°” cho 5

X 3 . ~ A SR 5 A 1999 2000 2001
Bai 5: Tim hai chit s0 cudi cungcuasé: A=2""+27"+2

Bai 6: Chirng minh rang (14")2004 +10 chia hét cho 11

Bai 7: Chirng minh rang s6 222°% + 555°** chia hét cho 7.

Bai 8: Tim s6 du khi chia sé 13376 c¢ho 2000 (TH & TT T/ 317)
- Gia st A, B 1a hai sb tu nhién c6 tan cung la 376, thi:
A.B = (1000.a + 376)(1000.b + 376) = 376000(a + b) + 10°a.b + 376
=2000t + 1376; véia, bt e N
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
= A.B chia 2000 ¢6 sb du 1a 1376.
V6i k> 1 khi chia 13376* cho 2000 (thyc hién (k - 1) lan phép nhén 2 s6 déu c6 tan cing 1a 376 i
chia cho 2000) thi dugc du 1a 1376. D¢ bai Gng véi k = 2005!
Bai 9: Tim 2 chir s tan cing cia so:
A= 21999 + 22000 + 22001
H.Din:
-Ta co: 21999 + 22000 + 22001 — 21999(1 +2+ 22) =7x 29 X 210 X 21980
— 7522 x 210 (220)99
- Ta c6 (dimg mdy): 2° =512
219=1024;
2% = 1048576
Nhgn xét: s6 c6 2 chir s6 tan cung 1a 76, luy thira bac bat ky ciing c6 2 chit s6 tan
cung 1a 76. Vay (2*°)”° ciing c¢6 2 sb tan cung 13 76.
= 21999422000 4 22001 — 7 % 512 x 1024 x (..76) = .....
Vay 2 chir s6 cudi cing cia A 1a 16
(Xem cach giai khdc o bai 12)

Bai 10: Tim bon chu: sO tan cung caa 5%,

-Taco: 5% = =625
- Nhén thay s6 c6 tan cung la 625 luy thira bac bat ky van co6 tan cung la 625
- Do d6:

5 =M =05 (5Y) = 25.(625) = 25(...625) = ...5625.
Vay bon chit sb tan cung cia s6 5'7* 12 5625.

Bai 11: Tim s6 du khi chia 2'* cho:
a) 9 b) 5 c) 125

Giai:

a) Luy thira ciia 2 sat véi mot boicia 9 1a2°=8=(9 - 1)

- Tac6: 2" =22 =2(9 - 1y*=2(BS9-1)=BS9-2=BS9+7

Vay s6 du khi chia 2'* cho 9 1a 7.

b) Luy thira ciia 2 sat voi mot boi cia 25 14 2'° = 1024 = (BS 25 - 1)

-Tac6: 2" =(2"%)""=(BS25-1)"=BS25+1

Vay s6 du khi chia 2'° cho 25 14 1

¢) Dung cong thirc Newton:

50 50 N 50 49
2" = (5-1)" =57 - 505" 4+ T 5T - 50541

Dé y rang 48 sb hang dau déu chira thira sb 5 v6i sé mii 16n hon hoiac bang 3 nén chia
hét cho 125, hai s6 hang ké tiép ciing chia hét cho125, s6 hang cudila 1.

Vay 2! =BS 125 + 1 = S du ciia 2' khi chia cho 125 1a 1

Bai 12: Tim ba chir s tan cing cia 2%,

H.Din: - Tatim du trong phép chia 2' ¢ho 1000.
- Tru6e hét tim 6 du cta phép chia 2'% cho 125. Theo bai 34: 2'* =BS 125 + 1, ma
2'° 12 s6 chén, nén ba chit s6 tan cing cia nd chi cb thé 1a (ding may tinh dé thir):
126, 376, 626 hoac 876.
- Hién nhién 2'° chia hét cho 8 nén ba chir s tan cung cua nd phai chia hét cho 8.
Bon sb trén chi c6 376 thoa man diéu kién nay. Vay ba chir sé tan cung caa 2'%° 12 376.

Bai 13: Tim ba chir s tan cung cua 3'%.

| 5049
Giii: - Taphan tich nhu sau: 3% =(10-1)" =10% —... = 10* =50.10+1

= BS 1000 + ...500 - 500 + 1 = BS 1000 + 1.
Vay 3'% tan cung 1a 001,
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

Tong quat: Néu n la s6 tw nhién Ié khong chia hét cho 5 thi ba chik s6 tdn cimg ciia n'”” la 001,

7.Tim chu ky cua s0 thap phén vé han tuin hoan dugc biéu dién béi 1 phan sb:
Bai 1: Tim chir s0 thap phan thu 2005 sau dau phay cua so:
a) Azi; b) Bzi; c) ng; d) Czi
37 41 51 49

H.Dién:
a)Sh A= % =0,027027(027)... tuan hoan chu ky 3 chir s6 027.
Vi 2005 =1 (mod 3) nén chir s6 tht 2005 sau dau phay cua A la:
b)S6 B= i =0,0243902439(02439)... tuan hoan chu ky 5 chit s6 02439.

Vi 2005 =0 (mod 5) nén chix sb thir 2005 sau dau phay cia B la:

c)Sé C= 0, (1960784313725490) TH chu ky 16 chir s6:1960784313725490

51
Vi 2005 =5 (mod 16) nén chit s6 thir 2005 sau dau phay cia C la:

d) S6 D= 4—19 =0,(020408163265306122448979591836734693877551)

tuan hoan chu ky 42 chir s6 020408163265306122448979591836734693877551
Vi 2005 =31 (mod 42) nén chir sé thir 2005 sau dau phay cia D la:

8.Tim UCLN, BCNN:
Bai 1: Cho hai s6 a = 3022005 va b =7503021930

1.1. Tim UCLN va BCNN cua hai sb a, b

1.2. Lap mot qui trinh bAm phim lién tuc tinh UCLN(a,b)

1.3. Tim s du khi chia BCNN(a,b) cho 75.
Bai 2: Tim UCLN cua hai sb 7729 va 11659.
Bai 3: Tim UCLN va BCNN cua hai s6 A = 1234566 va B = 9876546.
Bai 4: Tim UCLN cua hai s0: a = 24614205, b=10719433

DS: = UCLN(a, b) = 21311

Bai 5: Tim udc chung 16n nhét va bdi chung nho nhat cua: a = 75125232 va b = 175429800
Bai 6: Tim cac UC cua céc sb sau: 222222; 506506; 714714; 999999.
Bai 7: Tim tat ca cac uée sd cia sb -2005.
Bai 8: Cho 3 s6 1939938; 68102034; 510510.
1) Tim UCLN cua 2 s6 1939938 va 68102034.
2) Tim BCNN cua : 68102034 va 510510.
3) Goi B la BCNN cuia 1939938; 68102034, Tinh gia tri diing clia B
Bai 9: Cho 3 s A=1193984; B=157993; C=38743.
a.Tim uée sd chung 16n nhat caa A, B, C.
b.Tim BCNN cua A, B, C. v6i két qua dung.

9.M{t so bai toan giai bang phép lap:

THU'C HIEN PHEP TINH
1)Tinh toan:

Bai 1: Tinh A = 999 999 999°
Ta c6: 9°=729; 99°=970299; 999°=997002999; 9999°= 9999?.9999=9999%(1000-1)= 999700029999.
Tir d6 ta c6 quy ludt: 99...9° =99..9700...0299...9

—— —_— —_—

nchitsd 9 n-1chitsd n-1chits6 nchitsd9

Vay 999 999 999° =999 999 997 000 000 002 999 999 999.
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
Bai 2. Thyc hién phép tinh (két qua viét duéi dang hon sd)
A =5322,666744 : 5,333332 + 17443,478 : 0,993
Bai 3 Tinh gia tri biéu thirc (1am tron vé6i 5 chir sb thap phan)
1

8,9543 +3/981,635° :4
B= 113 + 7815 :i/3+‘\1/4+\5/5+§’/6+1/7

(589,43111+3,5:11j {Bosiy 6+ ——
173 9+7
513

Bai 4: Rut gon biéu thirc (két qua viét dudi dang phan s)
AT HGETHHO +HA +HAT +HRI + (251 +4)
B+ T+ HAT +HA5 +4) (A9 +4)(23" + 427+ 4)
Bai 5: Cho cotgo = 0,06993 (0° < o < 90°). Tinh:
B tg4oc(l +cos’ a)+ cot g7oc(l - tg3(x)
(sin3 o+ tg3(x)(1 +3sin’ a)
(8"47°"57¢ + 7"8*"51%).3 5P 7¢
T 187479328 . phsehgE _ gh ey

D

Bai 6: Tinh:

Bai 7:
a)Thyc hién phép tinh
A =6712,53211:53112 +166143,478 : 8,993
b)Tinh gia tri biéu thirc (lam tron vé6i 5 chir s6 thap phan)

8.9° +391.526" 14
113

B= 5 +
1 - 9 6 5
635,4677+3,5:5—— | :1/3,9 + 7
183

11+——
513

6

Bai 8: Rut gon biéu thirc (két qua viét dudi dang phan sb)
1" +6)(7* +6)(13" +6)(19" +6)(25* + 6)(31" + 6)(37" + 6)
(3" +6)(9" +6)(15' +6)(21"' +6)(27" +6)(33' + 6)(39" +6)
Bii 9: Cho cotgo = 0,05849 (0° < o < 90%). Tinh:
B tg4oc(sin3 o+ cos’ )+ cot g7oc(sin3 o-— tg3(x)
- (sin’ o + tg3(x)(1 +3sin’ o)
(8"45"23% +12"56""23¢).3" 5" 7¢
16"47°32¢ : 2" 5Pge
Bai 11: Tinh A=3122 42381 4321
52 7 28

Bai 12: Tinh B=(\/§+1)\/6-2\/\/§+\/§+«/18-\/128
3

1,6:(1.1,25) (1,08—2}4 ,
Bai 13: Tinh C= > T 25) 7 106052

1 5.1 2
0,64 Y (59 24).217
4
4
4
4
4

9+
10
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
Bai 15: Giai h¢ phuong trinh sau :
1,372x-4,915y =3,123
{8,368x+5,124y =7,318
Bai 16: Cho M=12+25’+37"+54°+67°+89", N=21"+78°+34"+76*+23"+Z°
Tim Z d¢ 3M=2N
Bai 17:
I Timhbidt: ~=—t 41 4 1
h’ 3,218 5,673 4,815
2.Tinh E=7x’-12x"+3x*-5x-7,17 véix=-7,1254
7x y-x*y’ 3 y+10xy* -9
5x°-8x7y’ +y’
x*-6,723x*+1,658x-9,134
x-3,281

3.Cho x=2,1835 va y=-7,0216. Tinh F=

4.Tim s6 du r ctia phép chia:

Bai 18-

sin25°1228"+2c0s45°-7tg27°
c0s36°+sin37°1326"

2.Cho cosx =0,81735 (gbéc x nhon). Tinh : sin3x va cos7x

cos’a-sin’a

1.Tinh P=

3.Cho sina = 0,4578 (géc a nhon). Tinh: Q= .
ga

tg’x(1+cos’x)+cotg’x(1+sin’x)

4.Cho cotgx = 1,96567 (x 1a goc nhon). Tinh S=
& (xlag om) (sin’x+cos’x)(1+sinx+cosx)
Bai 19: Thuc hi¢n phép tinh:

a)Tinh 4x° + 3x* — 2x* +7x* + 6x — 11 véix = -3,1226

b)Tinh 4x° + 3x* - 2x° +7x* + 6x — 11 véix = 3 +L5
1+ 3

x> +y> -z’ +2xy

2

¢)Tinh
X’ +z° -y’ +2xz

-3
voi x=7; y=1,5;,z=134.

tg ou(sin’ o+ cos®) + cot gl

d)Cho cotga = 0,05849 (0° < o < 90°). Tinh: D = — -
s~ o +tga
(8"45P23¢ +12"56"23¢).3" 5P 7¢
C)E = h h i h zph i
164700328 : 2h5ehg#
Bai 20. Tinh (1,23456789)* + (0,76543211)* — (1,123456789)*.(0,76543211)" —
- (1,23456789). (0,76543211) + 16. (1,123456789).(0,76543211)
Bai 21: Tinh téng cac sb cia (999 995)

12
. . 3 . . 1
Bai 22: Tinh tong ctia 12 chir so thap phan dau tién sau dau phay cua (Hj

J1° +£999999999¢ + 0,999999999°
999999999

Bai 24: Tinh I = /1 +999999999° +0,999999999°

Y1745 -38 )
J5++14-645 (¥5+2)

Bai 23: Tinh

Bai 25: Tinh H= (3x" + 8x* +2)2 v6i x =

Bai 26: Tinh két qua diing cia céc tich sau:
1.1. M =2222255555.2222266666
1.2. N =20032003.20042004

Lé Xudn HEIng — BT: 0982 590930 — Mail: xhong5678@gmail.com —Nick yahoo: xhong5678 — Website: http://toantin.net

Trang 31



Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
Bai 27: Tim gia tri ciia x, y dudi dang phan s6 (hoac hdn sd) tir cac phurong trinh sau:

21.44— 2 - % 22. — ¥ 4 Y
1 1 1 1
1+7l 4+71 1+ I 2+ I
2+ 1 3+ 1 3+ 44—
3+ 2+— 5 6
4 2
Bai 28:: Biét 20032004:a+ 12 . Tim céc chix sd a, b, ¢, d, e?
b+———
c+ !
d+l
e
Bai 29: a. Cho sinx—L siny—L Tinh A=x+y?

1 A3,

b. Cho tg~0,17632698 . Tinh B=—— ?
sinx cosx

2+3 2-3
+
V243 V223
a. Tinh gi4 tri gan dung cta xo?
b. Tinh x = X0 - /2 va cho nhan xét>
c. Biét xo 1a nghiém ctia phwong trinh x* + ax’ + bx — 10 =0. Tim a,b € Q?
d. Véi a, b vira tim dugc, hay tim cac nghiém con lai clia phuong trinh & cau ¢?

#T;3§if§§(J§+2)
Slla—6ds
a. Tim x

b. Tinh A = (3x" + 8x* +2)*.
c. A viet dudi dang thap phan c6 bao nhiéu chir s6?
d. Tong cac chir so cua A vua tim dugc 1a bao nhiéu?

Bai 32:
1
\[f 1 1\[? 1 1‘J1 1 1
Y = (= Ny IRy ot
22 2\2\2 " 2V2 22

Bai 30: Cho x, =

Bai31: Cho x =

1. Cho B=

a.Tinh gan ding B
b.Tinh = -B
2
Bii33: a. Tinh C = 2’0090004 ;D= 2’0090002 .
(1,0000004)" +2,0000004 (1,0000002)" +2,0000002
b. Tinh |C-D
Bai 34: a. Viét quy trinh tinh A =17+ 3 + !
12 5
1+ 23+
1 1
1+ 1 3+ 1
17+ T+
2003 2003

b. Tinh gié tri cua A
3.2 5,7
15,2.0,25-48,51:14,7 \14 11 66 )5

Bai 35: Tim x biét: T
X &2+Q&(2—&2€
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
sin34°36'-tan18°43" g fan 4°26'36"—tan 77°41'

Bai 36: Tinh A, B biét: A = e = . B= - .
cos7812 +cosl1317" cos6712'-sin23°28'

2 2 2
+ +
0,19981998... 0,019981998... 0,0019981998...
Bai 39: Tim tat ca cac udc nguyén to cua so tim dugc ¢ bai 1.
Bai 40: Phan nguyén cia x (1a sb nguyén 16n nhat khong vuot qué x) duoc ki hiéu 1a [x]. Tim
[B]biét:

Bai 38: Tinh A =

T

B =
1
I+ =+=+...+—
2° 37 10°
Bai 41: Tinh:
a. A=1,123456789 —5,02122003
b. B=4,546879231 + 107,356417895
Bai 42: Vict cac so sau day dudi dang phan so to1 gian.
a. C=3124,142248
b. D=15,(321)

e 100
Bai 43: Gia su (1+x+x ) =a,+aX+a,X+..+a,,Xx. Tinh E=a,+a, +...+a

Bai 44: Phai loai cac s6 nao trong tong ; += L + 1 + 1 + 1 + L + 1 +— dé duoc két qua bang 1.

6 8 12 12 14
Bai 45: Tim chit s6 thap phan thir 15 sau ddu phay ciia +/2003 .
Bai 46: Tim chit s6 thap phan thir 2004 sau d4u phay trong két qua ctia phép chia 1 cho 537
Bai 47: Tinh 2012003°.

7()()

Bai 48: Tim s6 hang nho nhat trong tit ca cac s hang cua diy u =n+ 2003

200+126ﬁ T f
Bai 48: Tinh M = 1+

N

Bai 49: Cho sin(2x — 15022') véi 0% < x <90°. Tinh (sin 2X +cos5x —tan 7x) 1 cos3x

x3(3y—52+4)+2x(y3x3—4)+2yl+z—6

Bai 50: Tinh gia trj cta biéu thic A = — -
x(x‘ +5y~ —7)+z +8

tai

Bai 51: Tinh gid tri cia biéu thue M =(12-6v3) /ﬁ —3\/2(1—\/—2\/§+4)+2\/4+2\B

Bai 52: Cho A—§/6+‘/84 +i/6— ﬁ
27 27

a)Tinh trén may gia tri cia A.
b)Tinh chinh x4c gia tri cua A.
Bai 53: Tinh va viét két quia dudi dang phan so:
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

3.1. A=1+ 1 3.2. B=5+ 1

24— "

32,3144
43,785

Bai 55: Giai phuong trinh : 1,23785){2 +4,35816x — 6,98753 =0
Bai 56: Tinh A bidt: A — 22g25phl8gix2,6 + 7g47ph35gi

Bai 54: Tim x véi x =

9g28phl6gi
Bai 57: Pon gian biéu thiic sau : 9+ 445 + 39— 445
5 5.4 .,.3
Bai 58: Tinh A = -X 32" ;3" X hi x = 1.8165
4x7 —x“4+3x+5

8 cos3 x-2 sin3 X+C0SX

3 x+sin2 X

Bai 59: Cho tgx = 2,324 (0°<x<90%. Tinh A =
2 cos X+sin
_ 3h47ph55gi+ 5hl1ph45gi
6h52phl7gi

S~ 4 2
Bai61: Tinh A= > 2% P30 =X+l by 8156
4x° —x" +3x+5

Bai 62: Cho sinx = 0,32167 (0° < x < 90° ). Tinh A = cos’x — 2sinx- sin’x
8cos’ X —2sin’ X +cos X

Bai 60: Tinh B

Bai 63: Cho tgx =2,324. Tinh A =

2cos X —sin’ X +sin” x
2cos’ x —5sin 2x +3tg’x
\/Stgz 2x +6cotgx

Bai 64: Cho sinx = % Tinh A =

Bii 65: Tinh A = VL8152,732°

{4,621

3. il
Bai 66: Cho cosx = 0,7651 (0° < x < 90%). Tinh A = 05 X =S X+2

cosx —sin’ x
2cos’ x —5sin 2x +3tg’x
\/5‘[g2 2x +6cotgx

Bai 67: Cho sinx = % Tinh A =

3 7
Bai 68: Tinh B = 7 Yo 013
3712,35"
6°47™29% —2¢58™38"
1£317°42% 3
Bai 70: (Thi khu vuc, 2001) Tinh:

a. A=(6493+13.1803)2—13.(2.649.180)
(19862 —1992)(19862 +3972—3)1987
1983.1985.1988.1989

Bai 69: Tinh C =

2
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

[(7-6.35):6.5+9, 8999...]L

c.C= 12,8

1,2: 36+1l :0,25-1,8333... l1
5 4

N DZ%[ 3:(0.2-0.1)  (34.06-33.81).4 }2: 4

2,5.(0.8+1,2) 6,84:(28,57-25,15) | 3 21

10,125

[x —4;) 10,003 [0,3 —;()jl;
¢.Tim x biét:

1 - = 1621 +17.81:0,0137 =1301
31 _o6sla:t [1gg42>]t| 20
20 5 258

15,2.0,25-48,51:14,7 (44 11 66 2)5
y 3,2+0,8(5;—3,25j
Bai 71: (Thi khu vuc, 2002) Tinh gia tri cua x tir cdc phuong trinh sau:

0,5—12.ﬂ x-1,25.1,8 |: ﬂ+3l
45 7 2

3 T 3 =5,2:(2,5—§j
15,2.3,15->:|2—-.4-+1,5.0,8 4
47274

[(0,153+O,353):(3x+4,2)](3+2 4)
=3

13 2 5 zljll
f. Tim y biét:

a.

53 4 1; 3 - l:(1,2+3,15)
12,5—.:[(0,5—0,3.7,75):} 2
75 17

Bai 72: (Thi khu vyc, 2001, d& dy bi)

a. Tim 12% cua %a +g biét:

S:z—0,09: 0,15:21
5 2

~0,32.6+0,03—(5.3-3,88)+0,67
(2,1-1,965):(1,2.0,045)  1:0,25

0,00325:0,013 1,6.0,625

(85370—83158j : 2?
b. Tinh 2,5% cua
0,004

(7_ 17) 3
¢. Tinh 7,5% caa >» 110/ 217
2 33,7
5 20) 8

£ 2 16,25).7
d. Tim x, ncu: 5;:{x:1,3+8,4,g{6_( ,3+5:6, 5) }}—l 1

8.0,0125+ 6.9 14

Bai 73: Thue hi¢n cac phép tinh:

e. A :(114—2%):(IE—EJ:(1,5+2%+3,7J
3 5 4 4 5

f. B=12:1§. l§+3£:2i
704 11 121
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

101 (241 158 12(190 4 55
co 37 77) 1103

g C=
é—0,25 60 194 8
9 11 99
1 1
1 15 27025
h. D=6 5—0,8 3 50 +—+ 16
20,4, -
1L 1+2,2.10
2

0,8:(:.1.25j (1,08—;5]:4;
E + +(1,2.0,5):

i E= 4
0.64— 1 6>-3L1]22 5
25 9 4)717
11
7 573 90
k F=0,3(4)+1,(62):14—-2 3 .72
11 0.85) 11

Bai 74: (Thi khu vyc 2003, dé du bi) Tinh:

a. A=3J5-3/4 -2 -320 +25

54 18
b. B=3/200+1263/2 + +3 -63/2
\/ 1+3/2 \/1+\/32

Bai 75: (Thi khu vuc 2001)
17
a. Hay sip xép céc sb sau day theo thir tuy tang dan: a = i/g,b =14 ﬁ,c =10 (ﬁj ,d= hal

b. Tinh gia tri cia biéu thirc sau: [0.(5).0,2)]: ( % : 2—2) - (—.1%) : %

c. Tinh gi4 tri cia biéu thic sau: \/2+i/3+{‘/4+...+\8/8+3/§
Bai 76: Két hop ca may va gidy
Tinh két qua dung cia cac tich sau:

a.M = 2222255555 . 2222266666.

b.N = 20032003 . 20042004
Giai:
a) Dat A=22222, B=55555, C = 666666.

Taco M= (A.10° + B)(A.10° + C) = A%.10"° + AB.10° + AC.10° + BC

Tinh trn my:

A% =493817284 ; AB = 1234543210 ; AC = 1481451852 ;: BC = 3703629630

Tinh trn gidy:
AC10° [4 o9 (3|81 ]7]2]8]4]ofofofo]o]o]ol]ol]o]o
AB.10° 1213454132 (1]0of0o]0]|0]0]0O
AC.10° 1481 45|18 [5]2]000]0]0
BC 3171013162196 ]3]0
M 4|9 (3 (8 (44|44 ]4[3[2/0]9][8[2[9]6 ]3]0

b) Dbat X =2003, Y =2004. Tact:
N =(X.10* + X) (Y.10* + Y) = XY.10* + 2XY.10* + XY
Tinh XY, 2XY trén may, roi tinh N trén gidy nhu ciu a)
Két qua:
M = 4938444443209829630.
N =401481484254012.
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

Hinh hoc:
MOT SO CONG THUC

1)H¢ thire lwgng trong tam giac vudng:
BC? = AB2+ AC?
AB? =BC. BH
AC?=BC.CH
AH? = BH.CH
AB.AC = BC.AH

AH? = 1/AB? + 1/AC?

a2 =b2+ o2
d=ac
b’=ab’
W =b.c
b.c=ah

2)Cac hé thirc co' ban va hé qua:
1/sin*a + cos’a = 1

2/ tga = sina

cosa

cotga 4

cosa cotg

3/ cotga = —
sin a

sin o {
Q

4/ 1+ tg'a =

2
COS a

Cos \ Cosa

5/1+ cotg’a = sin

6/ tga.cotga = 1

2

3)Bang gia tri ciia ham sb lwon

giac ciia cac goc cung dac biét:

Goc ) 0
Ham so 0°

p/ 6
30°

p/ 4
45°

p/3
60"

sin 0

1/2

272

NEYD)

cos 1

V32

1/2

tg 0

373

272
1

V3

cotg I

7

1

373

4)Pinh 1y ham so cosin:

1/a*=b*+ ¢*- 2bc.cosA
2/b*= ¢+ a’- 2ca.cosB
3/ ¢* = a*+ b*- 2bc.cosC

5)Pinh Iy ham sb sin:

a b ¢

sinA sinB sin C

= 2R

6)Cong thire tinh dié¢n tich tam giac:
Goi h_ 1a duong cao xuét phat tir dinh A trong VABC .

at+tb+c
p:—

S 1a dién tich VABC..
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
R 12 ban kinh dudng tron ngoai tiép VABC .
r 1a ban kinh dudng tron noi tiép VABC .

1/S= la.h = lb.hb = lc.h
2 2 2

2/ S= lab.sinC= lbc.sinAZ lca.sinB
2 2 2

35— 2be
4R E E FoD
4/ S= pr
5/ S= \/p (p - a)(p - b)(p - c) (Cong thirc Héron)
6/Chu vi hinh tron : C=2nR
7/Dién tich hinh tron : S=nR?
8/D¢ dai cung tron : 1= Tﬁ;r)l (n 14 s6 do do ciia cung tron)
2
9/Dién tich hinh quat tron: S= mRn
180
10/Bén kinh dudng tron noi tiép da gidc déu n canh: r = #0
. 180
2Sin
n
11/Bén kinh dudng tron ngoai tiép da giac déu n canh: R = ﬁ
2tg
I \ N Y S o S
12/Ban kinh dudng tron bang ticp g 6c A tam giac (r,): r, =
p—a

7.Tinh chit dwong phin gidc — dudng trung tuyén:
Goi: AF la phan gidc goc trong va AE la phan gidc goc ngoai tai dinh A. AD 1a trung
tuyén. Khi d¢ ta co:

AB_FB_EB BC?

AC FC EC

AB*+ AC* =24D* +

PHAN BAI TAP
Bai 1: Cho AABC vuodng tai A, c6 AB=c, AC=D.
~_a. Tinh khoang cach d tir chan dudng phén giac trong cua goc vudng
dén moi canh goc vuong?
b. V6ib =5,78914 cm; ¢ = 8,911456 cm. Tinh khoang cach d6?
Bai 2: Cho tam giac ABC vuodng tai A c¢6 duong cao 1a AH . Cho biét
AB=0,5,BC=13.Tinh AC, AH, BH, CH gan dung v6i 4 chix
s0 thap phan?
Bai 3: Cho tam giac ABC ¢c6 AB=1,05 ; BC=2,08 ; AC=2,33.
a)Tinh d¢ dai dudng cao AH.
b)Tinh d¢ dai trung tuyén AM.
¢)Tinh so do géc C.
d) Tinh dién tich tam gidc ABC .
Bai4: .
1.Cho tam giac ABC vudng ¢ A v6i AB=4,6892 cm ; BC=5,8516 cm. Tinh géc ABC (bang
don vi do dd), tinh d6 dai duong cao AH va phan giac trong CI.
2.Cho ngoi sao 5 canh nhu hinh bén.
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D¢ tai vé mat 4 k nén chia sé cho cac ban hs khong co6 diéu kién tai

Céc khoang céach giita hai dinh khong 1ién tiép cta ngdi sao AC=BD=CE= ... =7,516 cm. Tim ban
kinh R ctia duong tron di qua 5 dinh ctia ngodi sao.
pi
: AN ?
D C

Bai 5:Cho tam giac ABC vudng can & A. Trén dudng cao AH, iy cac diém D, E sao cho AE=HD=
iAH. Céc dudng thang BE va BD lan lugt cit canh AC & F va G. Biét BC=7,8931 cm,

a)Tinh di¢n tich tam gidc ABE
b)Tinh dién tich tir gidc EFGD

Bai 6: Cho tam giac ABC véi 3 canh BC =5,1123; AB =3,2573; AC =4,7428. Tinh duong phan
giac trong AD?
.. A A s . 135 222 _, ) , .
Bai 7: Tia phan giac chia canh huyén thanh hai doan T va T . Tinh hai canh géc vudng?
Bai 8: Cho tam giac ABC véi 3 canh BC = 14; AB=13; AC=15. Goi D, E, F la trung diém cta BC,
AC, AB va {Q} =BENFD;{R} = DF"FC;{P} = AD N EF. Tinh:
. AQ’+AR? +BP?> + BR> + CP* + CQ’
AB’+BC? + AC?
Bai 9: Cho hinh thang vuéng ABCD, dudng cao AB. Cho géc BDC = 90°;Tim AB, CD, AC v&i
AD=3,9672; BC=5,2896.

Bai 10: Cho AD va BC cing vuéng goc véi AB, AED = BCE, AD = 10cm, AE = 15cm, BE = 12cm.
Tinh:

5.1. Tinh dién tich tor gidc ABCD (Sascp) va dién tich tam gidc DEC (Sprc).

5.2. Tinh ti sb phén tram Sprc va Sagcp.
Bai 11: Hinh thang ABCD (AB // CD) c6 duong chéo BD hop v6i BC mét goc bang DAB. Biét AB
=a=12,5cm; DC=b=28,5cm. Tinh:

6.1. B¢ dai dudng chéo BD.

6.2. Ti s6 phan tram giita dién tich tam giac ABD va dién tich tam gidc BDC.
Bai 12: Cho tam giac ABC vuong tai A véi AB =a=14,25cm; AC=b =23,5cm; AM, AD thi ty la
cac dudng trung tuyén va dudng phan gidc cta tam giac ABC. Tinh:

7.1. Do dai cac doan thang BD va CD.

7.2. Dién tich tam gidc ADM.
Bai 13: Cho tam gidc ABC (AB < AC) c6 dudng cao AH, trung tuyén AM chia géc BAC thanh ba
gdc bang nhau.

a. Xac dinh cac goc cua tam giac ABC.

b. Biét d6 dai BC ~ 54,45 cm, AD la phan giac trong ciia tam gidc ABC. Ki hiéu So va S 1a
dién tich hai tam gidc ADM va ABC. Tinh S, va ti s6 phan tram giita So va S?
Bai 14: Cho tam giac ABC c6 dudng cao BD = 6¢cm, d6 dai trung tuyén CE = 5cm. Khoang cach tir
giao diém BD vé6i CE dén AC bang 1cm. Tim d6 dai canh AB?
Bai 15: Hinh thang ABCD (AB//CD) ¢6 AB =~ 2,511cm; CD = 5,112cm; €~ 29°15"; D ~ 60%5",
Tinh:

a. Canh bén AD, BC.

b. Budng cao h cua hinh thang.

¢. Puong chéo AC, BD.
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai

Bai 16: Hai hinh chi¥ nhat cat nhau:
a. Ki hiéu S; = k* 1a dién tich tr giac ANCQ); S, 1a dién tich tir gidc BPDM. Tinh ti 30 %
b. Biét AB = 5cm; BC = 7em; MQ = 3cm; MN = 9cm. Tinh k?

A B

D Cc

Bai 17: Nguoi ta phai lam mot vi kéo bang sat. Biét AB ~4,5cm E—g = % ; AM =MD =DN =NB.

Viét cong thirc va tinh d6 dai sat lam vi kéo biét hao phi khi san xuat 1a 5% (lam tron dén mét).

c
P Q
A B
M D N
Bai 18: Mot tam giac ¢6 ba canh vdi 6 dai 1a 30,735cm; 40,980cm; 51,225¢cm. Tinh dién tich tam

giac do. .
Bai 19: Cho hinh chit nhat ABCD. Qua B ké dudong vudng goéc véi dudng chéo CA tai H. Bict BH =
1,2547cm; BAC =37°2850". Tinh dién tich ABCD.

Bai 20: Cho tam gidc ABC ¢6 B =120", BC = 12cm, AB = 6cm. Phan gi4c trong ciia B cét canh AC
tai D. Tinh dién tich tam giac ABD.

Bai 21: Cho mét tam giac noi tiép trong dudng tron. Cac dinh clia tam giac chia dudng tron thanh ba
cung c6 d6 dai 3, 4, 5. Tim dién tich tam giac?

Bai 22: Cho tam giac ABC c6 AB =3,14; BC =4,25; CA =4,67. Tinh dién tich tam giac c¢6 dinh la
chan ba dudng cao cua tam gidc ABC.

Bai 23: Cho tam giac ABC c6 AB =3,14; BC =4,25; CA =4,67. Tinh dién tich tam giac c¢6 dinh la
chan ba dudng cao cua tam giac ABC.

Bai 24: Tinh gan dung (46, phit, gidy) géc A clia tam giac ABC biét rang AB = 15c¢m, AC = 20cm va
BC =24cm.

Bai 25: Tinh gan dung dién tich tam giac ABC biét rang A= %E = i@ va AB = 18cm.

Bai 26: Cho bén diém A, B, C, D, E trén duong tron tam O ban kinh béng 1dm sao cho AB la duong
kinh, OC L AB va CE di qua trung diém cia OB. Goi D 14 trung diém cia OA. Tinh dién tich cia
tam giac CDE va tinh gan dung goc €DE (d0, phut, giay).

Bai 27: Tir giac ABCD ndi tiép duoc trong mot dudng tron va co cac canh AB = 5dm, BC = 6dm, CD
= 8dm, DA = 7dm. Tinh gan dung ban kinh dudng tron ndi tiép, ban kinh dudng tron ngoai tiép va
gdc 16n nhat (do, phut, gidy) cua tir giac do.

Bai 28: Diém E nam trén canh BC cta hinh vuéng ABCD. Tia phan gi4c cta cac goc EBD, EAD cit

cac canh BC, CD twong (g tai M, N. Tinh gan diing gia tri nho nhat cia ti s % Tinh gin dung

(46, phut, gidy) géc EAB néu % _6

=
Bai 29: Hai duong tron ban kinh 3dm va 4dm tlep xuc ngoai voi nhau tai dlem A. Goi B va C 1a cac
tiép diém cua hai duong tron d6 voi mot tiép tuyén chung ngoai. Tinh gin dung dién tich cta hinh

gii han boi doan thang BC va hai cung nhé AB, AC.
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Dé tai v& mat 4 k nén chia sé cho cac ban hs khong co diéu kién tai
Bai 30: . )
a. Tim géc C (‘bang d6 va phit ) cua tam giac ABC biet a=9,357m; b =6,712m; ¢ = 4,671m
b. Tim d¢ dai trung tuyén AM cua tam giac ABC.
¢. Tinh ban kinh dudng tron ngoai tiép tam giac ABC.
Bai31: Cho tam gidc ABC c6 B=49°72"; C=7352". Canh BC = 18,53 cm. Tinh di¢n tich.
Bai 32 : Tinh khoang cach giira hai dinh khong lién tiép ctia mdt ngdi sao 5 canh ndi tiép trong duong
tron ban kinh R =5,712.
Bai 33: Cho cosA =0,8516; tgB = 3,1725; sinC = 0,4351 (A, B, C nhon). Tinh sin (A +B - C)
Bai 34:
a.Cho tam giac ABQ c6a=38,751m; b =6,318m; ¢ = 7,624m. Tinh duong cao AH ba ban
kinh r cua duong tron ndi tiép.
b.Tinh dudng phan giac trong AD cua tam giac ABC.

Bai 35: Cho tam giac ABC c6 chu vila 58cm, ]§=57'18' ; 6=82'35'. Tinh d6 dai cac canh AB, BC,
AC.
Bai 36: Tinh bang ( d6 va phut) géc hop béi hai duong cheo cua tir gidc 16i noi tiép duoc trong dudng
tronvacocaccanhla:a=5,32;b=3,45;¢=3,69 ;d=4,68.
Bai37:
a.Cho tam giac ABC vudng tai A vdi AB =3,74, AC =4,51. Tinh duong cao AH.
b.Tinh géc B cila tam gidc ABC bang d6 va phut.
¢.K¢é dudng phan giac cia géc A ciia tam gidc ABC cat BC tai I. Tinh AL
Bai 38:
a.Cho tam gidc ABC ( 90° < x < 180°) va sinA = 0,6153 ; AB=17,2 ; AC = 14,6. Tinh BC
b.Tinh d6 dai trung tuyén AM ciia tam giac ABC.
¢.Tinh goc B ciia tam giac ABC bang d6 va phut.
Bai 39: Cho tam giac ABC vudng tai A voi AB = 15, BC = 26(cm). Ké duong phan giac trong BI ( 1
nam trén AC) . Tinh IC.
Bai 40: Cho hinh thang can c6 hai dudng cheo vudng géc vdi nhau. Bay nhé dai 15,34, canh bén dai
20,35cm. Tim d6 dai day 1on.

Bai 41: M6t ngdi sao ndm céanh c6 khoang cach gitra hai dinh khong lién tiép 14 9,651. Tim ban kinh
dudng tron ngoai ticp qua 5 dinh ). .
Bai 42: Cho tam giac ABC co bacanha=2832;b=7,61;c=06,95 (cm). Tinh goc A bang d¢, phut,
giay:
Bai43: Cho tam giac ABC c6 ba canh a= 15,637 ;b =13,154; ¢ = 12,981 (cm). Ba duong phan giac
trong cat ba canh tai A;, A,, A; Tinh dién tich cua tam giac AjAyA;
Bai 44:

a.Cho tam gidc ABC c6 canh a = 12,758; b=11,932; ¢ = 9,657(cm). Tinh d¢ dai dudng phan
giac trong AD.

b.Ve& cac duong phén giac trong CE, CF. Tinh di¢n tich S, cia tam giac DEF.
Bai 45: Cho tir giac ABCD ndi tiép trong mot duong tron ban kinh R véi canh a = 3,657; b=4,155; ¢
=5,651; d=2,765(cm). Tinh R. )
Bai 46: Cho tam giac ABC c6 ban kinh duong tron ngoai tiép R = 7,268 (cm) cac goc B =4830’; C
= 63°42°. Tinh dién tich tam gac ABC.
Bai 47: Cho tir giac 161 ABCD c¢6 céc canh 1a 18, 34, 56,27 (cm)va B+D = 210" Tinh dién tich tir
giac.
Bai 48: Cho cosA =0,8516; tgB = 3,1725; sinC = 0,4351 ( ba goc d¢u nhon). Tinh sin(A+ B-C).
Bai 49:

a.Cho tam giac ABQ c6a=38,751m; b =6,318m; ¢ = 7,624m. Tinh duong cao AH ba ban
kinh r cua duong tron ndi tiép.

b.Tinh dudng phan giac trong AD cua tam giac ABC.
Bai 50: Cho tam gidc ABC c6 B=49°72"; C =73°52". Canh BC = 18,53 cm. Tinh dién tich.

Bai 51: Cho tam gidc ABC ¢6 chu vila 58cm, B =571 8'; C=8235 . Tinh d0 dai cac canh AB, BC,
AC.
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
Bai 52: Mot hinh vudng duoc chia thanh 16 6 (mdi canh 4 6). O thtr nhéat dugce dat mot hat thoc, 6 thir
hai dugc dat 2 hat , 6 thir ba duoc dat 4 hat, . . . .va dat lién tiép nhu vay dén 6 cudi cung(O tiép theo
gAp doi 6 trudc). Tinh tong hat théc duge dat vao 16 6 hinh vudng.
Bai 53: Tinh bang ( d6 va phut) géc hop béi hai dudng cheo ciia tir gidc 16i noi tiép dugc trong dudong
tronvacdcaccanhla:a=5,32;b=3,45;¢=3,69 ;d=4,68.
Bai 54:

a.Cho tam giac ABC vudng tai A v&i AB = 3,74, AC =4,51. Tinh duong cao AH.

b.Tinh goc B cila tam giac ABC bang d6 va phut.

¢.Ké dudng phan giac ciia géc A clia tam gidc ABC cat BC tai I. Tinh AL

Bai 55: Tinh cic goc cua tam gidc ABC, biét:
AB=4,123 ; BC=5,042 ; CA=7415

Bai 56: Tinh canh BC, goc B, goc C cua tam giac ABC, biét:
AB=11,52 ; AC=19,67 va gbc A =54°35"12"’

Bai 57: Tinh canh AB, AC, géc C cua tam giac ABC, biét:
BC =438 ; A=54°35"12""; B=101°15"7"
Bai 58: Tam giac ABC c6 ba canh: AB =4,123 ; BC=5,042 ; CA=7415
DPiém M nam trén canh BC sao cho: BM = 2,142
1) Tinh 6 dai AM?
2) Tinh ban kinh duong tron ngoai tiép tam giac ABM
3) Tinh béan kinh duong tron noi tiép tam giac ACM.

Bai 59: Tam gidc ABC c6: B=49°27" ; €=73°52’ va canh BC = 18,53.

Tinh dién tich S cua tam giac ?

Bai 60: Tam gidc ABC ¢6 chu vi 58 (cm) ; B=57°18" va €=82°35

Tinh d0 dai cac canh AB, BC, CA ?

Bai 61: Tam giac ABC c6 90° < A <180°vasinA =0,6153;AB=17.2; AC = 14.6.
Tinh: 1) D6 dai canh BC ? Trung tuyén AM ?

2) Goc B=2
3) Dién tich tam giac S =?

Bai 62: Tam gidc ABC c6 A =90°; AB =7 (cm) ; AC =5 (cm). a
Tinh d¢ dai duong phan giac trong AD va phan giac ngoai AE ? A
Bai 63: Da giac, hinh tron:

* Mot s6 cong thirc:
1) Pa giac déu n canh, d¢ dai canh 1a a:

faan 2z . ., 360 N
+ Goc 0 tam: o =— (rad), hodc: ¢" =— (d9)
n n

+ Géc & dinh: A=""27 (rad), hoic A ="=2.180 (do)
n n

+ Dién tich: S = %cotg%

2)Hinh tron va cac phan hinh tron:
+ Hinh tron ban kinh R:
-Chuvi: C=2nR
- Dién tich: S = nR?
+ Hinh vanh khan:
- Dién tich: S=n(R*-1")=n(2r+ d)d
+ Hinh quat:
- bd dai cung: 1=0oR ; (o rad)

(]

Lé Xudn HEIng — BT: 0982 590930 — Mail: xhong5678@gmail.com —Nick yah
Trang 42

e: http://toantin.net




Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
in 1
-Diéntich: S§= ERza (ou: rad)

B 7R*a
360

(a: do)

Bai 9: Ba duong tron ¢6 cung ban kinh 3 cm d61 mdt ti€p xic ngoai (Hinh vE)
Tinh dién tich phan xen giira ba duwong tron d6 ?
H.Dén:

Sgach xoc SA010203 -3 Squat

Tam gidc O,0,0; déu, canh bang 1 nén:

N
SAOIOI()} = 566'7 = 9\/§

_ 7Ra 79.60 3x
Squat - = =
360 360 2

1 _
= Sgach xoc — SA()10203 -3 Squat = 9\/§—9?ﬂ. = @ =~ 1,451290327

Bai 10: Cho hinh vuéng ABCD, canh a = 5,35. Dung cac duong tron tdm A, B, C, D c¢6 béan
kinh R = g . Tinh dién tich xen giita 4 duong tron do.

HoDéan: Sgach SAB(‘D 4Squat
1 1
Squat = Z Sh.tron = Z R’

A B

:>Sgach=a2-4. lTcRZZaZ- lTcaz
: 4 4

— a¥(1 - in) ~ 6,142441068

Bai 11: Cho duong tron tam O, ban kmh R = 3,15 cm. Tir mot diém A & ngoai duong tron vE
hai tlep tuyen AB va AC (B, C la hai tlep diém thudc (0) ). Tmh dién tich phan giéi han boi
hai tlep tuyén va cung tron nho BC. Biét OA = a=7,85 cm

HDan A
-Tinh o: cosag=—= =£

OB E
04 a 17,85
23,15
= a=cos ——
7,85
Sosac = 2Sopa = aRsina g
_ TR*2a 7R«
Squat - =
360 180

R*«a

Sgach = Sopac - Squn = aRsina - % ~ 11,16 (cm?)

Bai 12: Tinh dién tich phan duoc t6 dam trong hinh tron don vi (R = 1) (Xem hinh 1)
Bai 13: Tinh ty 1¢ dién tich ctiia phan dugc t6 ddm va dién tich phan con lai trong hinh tron

don vi (Xem hinh 2) 4‘;
NS

Hinh 2
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai

Bai 14. Tinh dién tich phan hinh phang (phan gach xoc) gii han boi cic cung tron va cic
canh cua tam giac déu ABC (xem hinh v§), A

biét: uB=BC=C4=a=575cm.

Gidi: R=04=01=14 :%Aﬂzg-ﬂ.

2
a3

Suy ra:R = =5 va Hor=e60".

Dién tich hinh gach xoc bang dién tich tam gidc 4BC trur dién tich

(gdm 6 hinh vién phén c¢6 ban kinh R va gbe & tim bang 60°).

C
inh hoa 3 1a

=yas)

2
a’\f3 R\3 [a3) 3 a3
Sapc = 4 AO AT = 4 = T 'T: 12
Ay PO A I R*3 R 3) R*(27-343
Dién tich mot vién phan: R V3 =— E—i :(”7\/—).
6 4 213 2 12
a2(27r—3\/§),
N

Tinh theo a, dién tich mdt vién phan bfmg: m

azﬁ_é.az(zﬁ—zﬁ):a2(9\/§—4ﬁ). :5,752(96—4@

S gach xoc
12 12

4 36
Bdm tiép: 5,75[suirt] ] [« [1( 91 31| [-]41x] Dy [+112[4
Két qua: S gaen xoo ~ 8,33 cm’.
Bai 15: Vién gach canh a=30cm c6 hoa van nhu hinh vé .
a) Tinh dién tich phan gach xoc cia hinh N B

S gach xoc =

da cho, chinh x4c dén 0,01 cm. A
b) Tinh ti s phan tram giita dién tich phan
gach xoc va dién tich vién gach. M p
Gidi: a) Goi R 1a ban kinh hinh tron.
Dién tich s mot hinh vién phan bang: %\
ZR* R* R’ a
S:T—T:T(ﬂ—Z):E(ﬁ—Z). D Q c

Vay dién tich hinh gdm 8 vién phan bang a—;(ﬁ -2).

Dién tich phan gach xoc bang: 22 (7;—2) L (42_”) '

Tinh trén mady: 30[SHIFT] (4[- [+]2[4
21(386.28) VAY § gachxoc ~ 386,28 cm’.
an phim tiép: [+] (42.92)
Ti sb cua dién tich phﬁn gach xoc va dién tich vién gach 1a 42,92%.
Pdp s6: 386,28 cm?; 42,92 %.
Bai 16: Nhan dip ky niém 990 nam Thang Long, ngudi ta cho lat lai dudng ven hd Hoan
Kiém bang cac vién gach hinh luc giac déu. Dudi ddy la vién gach luc gidc déu c6 2 mau (cac
hinh tron cung mot mau, phﬁn con lai 12 mau khac).
Hay tinh dién tich phan gach cing mau va ti s6 dién tich giira hai phan do,
biét rang AB=a=15cm.
Giai: Ban kinh dudng tron ndi tiép tam giac déu
1 a\/g _av3 wa’

la: R =, T Dién tich mdi hinh tron 13: 7R =

2
Dién tich 6 hinh tron 1a: *<- .

2
Tinh trén mdy: 15 [SHIFT] [<]2[=] [Min] (353.4291)
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Dé tai v& mat 4 k nén chia sé cho cac ban hs khong co diéu kién tai
2
Dién tich toan b vién gach la:6- \/— 3‘12\5 .

Dién tich phan gach xoc la: 3a2\/— za’ .

Bdm tiép phim: 3]x] 15[SHIFT) II3B =[5 MR] [5(231.13797)

an tiép phim: =] [MR| [SHIFT] [%] Két qua: 65.40
Pdp s6: 353,42 cm? (6 hinh tron); 231,14 cm® (phan gach xoc); 65,40 %
Bai 17: Vién gach hinh lyc gidc déu ABCDEF c6 hoa vin hinh sao nhu hinh v, trong d6 céc
dinh hinh sao M, N, P, Q. R, S la trung diém cac canh cua luc giac.
Vién gach dugc t6 bang hai mau (mau cua

hinh sao va mau ctia phan con lai).
Biét rang canh cia lyc gidc déu laa= 16,5 cm.

+ Tinh dién tich mdi phan (chinh xac dén 0,01).

+ Tinh ti s6 phan tram giira hai dién tich do.

R 2 2
Giai: Dién tich lyc gidc 4BCDEF bang: s1=6.a 3 =3a2ﬁ.
Luc gidc nhoé c6 canh 1a » :E 6 canh sao la cac tam gidc déu ciing c6 canh 1a »=2. Tir do

suy ra: dién tich luc giac déu canh » 1la S, bfmg: S, =

3a2\/§
T

, dién tich 6 tam giac

3b2\3 _ 32’3
2 8

déu canh » 14 S;: S; =

Tinh trén may: 31x]16.5[SHIFT] [*] [x/ 3|V | [ 8 522 21(353.66)Min]

an tiép phim: 31x116,5[sHIFT] [x] < 3[v"| 2122 [ [MR] [=] (353.66)

an tiép phim: [<] Két qua: 100.

Vay di¢n tich haiﬁphﬁn bang nhau. . o

Loi binh: Co6 thé chimg minh moi phan c6 12 tam gidc déu bang nhau, do d6 dién tich hai
phan bang nhau. Ttr d6 chi can tinh di¢n tich luc giac déu va chia doi.

Bai 18: Cho luc giac déu cip 1 ABCDEF c6 canh AB=a=36 mm. T cac trung diém ciia mdi
canh dung moét luc giac déu 4'B'C'D'E'F' va hinh sao 6 canh cling c6 dinh 1a cac trung diém
A, B, C', D, E" F' (xem hinh v¢). Phan trung tdm cuia hinh sao 1a lyc giac déu cfip 2
MNPQRS . Véi luc gide nay ta lai lam tuong tu
nhu d6i voi luc giac ban ddu ABCDEF va duogc
hinh sao m&i va luc gidc déu cap 3. Boi véi
luc giac cap 3, ta lai 1am twong tu nhu trén
va duoc luc gidc déu cap 4. Dén day ta dung lai.
Céc canh hinh sao cung duoc t6 bang mot mau
(gach xoc), con céac hinh thoi trong hinh chia thanh C
2 tam gi4c va to bang hai mau: mau gach xoc
va mau "trang". Riéng luc giac déu cap 4 cung duoc t6 mau trang,
a) Tinh dién tich phan dwoc t6 bang mau "trang theo a. E D' D
b) Tinh ti s6 phan tram giita dién tich phan "trang" va dién tich hinh lyc giac ban dau.
Giii: a) Chia luc giac thanh 6 tam giac déu c6 canh 1a a bang 3 duong chéo di qua 2 dinh di
azx/g _ 3a2\/§
4 2

xuing qua tam, teddtacé S=6. .Chia luc gidc 4BCDEF thanh 24 tam giac déu

c¢6 canh bang % MG&i tam giac déu canh % ¢6 dién tich bang dién tich tam gidc "trdng" 4'NB'
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beé tai v€ mat 4 k nén chia sé cho cac ban hs khong c6 diéu kién tai

(xem hinh v&). Suy ra dién tich 6 tam giac tring vong ngoai bang 2—64 :% dién tich luc gidc cap

1 ABCDEF.

l.3a2\/§' 1)

Vay dién tich 6 tam gi4c trang vong ngoai la: 2

2
b) Twong tu véi cach tinh trén ta c6: MN =h=2; ¢ = L
2 2
4 .,k \ z
Dién tich 6 tam gidc trang cua luc gidc cap 2 MNPQORS la: % 3b 2\5 . 2)
4 .,k \ 2
Dién tich 6 tam giac trang cua luc giac cap 3 la: % 3¢ 2\/5 . 3)
, \ . 2
Dién tich luc giac trang trong cung bang (véi d :%): 3‘]2\5 . 4)

Toém lai ta co:

S _ 1343 _34\3 S _ 1331 3d3 | 343
:

VR R R Y 2
_ 1333 1 3d8\3 _ 3433 343 3433 343
S3_ A - 2 7 S4_ - 2 7
4 2 4 2.4 2 2 2.8 2

Sting =S1TS82T83+S4 =34°3 (2*13+2—1§+2—27 = 3a22\/§ 2'42'42 +2252 2
an phim: 3[x|36[SHIFT] [*] [x| 3|V ] [ 2[2] 2(3367.11) Min|
Vay Sapcprr = 3367,11 mm?.

dn tiép phim: 2[SHIFT] [x*|4[+]2[SHIFT] [x] [+ 2 [<] [] 2[sHIFT]

|6[x| [MR] [=] (1157.44)  VAy Sysng ~1157,44 mm”.
én tidp phim: [4 (34.38). Viy Ssi ~34,38%.
ABCDEF
Pdp s6: 1157,44 mm”® va 34,38%.
Bai 19: Cho hinh vuéng cip moét ABCD véi d6 dai canh 14 AB = a = 40 cm. Lay
A4, B, C, D lam tam, thu ty v€ cdc cung tron ban kinh bang a, bon cung tron cat nhau tai
M, N, P, O. T gidc MNPQ ciing 1a hinh vudng, goi 14 hinh vuéng cap 2. Tuong tu nhu trén,
lay M, N. P, O lam tdm v& cac cung tron
ban kinh MmN, duoc 4 giao diém £, F, G, H
1a hinh vudng cép 3. Twong tu lam tiép duogc
hinh vudng cap 4 XYZT thi dung lai (xem hinh v¢).
a) Tinh dién tich phan hinh khong bi
to mau (phan d¢ trang theo a).
b) Tim ti s6 phan tram giira hai di¢n tich t6 mau va khong t6 mau.
Gidi: a) Tinh dién tich 4 canh hoa trang cap 1 (bang 4 vién phan tru di 2 lan dién tich hinh
vudng cap 2).
2 2 /4
S, = 4-%-%—2/)2 (b 1a canh hinh vudng cap 2).
Twong ty, tinh dién tich 4 canh hoa tring cap 2 va cap 3:

S, = 4(%-%)—2(:2 (¢ 1a canh hinh vudng cap 3).

S, = (”—j-g)—zdz (d 14 canh hinh vuéng cap 4).

Rat gon: S;=a’(z-2)-2b% S,=bX(x-2)-2¢% S3=cX(x-2)-2d°;
Suing=S1T5,S; =7 (a” + b* + ¢”)-4(b* + ¢*)-2 (a° + d).
b) Ta c6: McQ=30"; b = QM = 2MK = 2a.sin15° = a(2sin15°).
Tuong tw: ¢ =2b.sinl5" = a(2sin15%% d =2c.sinl5° = a(2sin15°)’.
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Dé tai v& mat 4 k nén chia sé cho céc ban hs khong co diéu kién tai
Ky hidu x = 2sin15°, ta c6: b = a.x; ¢ = ax’; d = ax’.
Thay vao cong thic tinh dién tich S.;,, ta dugc:
Stefng = 7 (@ +a’x*+a’ x") -4’ X +a*xY) - 2@ +a°x°)
= zat(1 + x>+ x*) - 42°(x* + x*) - 22°(1 +x%)
dn phim: 15 o, [sin] [x2[<] 4[]
[+] 1[=] [x] [SHIFT| [] [x] 40 [SHIFT] [x*| [-]4[x 40 [SHIFT|
1 [MR] [SHIFT] 2] [+] [MR] [SHIFT] [*|4 ]| [ 2[x] 40 [SHIFT] ] [x]

R 6] [2](1298.36) [ Min|
VAay Siing ~1298,36 cm’.
Bdm tiép phim: 40[sHIFT] [*| -] [MR] [5] (301.64)
V&Y Sgen o ~301,64 cm”,
Bam tiép phim: |+ (23.23)

Viy Dmiee 93930/

trang

Pdp sé: 1298.36 cm’; 23.23%.
Bai 20: Cho tam gidc déu 4BC c6 canh 1a o =R3Bon va tam 1a O. V& cac cung tron qua hai
dinh va trong tdm O cua tam giac dugc hinh 3 14. Goi 4', B', C' 1a céc trung diém cac canh
BC, CA va AB.
Ta lai v& cac cung tron qua hai trung diém va
diém O, ta ciing dwoc hinh 3 14 nho hon.

a) Tinh dién tich phan cat bo (hinh gach xoc)
cua tam gidc ABC dé duoc hinh 6 14 con lai.

b) Tinh ti s6 phan tram giira phan cét bo
va dién tich cua tam giac ABC.
Giai: 4'B'C ciing 1a tam giac déu
nhan O lam tdm (vi 44, BB, cC' ciing 1a cac dudng cao, duong trung tuyén cia A 4'B'C'). 6
chiéc 14 chi ¢6 diém chung duy nhat 1a O, nghia 14 khéng c6 phan dién tich chung.

M3bi vién phéan co géc & tam bang 60°, ban kinh bang % duong cao tam giac déu. Goi S la
A

dién tich 1 vién phan. Khi ay S, =
2 a\/g _ a\/g

Ta c6: 0A:§ T
Goi S la dién tich 3 14 16n, S'la dién tich 3 1a nhé. Khi fiy:

S =68, =07f12(2ﬁ-3ﬁ)=i;(2ﬁ-3ﬁ).

0 06 0k 3 )
6 4 2

Goi canh tam gidc déu 4'8'C 1a b, twong ty ta cling c6:
v i
S—?(27r 3V3) 4 (2x-33).
Téng dién tich 6 14 14: S + S = (2ﬁ-3ﬁ)(i;+£).
Dién tich phan gach xoc (phan citbo) 14 S

e (g4 S= a3 o @ d T35
S Saasc (S S) 2 (2” 3\/5)(64_24) (8 lzﬁ)a .

Tinh S,,,.: 33.33[SHFT] [*] /3] [+ 4 2] (481.0290040) [Min]

Tinh S : 7x3 V| 5182155 12[x] [£] [2] [x]33.33 [shrF1] [+*] [£](229.4513446)
Viy S’ £229,45 cm’.
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Dé tai vé& mat 4 k nén chia sé cho céc ban hs khong cé diéu kién tai
an tiép phim dé tinh SS ;4 SHIFT] [%| Két qua: 47.70
ABC

Dap s6: 8" =229.45 cm?; > <4770 %.

ABC

Bai tap tong hop

Bai 1: Tim chit s6 thap phan thir 15 sau d4u phay ciia +/2003 .
Bai 2: Tim chit s6 thap phan thir 2004 sau dau phay trong két qua ctia phép chia 1 cho 537
Bai 3: Tinh 2012003°,
Bai 4: Tim c4c sd nguyén dwong x va y sao cho x> + y* = 2009 va x > y.
Bai 5: Tinh gan dtng gi4 tri nho nhat va 16n nht ciia phéan thirc A = 2%‘_77)(21

X~ +4x+
Bai 6: Cho x'%° + y'%? = 6,912 va x*°%° + y*°° = 33 76244. Tinh x*°%° + y**°.

Bai 7: Tim x, y nguyén dwong thoa min phuong trinh: y =18+ vx +1 +18 —/x +1 .

Bai 8: a) Néu mdt phuong phap (két hop trén may va trén gidy) tinh chinh xac két qua cua phép tinh sau: A =
12578963 x 14375
b) Tinh chinh xac A
¢) Tinh chinh xac cta s6: B = 123456789
d) Tinh chinh x4c cua sd: C = 1023456
DS: A =180822593125 B=15241578750190521 C=1072031456922402816
Bai 9: (Thi gidi Todn trén MTBT khu viec - Nam hoc 2003-2004)
Tinh két qua dung cua cac tich sau:
a) M = 2222255555 x 2222266666
b) N =20032003 x 20042004
Ddp s6: a) M = 4938444443209829630 b) N =401481484254012

Bai 10: (Thi gidi Todn trén MTBT I6p 12 tinh Thdi Nguyén - Nam hoc 2003-2004)
Tinh két qua dung cua cac phép tinh sau:
a) A =1,123456789 - 5,02122003
b) B =4,546879231 + 107,3564177895

Bai 11: (Thi gidgi Todan trén MTBT [6p 10 + 11 tinh Thai Nguyén - Nam hoc 2003-2004)
Tinh két qua dang cua phép tinh sau:
A =152906279178,48 : 565,432

10" +2j2

Bai 12: Tinh chinh xac cua sb A = [ 3

HD:
- Dung may tinh, tinh mét s két qua:

2 2 2
0°+2_,, [10;2} 1156

3
10° +2 10°+2Y
~334 wa [ j=111556
10* +2 10°+2Y
~3334 va [ j — 11115556
k
Nhén xét: 12 s6 nguyén c6 (k - 1) chir s6 3, tan cung 14 s6 4

2
10" +2 . . . . .
[ 3 j l1a s6 nguyén gom k chit s 1, (k - 1) chit s6 5, chit s0 cudi cung la 6

* Ta dé dang ching minh dugc nhan xét trén 1a dung va do dé:
A=111111111111555555555556
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Dé tai v& mat 4 k nén chia sé cho cac ban hs khong co diéu kién tai
Bai 13: Tim s6 ty nhién nho nhit n sao cho 2*+2''+2" 14 s6 chinh phuong
HD: Ta phan tich 2*+2"42" = 2%(9+2"%) vay n = 12
Bai 14: Tim tit ca cac s6 dang 34x5y chia hét cho 36.
Bai 15: Tim mot sé biét néu nhan sb d6 voi 12 16i thém vao 14p phuong cia sé d6 thi két qua bang 6
lan binh phuong so d6 cong vdi 35.
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