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CHUONG 1. BIEU THUC PAI SO

Mot chiéc du thuyén chay trén song Sai Gon du cudc dua trén mot khiic song
dai 3km . Lac nguoc dong thi chiéc du thuyén co t6c do trung binh la x km/h,
con khi xu6i dong thi toc dd nhanh hon 2 km/h. Thoi gian chiéc du thuyén di

xudi dong la gio. Biéu thuc

x+2 x+2

Bai 1. PON THUC VA PA THUC NHIEU BIEN.

I. DPON THUC

dwoc goi la phan thtee dai so.

A.KIEN THUC CAN NHO
Pinh nghia: Don thttc la biéu thirc dai s6 chi gom mot s6, hoac mot bién, hodac mot
tich gitra cac sO va cac bién.
Da thitc 12 mot tong ctia nhitng don thitc. Mdi don thikc trong tong goi 1a mot hang
tk cta da thic do.
Luu y:
- Mbi don thikc cling duoc coi la moét da thiec (chi chita mot hang tt).
- S6 0 dugc goi don thirc khong, cling goi la da thire khong.

Vidu: 5; —%x3y(—4x); 3xy;...

Bac cuia don thie

+ Bac cua don thirc ¢d hé s khac 0 1a tong s6 mi cua tat ca cac bién cd trong
don thitc d6.

+ S0 thuc khéac 0 la don thire bac khong.

+58 0 duoc coi la don thirc khong cd bac.
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Vi du 1. Cho cac biéu thirc sau: —9x; 3x)° +y-x-5; —x 2% B35 Nx; 4ab(—5Ja ;2

X

Xy——xz.
4 3

Trong s6 cac biéu thtc trén, hay chi ra:

a) Cac don thttc.

b) Céc da thic va sO hang tt cta ching.
Hudéng dan giai

a) Cac don thtec la: —9x; —x vt; 3; 4ab(—5j

b) Cac da thic gom:

- Cac don thtrc 6 cau a) déu c6 mot hang tt.

“Da thtic 3x° +y-x—5 c6 bdn hang tir va da thirc xy —%xz ¢6 hai hang ti.

Chua ¥: Céc biéu thite vx ; £ khong phai la don thikc (do d6 ciing khong phai 1a da
X

thirc), vi biéu thiec dau chita phép toan 1dy can bac hai s6 hoc cuia bién x, biéu
thirc sau chita phép toan chia gitra hai bién y va x.

Vi du 2. Tinh gia tri ctia cdc don thitc, da thitc sau tai x=4,y = —é.

a) 3x’y.
b) x* —6xy+36y°.
Hudng dan giai

a) Thay X=4,y:—% vao don thitc 3x*y ta duoc 3-42.(_éj=_8,

b) Thay x=4,y:—é vao da thirc x° —6xy+36y°, ta duoc:
, 1 1Y
42 -6-4- - |+36:| —= | =16+4+1=21.
6 6

B. BAI TAP CO BAN
Bai 1. Ban Binh viét ba vi du vé don thitc nhw sau: (5-x)x*; —%xzy; -5. Em hay

kiém tra xem ban viét da dung chua.
Bai 2. Trong cac biéu thirc sau, biéu thiic nao la don thic?
1) %—i—xzy. 2) 9x%yz. 3) 15,5. 4) l—§x3.

Bai 3. Cho cac biéu thitc sau:

3
2472'1”‘p.2 1

ab® —zr*; JxX 42X —x+4.

s o o -, Oa B k)
3 2z ! y \/5

Trong cac biéu thiic trén, hay chi ra:
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1) Cac don thirc.
2) Cac da thitc va s hang t ctia chung.

Bai 4. Mot btec teong hinh thang vudng co6 N I
ctra s0 hinh chit nhat véi Cé‘C kich T]TL I'i - f - q%\
thwdc nhu hinh bén (tinh bang m). L LT T IN
1) Viét biéu thiic bidu thi dién tich e ofT 1 | LTI, SEEn
teong (khong tinh phan ctra s0). i B B B ‘Tld] li\l\
2) Tinh gia tri dién tich trén khi - I qu J:LTFILHI L ILTJI:LW
8x

x=3m;h=4m.

II. PON THUC THUC THU GON
Dé€ tinh thé tich cua hinh hop chi nhat & hinh bén, ban An viét ¥ =3y.x.2x, con

ban Tam viét ¥ =6x’y. Néu nhan xét vé két qua cua hai ban.

b — — — — — L ——

A. KIEN THUC CAN NHO
Don thtic thu gon 1a don thikc chi gom tich ctia mot s véi cac biéh ma moi bién chi
xuat hién mot [an duwdi dang nang 1én 1ty thira véi s6 mi nguyén duong.
Thtra s6 la mot sO ndi trén dugce goi la hé s6, tich cua cac thira s6 con lai goi la phan
bién ctia don thirc thu gon.
Luu y:
a) Tong sO mil cua tat ca cac bién cd trong don thic (co6 hé s6 khac 0) goi la
bac cuia don thire do.
b) Ta coi mot s6 khac 0 1a don thtic thu gon, c6 hé s6 bang chinh s6 d6 va co
bac bang 0
c) Pon thitc khong (s6 0) khdng c6 bac.
d) Khi viét don thirc thu gon ta thuwong viét hé so trude, phan bién sau va cac
bién duoc viét theo thit tu bang chit cai.
Vidu 3.
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a) Bon thiic nao sau day la don thitc thu gon? Chi ra hé s6 va bac cua mdi don
thire d6.

Sxy’z; —xlyz'; —J5; —5x°-3yz%; —%xy3xz.

b) Hay thu gon cdc don thttc con lai.

Hudng dan giai
a) 5x’z cohé sd1a 5, bacbang 1+2+1=4.
—x’yz’ c6hésbla —1, bacbang 2+1+3=6.
—J/5 c6 hé s6 bang —/5, bacbang 0.

—5x* =3yz* va —ixy%cz khong phai la don thiic thu gon, vi trong tich -5x° -3yz*
6 hai 3135 va —.x'+* 6 bién x xuit hi¢n hai lan.

b) Thu gon:
—5x>-3yz* =(=5).3x"yz* = —15x"yz*.
1

1 1 1
APy I L TN (-1 U B L S B e By
4 4 (x") - 4 FETEY

Chu y:
a) b€ thu gon mot don thirc, ta nhom céc thira so 1a cac so roi tinh tich cua
chiing. Nhém céc thira s6 cung mot bién réi viét tich ctia chuing thanh luy thira
cua bién doé.
b) Tt nay, khi néi dén don thirc, néu khong néi gi thém, ta hiéu do la don thirc
thu gon.

B. BAI TAP CO BAN
Bai 1. Tim hé s0, phan bién va bac ctuia cac don thirc sau:
1) 4x. Hudéng dan giai: Hé s6: 4; Phan bién: x; Bac: 1.

2) 2y. 3)0. 4) 3xy. 5) x'y.
6) 637", 7) 45y, 8) Sxiz'. 9) S
10) %xzzs. 1) %xyzz4. 12) I%xgy“z. 13) %xyzloo.

Bai 2. Thu gon cac don thitc sau day. Chi ra hé sd va bac ctia chiang.
1) 17xp°x . 2) —y(22%)y". 3) x'yx. 4) 6x*y’zy.

Bai 3.
1) Cho biét phan hé sd, phan bién va bac cua moi don thikc sau: 2,5x%y;0,25x%)°.
2) Tinh gia tri cta moi don thike trén tai x=1 va y=-1.

Bai 4. Thu gon cac don thitc sau r6i tim bac va hé s6:

1) (2x2y)(—2x3y).
Huéng dan giai: (2x2 y)(—2x3 y) =-4x’y*. Bac: 7. Hé so: —4.
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2) 7x*y’ Ax*yz". 3) x3(—§x2yj(zx3y4j.
4 5

4) —xy(2x3y4)(—%x2y3j. 5) Sxyz-4x’y’ (—szy).

6) —2xy5(—x2y3)(7x2y). 7) 4x3y(—x2y5)(2xy).

9 o Love)[- L) o (2er o).

Bai 5: Cho cac biéu thirc dai s6 sau: 1+3x;—4x’y ;x> —2x;x*y*. Hay tim ra cac don
thirc roi cho biét hé sd, phan bién, bac cua mdi don thire d6.
Bai 6: Tinh tich hai don thitc sau: —%xz)f va %)fy2 (6x2y4).
.. , 1, 5)(16
Bai 7: Cho don thitc 4= et
1) Thu gon 4 r6i cho biét hé sG, phan bién va bac ctia don thic.

2) Tinh gia tri cta don thitc 4 tai x = %,y =-3.

8
1) Thu gon 4 r6i cho bi€t phan hé s6, phan bién va bac cua don thtc.

Bai 8: Cho don thtic 4 =(%x2y2j(—§xyzzj.

2) Tinh gia tri cta don thttc 4 tai x=—§,y=—l,z=2.

Bai 9: Dién cac don thttc thich hgp vao 0 trong;:
1) 3x%y +[...]=5x%y
2) [ ]-2x? =74
3) [+ ]+ ]=x° / —

I1I. CONG, TRU PON THUC PONG DANG
Cho hai hinh hop chit nhat 4 va B c6 cac kich thwdc ,
nhw hinh bén. )
a) Tinh tong thé tich cua hinh hop ch nhat 4 va B.
b) Thé tich cua B 16n hon thé tich ciia 4 bao nhiéu?
Hai don thitc 10x*y va 15x*y 6 phan bién nhuw
nhau, déu la x’y. D€ cdng, trir hai don thirc nay,
ap dung tinh chat phan phdi cua phép nhan doéi
voi phép cong, ta thiec hién nhu sau:
10x%y +15x°y = (10+15)x2y =25xy;
15x°y—10x"y = (15—10)x2y =5x"y
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A.KIEN THUC CAN NHO
Hai don thitc dong dang la hai don thitc ¢6 hé s6 khac 0 va c6 cung phan

bién. D€ cong, trir (hay tim tong, hiéu) hai don thirc dong dang, ta cong, trir hé

s0 cua ching va gitt nguyén phan bién.

Vi du 4: Mbi cdp don thiic sau cé dong dang khong? Néu ¢, hay tim tdng va hiéu
ctia ching.

a) 5x°y va 12x’y.

b) xx* va -6x’y .

) 4xy va 3xyz’.

Hudng dan giai

a) 5x’y va 12x*y 1a hai don thitc dong dang, vi ¢6 hé s6 khac 0 va cung phéan
biénla x’y.

Ta co: 5x°y+12x°y =(5+12)x’y =17x’y.

4xy’ —Txy’ = (4—7)xy3 =-3x)".

b) Ta co: xyx* =xx’y =x’y. Vay hai don thitc xyx* va —6x’y c6 hé s6 khac 0 va
cung phan bién 1a x’y, do d6 chting la hai don thiic dong dang. Ta cé:
xyx” + (—6x3y) =xXy—6xy= (1 —6)x3y =-5xy;
xyx’ —(—6x3y) =X’ y+6x’y= (1+6)x3y =7x’y.

c) Ta thdy don thtrc 3xyz° chira bién z, trong khi don thitec 4xp khoéng chira
bién nay, do d6 chung c6 phan bién khac nhau. Boi vay, ching khong
phai 1a hai don thirc dong dang.

B. BAI TAP CO BAN
Bai 1: Mdi cdp don thikc sau c6 dong dang khong ? Néu cd, hay tim tdng va hiéu cua

ching.
1) 2xy va —7xy. 2) -3x’y va 5x’y. 3) —10abc® va 10c’ba .
Bai 2: Banh dau "X" vao 0 trong ma em chon la hai don thirc d6ng dang véi nhau:
1) x* va x* [...] 2) xy va —5xy |..]
3) (xy)2 va v’ [..] 4) %xz)f va g;fy2 [...]
5) 5x* va 5x*[...] 6) %)fy5 va -3y°x° [..]

Bai 3: Xép cac don thitc sau thanh tirng nhém cac don thirc dong dang:

éxzy; xy’; —%xzy; —2x%; Xy, ixyz; —%xzy; xy.

3
Bai 4: Viét ba don thitc dong dang véi don thiec —2x°y roi tinh tdng cta ca bon don
thirc do.
Bai 5: Tim tong ctia ba don thire: 25x)%;55x° va 75x°.
Bai 6: Tinh:
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1) 3x*y-7x’y+5x°y.

Hudéng dan giai: 3x’y —7x’y +5x’y =x’y .
2) -1x°y* +4x’yt =2yt
3) 4xy° —8xy° +4xy’.
4) 5x°y" -8x’y" —2x7y’.
5) 9x*y’ —12x°y° +x°y".
6) -6x’y+7x°y-3x"y+x’y.
7) 3xy° =5x° —Txy° + 0°.
8) 4x’y—3x’y+3x"y+2x’y.
9) 5x*y’ —7x'y’ —5x*y’ +x*y°.

IV. DA THUC THU GON
Cho hai da thitc 4="7x" —5xy—3y-3x" —xy; B=4x" —6xy-3y.

Tinh gid tricia 4 va B tai x=2 va y= —%. Néu nhan xét vé hai gia tri nay.

Str dung tinh chat ctia cac phép tinh (giao hoan, két hop, phan phdi), ta cé thé
bién d6i da thiic A nhu sau:

A=T7x"=5xy—3y-3x" —xy :(7)c2 —3x2)+(—5xy—xy)—3y =4x° —6xy—3y(: B)
Da thitc B khong c6 hai hang tit nao dong dang. Tanoéi B la mot da thirc thu
gon.

A.KIEN THUC CAN NHO

Da thtic thu gon 1a da thirc khong chira hai hang tr nao dong dang.
Luuy:

a) Bién d6i mot da thic thanh da thire thu gon goi la thu gon da thic do.
b) D€ thu gon mot da thic, ta nhdém cac hang tir d6ng dang vdi nhau va cong
cac hang tr dong dang dé véi nhau.
c) Bac ctia hang ttr c6 bac cao nhat trong dang thu gon cta da thirc goi la bac
cua da thic do.

Vi du 5: Thu gon va tim bac ctia mdi da thikc sau:
a) M =4a—-5b+7-3a—-4-12b.
b) N=2xy+4x—x"y’ +xy-5x"y-2x.

Hudng dan giai

a) M =(4a—-3a)+(-5b-12b)+(7-4)=a—17b+3.
Ba hang tt cia M Ian lwot co bacla 1,1,0. Do d6, bac cua M br;”mg 1.
b) N= (2)(2)/—5)c2y)+(4x—2)6)—x2y3 +xy=-3x"y+2x-x"y +xp.

Bon hang tir cua N lan luwot coébacla 3, 1, 5, 2. Do d6, bac cia N bz\?mg 5.
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B. BAI TAP CO BAN
Bai 1: Thu gon va tim bac ctia mdi da thikc sau:

1) A=x-2y+xy-3x+y’. 4) D=Txy—4x> +3y" —4xy -7y +9x°.
yT+Xy y %

2) B=2xyz+4xy’z—5x’yz + xy°z - xyz 5) E=§x2y+2xy2 —xy+ixy2 —Sxy—éxzy

3) C:xyz—x2y+xz—%xyz+%xz. 6) F=x"—5xy+3x +xy—x’ +%xy—x2.
Bai 2: Tinh gia tri cta cac biéu thitc sau:

1) B=3x"+2xy—1tai x=2, y=—1.

2) C=2x"+ —2x’y 2+1 tai x=-1, y=1.
Bai 3: Thu gon va tim bac cta mdi da thitc sau r6i tinh gia tri ctia ching tai x =1,

y=-2.

P=5x"-3xy+2x)" —x’y+2y" =7x*y* = 2x)".

O=x"+xX"y+xy" —x"y-xp° - x’.
Bai 4: A:Sxy2—7xy2—%xy2. Thu gon 4 vatinh gid tri 4 tai x=-2, y=1.

Bai 5: Tinh gia tri cua da thitc 4=3x"y—4xy—2x"y+2xy+1 tai x=2, y:—%.

Bai 6: Cho hinh hop chit nhat c6 cac kich thudc nhu hinh bén (tinh

N P
theo cm). | '
1) Viét cac biéu thtkc tinh thé tich va dién tich xung quanh M : Q
cta hinh hop ch@ nhat do. . !
2) Tinh gia tri cta cac dai lwong trén khi x=3cm;~2=7cm. LB C
C.BAI TAP TU REN - 3 2x
A X D

Bai 1: Chi ra cac don thic, da thirc trong cac biéu thic sau:
—4; 3t; l)cy+3; —6x°y’z; l; 4x-Z; 3—1.
2 xy 3 y
Bai 2: Cho cac biéu thitc:
%x; (V2 1) 3% %xzy; iy% —xy+2; —%xzy; g
1) Trong cac biéu thirc da cho, biéu thirc nao 1a don thic? Biéu thirc nao khong
la don thitc?
2) Hay chi ra hé s& va phan bién ctia mdi don thikc da cho.
3) Viét tong tat ca cac don thirc trén d€ dwoc mot da thire. Xac dinh bac caa da
thire d6.
Bai 3: Thu gon cac don thttc sau. Chi ra hé s, phan bién va bac ctia mdi don thtc.

2 1
Sxyx; —xyz=y; =2x*| —— |x.
e 20 )
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Bai 4: Thu gon cac don thirc sau r6i chi ra phan hé so, phan bién va tim bac cua moi
4 5 41 1 2.3 6 _2 2 1 2
don thtc: 2x°yz Ty z |2xz”. Tx y Exy —X .

Bai 5: Cho don thic A:%xsyz 22 .

1) Thu gon 4 va tim bac, hé s6, phan bién cua 4.

2) Tinh gia tri cta don thitc 4 tai x=-1, y=2.

Bai 16: Cho don thirc M = [%Sxéy“] 0

ix3y].

1) Thu gon don thitc M r6i cho biét phan hé s, phan bién va bac cua don thire

2) Tinh gia tri cia don thitc & tai x=—1, y=2.
NN e 7 ./ . .« A? 7 1 5 3 5 5 .
Bai 7: Tinh gia tri biéu thtc SXY—gx y+x’y tai x=1, y=—1.

Bai 8: Tinh gia tri cua biéu thitc P=3xy" —6xy+8xz+xy° —10xz tai x=-3, y= _71,

z=3.
Bai 9: Thu gon va tim bac mdi don thire sau:

) M=x-3-4y+2x—y. 2) N=—xt+136 +xt> + 5t — 4.

3) P:4a2b—6ab2—3a2b+2+6ab2—%. 4) Q=xp" —x" —Txy—xp" +Txp—3.

Bai 10:
Viét biéu thirc biéu thi thé tich ¥ va dién tich N P
xung quanh S cua hinh hdp cht nhat trong " : .
hinh bén. Tinh gid tri cia ¥, S khi x=4 cm, " /,/‘g e —Zy c
y=2cm va z=3 cm. A/ - v

N\ e 7 1
Bai 11: Cho da thtc M = 3x2y+§xy2 +7xy—0,5-2x"y —3xy°.

1) Thu gon da thitc M va tim bac cta da thire M.

2) Tinh M + N biét N=x"—2xy—xy +1,5+9x".
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Bai 12: O Da Lat, gia téo 1a x (d/kg) va gid nho 1 y (d/kg). Hay viét biéu thizc dai

sO biéu thi so tién mua:
1) 5 kg tdo va 8 kg nho.
2) 10 hop téo va 15 hop nho, biét mdi hop tao cd 12 kg va mdi hop nho cb 10
kg. Mbi biéu thitc tim dwoc & hai cau trén c6 1a da thirc khong?
Bai 13: Cho da thittc f(x)=ax+b biét f(—2)=0 va f(2)=8.Tim a va b.

Bai 14: Thu gon da thicsau: Q=x" 4y’ +z2° +x> —y* + 22 + x>+ —2°.

Bai 2. CAC PHEP TOAN VOI DA THUC NHIEU BIEN

I. CONG, TRU HAI PA THUC
Xét hai da thttc 4 =34’ —4ab+3b>; B=a’ +5ab—2. Ta thuc hién phép cong, trir
hai da thitc nhw sau: 4+ B= 3a® —4ab+3b> + a*+5ab—2

—3d® —4ab+3b* +a* +5ab—2 ( quy tac ddu ngodc)
= 3d* +a® + —4ab+5ab +3b* —2 (Tinh chat giao hoan va két hop ctia
phép cong)
=4a* +ab+3b* —2 (cOng, trir don thirc dong dang)
A—B= 3a’ —4ab+3b* — a’+5ab—2
—3a* —4ab +3b* —a® —5ab+2 ( quy tac ddu ngodc)
= 3a*—a* + —4ab—5ab +3b* +2 (Tinh chat giao hoan va két hop ctia
phép cong)
=2a” —9ab +3b* +2 (cfng, trir don thic dong dang)
A.KIEN THUC CAN NHO

D€ cong, trir hai da thiic ta thuc hién cac budc:

- Bo d4du ngodc ( st dung quy tac dau ngoéc)

- Nhom cac don thirc dong dang ( st dung tinh chat giao hoan va két hgp)

- Cong, trir cac don thitc dong dang.

Vi du 1: Cho hai da thittc sau: M =5x’y+5x—3 va N =xyz—4x’y+5x—2. Tinh

M+NvaM-N.
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Hudng dan giai

M+ N= 5x’y+5x—3 + xpz—4x’y +5x—2
=5x"y+5x—34+xpz—4x’y+5x—2
= 5x’y—4x’y + 5x+5x +xyz+ —3-2
=x’y+10x+xpz—5.
M—N= 5x"y+5x—3 — xyz—4x’y +5x -2
=5x"y+5x—3—xyz +4x’y —5x+2
= Sx’y+4x’y + S5x—5x —xyz+ —3+42
=9x"y —xyz—1.
B. BAI TAP CO BAN
Bai 1: Cho hai da thitc 4=4+3xy—2x’y* va B=2x—3xy+4x’y’. Tinh A+B va 4—B.
Bai 2: Cho hai da thttc: M =2x* —2xy—y* va N=x>+2xp+ > —1.
1) Tinh M +N.
2) Tinh M —N.
3) Tinh gi4 tri cia biéu thitc M — N tai x=1, y=-2.
Bai 3: Cho hai da thiic A:3x2y—éx2y; B:xzy-l—gxzy.
1) Tinh M —N. 2) Tim da thitc C sao cho B=—A4+C.
Bai 4: Cho hai da thitc: C=x"y* +3xy -3+ —5xp+9
D=—x"y" +5xy—-3y" +6—2x"y" +2)°.
1) Thu gon hai da thiec C va D. 2) Tinh C+D. 3) Tinh D—-C.

Bai 5: Cho hai da thuirc: M=—3x3y+§x3y; N:_sz3y+2x3y.

1) Tinh M —N. 2) Tim don thitc 4 saocho M =—N+4.

Bai 6: Cho hai da thuec: C:5x3y—ix3y; D:x3y+§x3y.

1) Tinh C—D. 2) Tim don thirc B sao cho D=—-C+B.
Bai 7: Tinh :
1) x+y + x—y . 2) x+y — x—y .
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Bai 8: Tinh tong hai da thitc P=x"y+x’ —xp* +3 va Q=x’+x" —xy—6.

Bai 9: Cho hai da thirc: M =3xyz —3x> +5xy—1 va N =5x" +xyz—5xy+3—y. Tinh
M+N; M—N; N-M.

Bai 10: Tim da thitc P va da thtc Q biét:
1) P+ x*=2y* =x>—y"+3y" —1. 2) O— 5x" —xyz =xy+2x" —3xyz+5

Bai 11: Tim da thitc M biét: M + 3x*y° —7z° =9—x*y’ +62°.

Bai 12: Tim da thitc B biét: B —[7)(3 —4x’y —%] = [2x3 —%xzy —%]

Bai 13: Cho hai da thitc: M =x* —2xy+y*; M =y"+2xp+x" —1.

1) Tinh M +N. 2) Tinh M —N.

Bai 14: Tinh gia tri biéu thitc 4= —-2x"y + x° —%xzy—kxy—4xy3 +1voi x=-1 y:%.

Bai 15: Viét mot da thire bac 3 véi hai bién x, y va cd ba hang tt.

II. NHAN HAI DA THUC

I. NHAN HAI PON THUC.
Cho hai don thttc P=—4x’y* va 0=5x"y.

Ta nhan hai don thttc nay nhuw sau:

PO= —4x’y* . 5x'y
=[—4 5. ¥x" . y'y (tinh chat giao hodn va két hop ctia phép tinh nhan)
=—20x""y".

A.KIEN THUC CAN NHO
D€ nhan hai don thtic ta nhan hé sd véi nhau, nhan cac 1y thira cung bién, roi

nhan cac két qua voi nhau.
Vi du: Thuyre hién phép nhan don thitc sau:

a) —5a’v* . -7b* . b) xy 3.[%2)62)/4].

Hudng dan giai
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a) —5a’p’ . 1" =[-5.-7|a’.(b’b*)=35a’b".

_ _ ) )
b) xyS.[szzy“]: x’y’ .[szzy“]:(T]. ©x oyt :Txy

B. BAI TAP CO BAN
Bai 1: Thuc hién cac phép nhan don thitc sau:
1) 54’ . —94°b . 2) —8mn . —Tm’n’ . c) —2x’.3x%y
Bai 2: Cho hai don thirc 4= %xz)f va B= éx3y2 .
1) Hay xac dinh hé sd va bac ctia hai don thic 4 va B.

2) Tinh 4.B.

Bai 3: Tinh tich ctia cic don thitc sau roi tim bac ctia don thirc thu dwoc
—1 1 12 5
1) —x*y va 2x°. 2) =X’y va =2x°y°. 3) =x*y* va Zxy.
) 3 y ) 7Y y ) TR 5%

Bai 4: Rat gon:

L
e e R R

Bai 5: Cho hai don thic 4= _T4xyzz3 va B= gxzyz .

1) Tinh tich cta hai don thtc trén.
2) Tim hé s6, phan bién, bac cta don thirc vira thu gon.

Bai 6: Tinh tich ctia cic don thitc sau roi tim hé s6 va bach cta tich tim duoc
1) ixy3 va —2x°yz". 2) —2x’yz va —3xy’z.

Bai 7:
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5.1’__1»": = 25.‘(3_1"2:2

111 LOY THUA CUA MOT SO HU'U Ti.

A.KIEN THUC CAN NHO
Muoén lity thtra mot don thite ta 1ay thira ting thira s6 ctia don thire do.

Vidu: —3x°7° g 9x*y*z°.
B. BAI TAP CO BAN
Bai 1: Rat gon:

1) —11x°y’z* ?) Hudng dan giai: —11x’y’z* g 121x"0y" 2%

3
2) [%lx“yzz] . 3) 2x*y’Z’ " 4) 3x*y’z ’

Bai 2: Thu gon cac don thitc r6i cho biét hé sG, phan bién va bac ctia cac don thirc

sau:

1 —4 5, V(1 .Y 2 .1 2
1) —1=x 2[—x2 ] [—x3 ] 2) Zx*.—xp.3 2[— ; 4].
) XYY |y )3x4xyy5xy

III. NHAN HAI PA THUC.
Xét don thirc 4 =3a va hai dathttc B=4a—-1. C=4a—-3b+5.

Ta nhan hai da thitc 4 va C nhu sau:

AC=3a 4a—-3b+5

=3a.4a—3a.3b+3a.5 (Tinh chiat phan phoi ciia phép nhin doi voi phép

cong)

=12a*> —9ab +15a.
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DPé nhan hai da thitc B va C, ta nhan tiing hang tt ctia B voi titng hang t

cua C, roi cong cac két qua voi nhau:
BC= 4a—1 4a-3b+5
—4q 4a—3b+5 —1 4a—3b+5

—=16a* —12ab+20a—4a+3b—5
=16a* —12ab+16a+3b—5.

A.KIEN THUC CAN NHO
Dé nhan don thiic véi da thiec, ta nhan don thiee d6 véi tling hang tir cia da
thirc, r6i cong cac két qua véi nhau.
D€ nhan hai da thirc, ta nhan ting hang tt ctia da thirc nay véi da thic kia, roi
cong cac két qua véi nhau.
Vi du 3: Thiec hién cac phép tinh nhan:
a) 3xy ¥’ —5y* . b) x—2y x*—x’ .
Hudng dan giai

a) 3xy x’ —5y" =3xyx’ —3xp.5y" =3. xx’ y— 3.5 x yy' =3x'y—150".
b) x—2y x¥*—x’ =x x’—x° -2y x’—x°

=xx —xxy’ —2yx +2yxy’

=x —x" ) —2x"y+2x°.

B. BAI TAP CO BAN

Bai 1. Viét cac biéu thitc sau thanh da thirc:
1) —4a* a’b—a’ . 2) x+2y x’y-3y .

Bai 2. Mot manh vuon c6 dang hinh cht nhat vdi d6 dai hai canh 1a 3x+ y (m) va

3x—y(m).

1) Viét da thitc biéu thi dién tich cia manh vuon trén theo x va y.
2) Tinh dién tich cia manh veon khi x=5, y=3.

Bai 3. Rat gon biéu thic roi tinh gia tri:
A= 4 —2x—1 — ¥ —4x 42 voi x= _%.

Bai 4. Tinh dién tich phan t6 mau trong hinh bén

T+ vy

2z 4 3y
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II. CHIA DA THUC CHO bON THU’C.

I. CHIA PON THUC CHO PON THUC
Cho hai don thitc 4=15x"y’ va B=5x"y.
Néu c6 don thiecc C sao cho 4= B.C thi tandi 4 chia hét cho B, duoc thuong
C vaviét 4:B=C.
Ta thiec hién phép chia 4 cho B nhu sau:
A:B=15x"y": 5x’y = 15:5 . x:x . ¥y 1y =3x")".

A.KIEN THUC CAN NHO
Mudn chia don thitc 4 cho don thitc B (vdi 4 chia hét cho B), ta lam nhw
sau:
-Chiahésd cua 4 chohé soctua B.
- Chia lay thtra cta ting bién trong 4 cho liy thira cung bién d6 trong
B.
- Nhan cac két qua tim dugc véi nhau.
Vi du 4: Thyc hién phép chia 14x"y’z* cho 2x°).
Hudng dan giai
14x°y°2%: 2x°y* = 14:2 . x*:x° .y :y? 22 =Txy2".
B. BAI TAP CO BAN
3.4_2

Bai 1. Thuc hién phép chia 8x°y°z* cho 4x’y*z>.
Bai 2. Thuc hién phép tinh.

1) x°:x°. 2) 18x" :6x". 3) 10x’y : 2xy. 4) —xp " —x’
5) 15x%y* : 5x°. 6) 8x°y’z% :4x*y’. 7) 6x°y*z% :3xy. 8) 6x°y’z" :3xy.
9) T—Z)ﬁyzs :%xzz. 10) 65x°y": —13x*y* . 11) 5x*y* +9x°y*: —3x° .

12) 4x°y*:2x°y + 5x7y:2x°y .
Bai 3. Tinh gia tri bi€u thuc:
1) 4=15x"y:10x)" tai x=-3 va y:%.
2) B=— xy’z2" : —x’y’z tai x=1, y=—1va z=100.

3) C= —x3y5: —x"?y* tai x=2 va y:—%.

4.3_2

Bai 4. Tinh gia tri cua biéu thirc 15x*)°z* :5xp°2* véi x=2, y=—10, z=2024.

Bai 5. Tinh chiéu cao ctia hinh hép chi* nhéat c6 thé tich ¥ =24xy* va dién tich day
bang 6xy.

Bai 6. Tinh dién tich ddy ctia hinh hop chir nhat c¢é thé tich ¥ =12x’y va chiéu cao
bang 3y.
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II. CHIA PA THUC CHO PON THUC
Xét da thitcc 4 va don thirc B batki.
Néu c6 da thirc C sao cho 4=B.C thitandi 4 chia hét cho B, dugc thuong C
vaviét 4:B=C.
Ta c6 quy tac sau day:

A.KIEN THUC CAN NHO
Muoén chia mét da thitc cho don thitc (treong hop chia hét), ta chia tiing hang
tt cta da thiee cho don thitc d6, roi cong cac két qua tim duoc voi nhau.
Vi du: Thure hién cac phép chia da thitc cho don thitc sau:
a) 12a>—6ab+18a : 3a . b) x*y*—6xy’ 1 —2x)° .
Hudng dan giai
a) 12a° —6ab+18a : 3a =|12a": 3a |+|—6ab: 3a |+[18a: 3a |
=12:3.ad’:a + —6:3.a:a b+ 18:3 . a:a
=4a—-2b+6
b) x*y*—6xy’ : —2x)° :[ x'y? 1 —2xy? ]—{—[ —6xy° @ —2xy° ]
:[1: —2]. xtix L yty? —I—[—6 D=2 ] x:x .y 1y

15
=——x +3
> y

B. BAI TAP CO BAN
Bai 1. Thuc hién cac phép chia da thitc cho don thttc sau:

1) 5xy—8x* :x. 6) 3x'y’ —9x’y* +25x° : xp° .

2) X +12x* —5x :x. 7) 5x5y4z+%x4y223—2xy322]:[ixyzz].
3) 9x’y’ —2xp° +6x°y : —3xy 8) 9x’y’ +5x7y—4dxy : 2xy

4) 8x’—6x" : 2x" . 9) 12xp> +8x*y* —16xy : —dxy .

5) 3x’y’ +6x°y° —12xy : 3xy 10) 6xy° —9x’y+3x°y* : 3xy .

Bai 2. Tinh chiéu cao cta hinh hdp chit nhéat co thé tich ¥ =8x’y —6xy” va dién tich
déy béng S=2xy.
Bai 3. Tinh gia tri cua biéu thtc:
1) 4= 15x°y° —10x’y* +20x*y* : 5x°y° tai x=—1, y=2.

2) B= 2x2y2+.’>9c4)/3—6)c3y2 : xy2 tai x=y=-2.

C. BAI TAP TU REN
Bai 1: Tinh:
1) 3x+2y+(2x-y). 3) 3x° -4’ +5xy+6+(-x2 +y’ -8xy+9x+2).
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2) 5x—2y—(3x—7y). 4) 2x°y - 2xy° +9—<6x2y+8xy2 -12xy +5).
Bai 2: Tim d¢ dai canh con thiéu cta tam giac
& Hinh bén, biét rang tam gidc cé chu

vi bang 7x+5y.

Bai 3: Thuec hién phép nhan.
1) 3x(2xy—5x2y). 2) 2x°y(xy - 4xy* +7y). \

3) 2x(1-3x2+§xyj. 4) 6x2y(3xy-§x+§y-x2)

5) (-%xy“r@&ﬂ.(-é)gzj.

Bai 4: Thuc hién phép nhan.

1) (x+y)(x-3y). 4) (5x-2)(7x-3).
2) (2x—y)(3x+2y). 5) (3+x)(x2-3x+9).
3) (x+5)(5-x). 6) (2x+y)(4x2-2xy+y2).
Bai 5: Thuc hién phép chia.
1) 20x°y : (5x%?). 2) 18y’ : [3(-x)3 yz]
Bai 6: Thuc hién phép chia.
1) (]5x3y4 -9x2y3):(3x2y2). 2) (4x3y2 -8x2y+]0xy).' (ny).
3) (7x4y2 -2x°y7 - 5x3y4) : (3x2y). 4)(20x3y22 +28xy°2° - 4x2yz3) : (4xyz).

Bai 7: Tinh gia tri biéu thic sau:
1) A=x"y+xy’ tai x=2,y=-4
2) B=x"y+2x’y’ tai x=-],y=é

Bai 8: Tinh gia tri cua bi€u thuec.

1) 3x2y—(3xy—6x2y)+(5xy—9x2y) tai xz%’y:-

N w

2) x(x—2y)—y(y2 —2x) tai x=35,y=3.

Bai 9: Tinh chiéu dai ctia hinh chi nhit c6 dién tich bé”mg 6x°y+8y’ va chiéu rong
béng 2y.

Bai 10: Tinh dién tich day cta hinh hop chit nhat 6 thé tich bang 6x’ —3xp” +9x°y

va chiéu cao bang 3x.
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Bai 11: Van c6 x nghin dong va da chi tiéu hét y nghin dong, sau d6 Van duoc chi

Mai cho z nghin dong. Hay viét biéu thirc dai sO bi€u thi so tién ma Van co
sau khi chi Mai cho thém z nghin dong. Tinh s6 tién Van co khi
x=380,y=70,z=060.

Bai 12: Trén mot dong song, dé di duwgc 12km, mot chiéc xudng tiéu ton a lit dau khi
xudi dong va tiéu tén (a+2)lit dau khi nguwoc dong. Viét biéu thiic biéu thi s&
lit dau ma xudng tiéu ton d€ di tir bén B nguoc dong dén bén B, réi quay lai
bén A. Biét khoang cach gitra hai bén 1a b km.

D. BAI TAP LUYEN TAP CHUNG

Bai 1: Cho biéu thitc C=8xy+7x" +3)y° +2xy-4x" -9’

1) Thu gon biéu thue C. 2) Tinh gia tri cua biéu thic C tai x=-1,y=-2

Bai 2: Tinh gia tri cac biéu thac:

1) A=3x - 155 + 8¢ voi x=§

2) B=2x"y" - 5x(xy’ )’ + xy°(xp)’ vOi x=-],y=§
Bai 3: Rat gon:
5.4 2.3 2.3 5.4 ] 4 3 3.4 5 4 3.4
1) -3x"y" +3x7y" -7x"y” +5x7y". 2) Ex y-Exy +§x y-xy’.
1 1 3 1
3) 5x-7xy° +3x-—xp’. 4) -=x"y +=x’y-=x’y+x"y’.
) y > ) SX Y T Xy SXyExy
Bai 4: Thu gon
1) -3x*yz -ix3yzz -£x4y3z . 2) -4(2x)2 y3+lxy(-2xy)2 +lx2y3.
6 2 2 4
3 3 2 1 5 (5 3
3) =x* 325(-—x 52)(-—x5 Zj. 4) —x* -—x{—x j-i-—x" i
)5y 707 Zx )3y3 PRl MR
BAI TAP CUOI CHUONG
PHAN TRAC NGHIEM
Cau 1. Tinh gia tri biéu thac B=5x"-3x-18 tai |x| = 3.
A. B=18. B. B =18 hoac B =36.
C. B=36. D. B=18 hoac B =36.
Cau 2. V6i x=-3;y=-1;,z=2 thi gia tri bi€u thttc D=2x’ +3)°-8z+5 la:
A. D=-26. B. D=37. C. D=-37. D. D=-62.
Ciu 3. Véi x=-4,y=15,z="-2 thi gia tri biéu thitc £ =x" -4’y +6z la:
A. F=-25. B. E =-52. C. £E=52. D. E =-76.
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Cau 4. Tinh gia tri biéu thac szz(x+y)—y2(x+y)+2(x2—y2)+2(x+y)+3 biét

rang x+y+2=0.
A. D=0. B. D=-3. C. D=-2. D. D=-1.

Cau 5. Cho xz=8 wva x+y+tz=0. Tinh gid tri cta biéu thac
M=2(x+y)(y+z)(x+z).
A. M =0. B. M =-8. C. M =-16. D. M =16.

Cau 6. Cho xyz=4 wva x+y+tz=0. Tinh gid tri cta biéu thac
N = (5x+5y)(3y+32)(4x+4z).

A. N=0. B. N =240. C. N =-240. D. N =-120.

Cau 7. Gia tri ctia bi€u thire 4x°y - %xy2 +5xy-x tai x=2,y=-1 la:

A 2 B. 24, c 7 D. 16
3 3 27 27

Cau 8. Gia tri ctia biéu thtrc xy+x’y’ -x’y tai x=y=-2.
A. 52. B. -52. C. -25. D. 25.

Cau 9. Tinh gia tri biéu thiic Q=3x" +2y°-3z" +4 tai x=y=z=-2.
A. 48. B. 84. C. -84. D. —48.

Cau 10. Cho da thtee x” +3x7y? +2y* - 2y . Tinh gid tri ctia da thic biét x° +y° = 2.
A. 4. B. 2. C. 6. D. -2.

PHAN TU LUAN

Bai 1: Tinh gia tri bi€u thitc sau: P(x)=x"+5x-1 [an lwot tai x=2;x=- é

Bai 2: Tinh gia tri cua biéu thirc sau: 4= é(sz - 9x) tai x=-3.

Bai 3: Tinh gid tri cia biéu thitc sau: 5x° -3x+1 tai x =-2.

Bai 4: Tinh gia tri cua da thitc B(x) tai x =2, biét 3B(x)+B(-1)=6x-22.

Bai 5: Mot manh vuon hinh vudng cé canh bang

a (m) v6il16i di xung quanh vuon rong 1,2 m.

Hay viét biéu thitc biéu thi dién tich toan phan

con lai cila manh vwon. Tinh dién tich con lai

ctia manh vuon khi a =15.
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Bai 3. HANG PANG THUC PANG NHO

I. BINH PHUONG CUA MOT TONG, MOT HIEU

A.KIEN THUC CAN NHO
Co6 4 tam bia, tam bia th& nhat la hinh vudng c6 canh la a, tdm bia th hai la
hinh vudng cé canh la b, con 2 tam bia con lai thi giong nhau va la hinh chi
nhat c6 chiéu dai la a, chiéu rong la b

a

C6 ba ban Chau, Cuong, Thao cung tinh tong dién tich S ctia 4 tdm bia.
— Ban Chau viét biéu thtc biéu thi tong dién tich S cta 4 tdm bia la
S =a’+b’ +ab+ab.
— Ban Cuwong viét biéu thic biéu thi tong dién tich S cua 4 tdm bia la
S=a’+2ab+b’.
— Ban Thao viét biéu thtrc biéu thi tdng dién tich S ctia 4 tdm biala S = (a er)2
Theo cac em thi ba ban Chau, Cuong, Thao viét c6 dung khong?
O'bai nhan da thirc, ta da bién d6i biéu thirc
A= (a +b)2 = (a +b).(a +b)

=a.(atb)+b.(a+b)

=a’ +ab+ba+b’

=a’ +2ab+b’
Thanh biéu thitc B = a’+2ab+b’. Tir day ciing suy ra hai biéu thiic nay c6 gia
tri bang nhau véi bat ki gid tri ndo ctia cac bién a va b.
Ta néi hai biéu thiic A va B bang nhau hodc dong nhat véi nhau va viét 4= B
hay
(a +b)2 =a’+2ab+b’. (1). (1) dwoc goi 1a mot dong nhat thizc hodc hang dang

thirc,
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Trong bai hoc nay, ta lam quen véi mot s& hang dang thite thuong xuyén

duoc stt dung, goi 1a hang dang thitc dang nhd.
Ta c6 quy tac sau day:
* Kién thitc can nhé

Vi hai biéu thitc tuy y A va B, ta co:

(A4+B) = 4>+24B+ B (4-B) =A*-24B+ B
Vi du 1: Viét cac biéu thirc sau thanh da thitc:
a) (x+2)2 b) (x-3y)2 Q) (a2 -5b)2

Hudng dan giai
a) (x+2) =(x) +2.(x).(2)+(2) =x* +4x+4.
b) (x-3v) =(x)"-2.(x).(39)+(3y)" =x7-6xy + 9°.
o) (a*-5b) =(a*) -2.(a*).(5b)+(5b) =a* - 10a°b+ 250",
Vi du 2: Tinh nhanh:
a) 51°. b) 49°.
Huwong dan giai
a) 51°=(50+1)" =(50)" +2.(50).(1)+(1)" = 2500 +100 +1=2601.
b) 49° =(50~1)" =507 —2.(50).(1)+(1)" =2500~100 +1=2401.
B. BAI TAP CO BAN
Bai 1: Tinh bing cach st dung cong thite (4+ B) = 4> +24B+ B.

1) (2x+3)". Hudng dan giai: (2x+3)" =(2x)"+2.(2x).(3)+(3)" = &’ +12x+9

2) (x+2). 5) (3x+2v).  8) (4x+2y). 11) (26 +3y°) .
3) (y+3). 6) (x+3y) . 9) (2x+3yY. 12) (4 +357°) .
4) (2x+1)". 7) (Sx+1Y. 10) (5x+y). 13) -(3+x)’.

Bai 2: Tinh bang cach st dung cong thiec (A4 - B)2 =A>-24B+ B’

1) (3a-1)". Hudng dan giai: (3a—1) = (3a)" —2.(3a).(1)+(1) =9a* —6a+ 1.

2) (a-2)". 3) (x-1). 4) (y-4). 5) (5-x)".
6)(1-5a) . 7)(3a-2b) . 8)(4-3a)’. 9) (x-3y) .
10)(3x- 1. 11)(26°y-507°) . 12)-Gx-3yj .

Bai 3: Tinh nhanh:
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1) 52% 2) 62°. 3) 81°. 4)
98°.
Bai 4: Mot manh vueon hinh vudng c6 canh 10m

duwgc md rong ca hai canh thém x(m) nhw x
Hinh bén. Viét biéu thirc (dang da thikc thu )

gon) biéu thi dién tich manh vuon sau khi mé

10

rong.

10 z

II. HIEU CUA HAI BINH PHUONG

A.KIEN THUC CAN NHO
Vi hai biéu thitc tuy y A va B, ta co:
A*—B’=(A4+B)(A-B)hay (4+B)(A-B)=A"-B’
Vi du 3: Viét cac biéu thirc sau thanh da thitc:
a) (x+2)(x-2). b) (2x+3y)(2x-3y).
Huwéng dan giai
a) (x+2)(x-2)=x"-2"=x"-4
b) (2x+3y)(2x-3y)= (2x)2 - (3y)2 =4x’-9)”°.
Vi du 4: Tinh nhanh: a) 47.53 b) 76> —24°.
Hudng dan giai
a) 47.53=(50-3)(50+3) = 50° —3* = 25009 = 2491.
b) 76" — 24° = (76+ 24)(76 — 24) =100 — 52 = 5200.

B. BAI TAP CO BAN

Bai 1: Viét cac biéu thitc sau thanh da thic:

1) (6-m)(6+m). 2) (3a+5b)(3a-5b). 3) (x+2y7)(x-27).
Bai 2: Tinh nhanh:
1) 82.78. 2) 87.93. 3) 1232-232.

Bai 3: Tinh bang cach str dung cong thiec: (A+B)(A-B)= A" - B’
1) (5a—3b)(5a+3b).
Hudng dan giai: (5a—3b)(5a+3b)=(5a) -(3b)’ = 25a° - 9°.
2) (x-1)(x+1). 4) (3x+1)(3x-1). 6) (3x” - y)(3x" +y).
3) (x-2)(x+2). 5) (5x7-2)(5x° +2). 7) (2x-3)(2x+3).
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III. LAP PHUONG CUA MOT TONG, MOT HIEU
Hoc sinh hay hoan thanh cdc phép nhan da thikc sau chd chdm, thu gon két qua

nhan dwoc:
(4+B) = (4+B)(4+BY (4-BY = (4-B)(4-B)
=(A+B) (o ) ~(A=B)(rrr )

A.KIEN THUC CAN NHO
Vi hai biéu thic tuy ¥ 4 va B, ta cd:
(A+B) = A +34°B+34B* + B*; (A-B) = 4 —34'B+34B* - B’

Vi du 5: Viét céc biéu thikc sau thanh da thic:

a) (a+1)’ b) (a-1)

Huwéng din giai

a) (a+1) =a’+3(a) (1)+3a(1) +(1) =a’ +3a’ +3a+1

b) (a-1)' =a*-3(a)’ (1)+3a(1) -(1) =a*-3a’ +3a-1
B. BAI TAP CO BAN
Bai 4: Tinh bing céch st dung cong thire: (4+B) = 4> +34°B+34B* + B’

1) (a+2). 4) (2+3x)". 7) (2x+3y) . 10) (2x+3y) .(3x+2).
2) (x+1Y, 5) (x+4). 8) (3x+1). 11) (5x+1).
3) (x+3)". 6) (2x+1). 9) (x+3y) .

Bai 5: Tinh bang cach st dung cong thic: (A4 —B)3 =A’-34’B+34B*> - B’
1) (a-2). 4) (x-5). 7) (2x-3yY. 10) (4-47°) .
2) (x-3)". 5) (2x-5)". 8) (x2-2y) . 11) (x-éyj
3) (x-4). 6) (2a-b) . 9 (2x°-3).  12)-(4-2)"

III. TONG VA HIEU CUA HAI LAP PHUONG

Hoc sinh hay st dung quy tac chuyén v& va cac tinh chat ctia phép toan, hoan thanh

cac bién d6i sau vao cho cham:

*(A+B) =4 +34°B+34B* + B’ *(4-B) =4 -34'B+34B* - B’

A +B =(4+B) -34’B-34B A ~B*=(4-BY) +34’B-34B’
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A+ B =(A4+B) -34B(4+B) A*~B*=(4-B) +34B(4+B)
A+ B =(A+B) (o ) A =B =(A=B) (oo )
A +B =, A =B =i,

A +B = A =B =i

A.KIEN THUC CAN NHO
Vi hai biéu thic tuy y 4 va B, ta co:
A +B'=(4+B)(4~4B+B’); 4'~B =(4-B)(4’+ 4B+ B’)
Vi du 7: Viét cac da thitc sau dwdi dang tich:
a) x’ +8. b) x*-64.
Hudng dan giai
a) X’ +8=x"+2"=(x+2)(x7 - 20+ 27) = (x+3)(x* - 2x +4).
b) x’-64=x" -4’ =(x-4)(x’ +4x+47) = (x-4)(x* + 4x +16).
Vi du 8: Tinh:
a) (x+3)(x"-3x+9). b) (y-3)(»* +3y+9).
Huéng dan giai
a) (x+3)(x"-3x+9)=@+3)(x’-3x+3)=x"+3 =x"+27.

b) (y-3)(» +3y+9)=(y-3)(y" +3y+3°)=y"-3"=)"-27

B. BAI TAP CO BAN
Bai 1: Viét cac da thic sau dwdi dang tich:
1) 8y’ +1. 2) y’ -8.

Bai 2: Tinh bang cach st dung cong thikc: (A + B)(A2 — AB + Bz) =A+B

1)(x+])<x2-x+]).. Huwéng dan giai: (x+])(x2—x+])=x3+]
2) (erZ)(x2 -2x+4). 5) [eréj(xZ—%Jréj.
3) (x+3)(x2-3x+9). 6) (x2+2)(x4-2x2+4).

4) (x+4)(x2 —4x+16).




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 3: Tinh bang cach st dung cong thikc: (4 —B)(A2 + AB+ Bz) =A-B

1)(x-])(x+x+l). Hudng dan giai: (x—])(x+x+])=(x)3 SP=x-1

2) (x-2)(x?+2x+4). 5) (x?-3)(x" +3x2+9).
3) (x-3)(x?+3x+9). 6) (x—2)(x2+2x+4).
4) (x-4)(x>+4x+16). 7) (3x-1)(9x2+3x+1).

Bai 4. DBién cac don thttc thich hgp vao 6 trong;:

C. BAITAP TU REN

1) (4+B) = A*+24B + B 5) (4-B) = A4 -34’B+34B" - B
2) (4-B) = A*-24B + B 6) (A4+B)(A*-AB+B’)=4 + B’
3) (4+B)(A-B)=A4>-B’ 7) (A-B)(A*+4B+B’)=4 - B’

4) (A+BY = A +34°B+34B* + B

Bai 1. Duing bt chi ndi cac biéu thite sao cho chiing tao thanh hai v& ctia mot hang

dfmg thitc (theo mau):

(x )(x +xy+y) ] x3+y3
(e ) () Iy

e,
=2+ 1 X 42xy+y°
(x+) it
(v ) (¥~ ) (y=x)

3 2 2 3
Y 43307 +3x°y +x° X =337y 4307 -y

(x=») (x+2)

Bai 2. Viét cac biéu thirc sau thanh da thic:
1) (3x+4Y. 2) (5x—v). 1Y
) (3+4) ) (5v-) (-1

Bai 3. Viét cac biéu thttc sau thanh binh phwong ctia mét tong hodac mot hiéu:

1) ¥ +2xy+1. 2) 9-24x+16x". 3) 4x2+%:2x.

Bai 4. Viét cac biéu thirc sau thanh da thitc:
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1) (3x-5)(3x+5). 2) (x—2y)(x+2y). 3) (—x—ly)(—x-i-lyJ.
2 2
Bai 5.
1) Viét bidu thitc tinh dién tich cta hinh vudng c6 canh bang 2x+3 duédi dang
da thtrc.
2) Viét cong thiic tinh thé tich ctia khéi 1ap phuong ¢ canh bang 3x-2 dudi
dang da thtrc.
Bai 6. Tinh nhanh:
1) 38.42. 2) 102°. 3) 198°. 4) 75> -25%.
Bai 7. Viét cac biéu thiic sau thanh da thac:
1) (2x-3)’. 2) (a+3b) . 3) (xy—1Y. 4) (3ab+3)’.

Bai 8. Viét cac biéu thitc sau thanh da thirc:
1) (a—S)(a2+5a+25). 2) (x+2y)(x2—2xy+4y2).
Bai 9. Viét cac biéu thitc sau thanh da thirc:
1) (a-1)(a+1)(a* +1). 2) (xy+1)" —(xp—1),
Bai 10. Viét cac biéu thitc sau thanh da thitc:
1) Cho x+y=12 vaxy=35. Tinh (x—y)’.
2) Cho x—y=8 vaxy=20.Tinh (x+y)2.
3)Cho x+y=5 vaxy=6.Tinhx’+)°.
4) Cho x-y=3vaxy=40.Tinh x’-)°.
Bai 11. Cho hinh hop ch nhat ¢é chiéu rong, chiéu dai va chiéu cao déu b?ang 5cm.
Thé tich ctia hinh hop chit nhat sé tang bao nhiéu néu:
1) Chiéu dai va chiéu rong ting thém a cm?
2) Chiéu dai, chiéu rong, chiéu cao ting thém a cm?

Bai 12. Thirc hién phép tinh:

1) (x+2) +2(x-1). 8) (x—=3)(x+3)—(x—1)(x"-3).

2) (x=4) +(x+1)(x+1). 9) (2—-x)(2y-2)-(2x—y).

3) (x—y) +2x(x+y). 10) 3(x—1)(x+1)-2(x-3)".

4) 3(x+1)+(x+1’. 11) —5x(x+4) —(x-1)".

5) (x+5)2x—x(x-3)". 12) (x=2)(x+2)(x+1)—4x(2x+1).
6) x(4x+3y)-(y-2x)". 13) (¥ =1)(x*+3)=5x" (x+1)".
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7) (7x—1)(x+2)—(x+4)2. 14) (x—l)(x+5)—(x—2)2 +3(x—2)2.

Bai 13. Tim X, biét:

1) (x+7) —x(x-3)=12. 7) (x=2) —(x+1)(x+3)=-7.

2) (2x+3)" —4x*=10. 8) (x+1)" —(x—2)(x+2)=0.

3) (x+2) —x(x-2)(x+1)=3. 9) (2x+3) —4(x—1)" =16.

4) 27x* (x+1)—(3x+1)’ =-8. 10) (x—2)" —x(x-5)-3=0.

5) (2x+3)" —4(x-1)" =0. 11) (3x—2)(x+9)-(3x—2)" =0.
6) (x+1)(x*—x+1)-x(x*-2)=4. 12) x(4x+1)—(2x-3) =-9.

Bai 14. Hay cho biét gia trj ctia cac biéu thirc sau c6 phu thudc vao gia tri ctia bién x

hay khong?

1) A=3(x+1)" —(x+3)". 6) D=(3x+2) —(3x+2)(3x~2)—6x.

2) B=(x-2) —(x—4)x. 7) E=(3x+5) —(2x-3) +3(6x-7).

3) M =3(x+2) -3(x"-4). 8) F =(2-3x)(4+6x+9x")+27x".

4) N=x"—(x+1)(x-1)+5. 9) G=(x—2) —(x-3)(x+3)+2(2x-3).

5) € =3x(x=2)(x+2)—x(3x+3). 10) H =6(x+2)(x—2)—(2x-1)(3x+2).
Bai 15. Tinh gia tri cua cac bi€u thirc sau:

1) ¥’ -»* tai x=87 va y=13. 2) X’ +9x" +27x+27 taix=97.

3) ¥’ =3x* +3x—1 taix=101. 4) 8x’ —12x* +6x—1taix=1,5.

Bai 16. Rut gon va tinh gia tri ctia bi€u thiec sau:
1) A=x(x+1)—(x+2)"tai x=1.
2) B=(5x+2)(2x—7)—(2x+5)(2x~5) tai x=-3.
3) C=(x-2)" —(x=3)(x+3) taix=2.
4) D=(2x-3)" +(4x+1)(16x" —4x+1) taix =-2.
5) E=(3x+y) —(x+2y)(x —2xp+4)’) tai x=1,y=2.

Bai 17. Tinh:

1) (a+b+c)2. 3) I:(a+b)—c:|2. 5) (x+2y—z)2.

2) (x+y+z)2. 4) (a—b+c)2. 6) (2x+y+z)2.
Bai 18. Tinh nhanh:

1) 101°. 2) 1997, 3) 47.53.

4) 34> +66” +68.66 . 5) 74> +24° -48.74.
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Bai 19. Chting minh rang:
1) (a+b)2:(a—b)2+4ab. 2) (a—b)zz(a+b)2—4ab.

Ap dung
a) Tinh (a—b)’, biét a+b=7va ab=12.
b) Tinh (a+b)’, biét a—b=20 vaab=3.
Bai 20. Chting minh rang:
1) @ +b* =(a+b) —3ab(a+b). 2) a* —b* =(a—b) +3ab(a—b).

Ap dung: Tinh & +5*, biét a.b=6 va a+b=-5.

Bai 4. PHAN TiCH PA THUC THANH NHAN TU
Phan tich da thirc thanh nhan tir (hay thtra s0) la bién doi da thire da cho thanh

mot tich ctia nhitng da thitc. Mbi da thikc thanh 1a mot nhan ttr ctia da thite da

cho.
I. PHUONG PHAP DAT NHAN TU CHUNG

A.KIEN THUC CAN NHO
Vi du 1. Phan tich da thttc P =5ab—-10ab*> +20a° thanh nhan tt.
Huéng dan giai
P=5ab—10ab’ +20a” = Sab—5a.2b* +5a.4a =5a.(b—2b" +4a).

O vi du 1, ta thdy réng mdi hang tt cia da thitc P déu c6 thé viét thanh tich tich cta
5 v6i moi don thitc. Ta goi don thitc 54 1a nhan tt chung ctia cac hang tir
cua P. Sk dung tinh chdt phan phdi ctia phép nhan doi véi phép cong, ta viét
dwoc P thanh tich cta 5a véi mot da thirc. Cach lam nhu vay goi la phan tich

da thitc P thanh nhan ti bang phwong phap dat nhan ti chung,.

B. BAI TAP CO BAN

Bai 1. Phan tich cac da thirc sau thanh nhan ttr.

1) A=x"-x"y. 2) B=8x—4x". 3) C=15x"-5x"y".
4) D=6x"y’ -9xy’z+x7y. 5) E=5x"—10xy. 6) F =12x"-3xy”.
Bai 2. Phan tich da thitc sau thanh nhan ti (bang phuwong phap dit nhan te
chung).
1) 2a+2b. Hudng dan giai: 2a+2b=2(a+b).
2) 2a-2b. 14) ax+a. 26) 12x°y —6xy +3x.
3) —2a-2b. 15) —2ax—4ay . 27) 2(x-y)—a(x-y).
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4) 2a+4b—6¢. 16) 2ax—2ay+2a. 28) mx(a+b)—m(a+b)
5) 3a—6b—9c. 17) mx+my+m. 29) x(a-b)-y(b—a).
6) —4a—8b—12c. 18) —xa—ay—a. 30) mxy—m’x+my.

7) —=5x—10xy—15y. 19) —ax* —ax—-a. 31) 2mx —4m’xy +6mx .
8) —7Ta—14ab-21b. 20) a—2ax—4ay. 32) a’b—2ab’ +ab.

9) 6xy—12x—-18y. 21) Sax—15ay+20a. 33) 5a°h—2ab’ +ab.

10) 8xy—24y+16x. 22) 3a’x—6a’y+12a. 34) -3x*y’ —6x’y’ —x’y*.
11) 9ab—-18a+9. 23) 2axy —4a’xy’ +6a’x’.

12) dax—2ay-2. 24) 5a°xy—10a’x—15ay .

13) xy—x. 25) m(a—b)—m*(a—b)

II. PHUONG PHAP NHOM HANG TU

A.KIEN THUC CAN NHO
Hay hoan thanh bién d6i sau vao chd chAim dé phan tich thanh nhan t:
ax—ay+3x =3y =(ax—ay)+(3x=3)) = oo S s

Ngoai cach trén, cac em cé thé bién doi theo cach khac d€ phan tich thanh
nhan tir hay khong?

O bai trén ta da ghép cac hang tit cia da thitc thanh cic nhém d€ lam lam xuét
hién nhan t& chung. Cach lam nhu vay goi la phan tich da thitc thanh
nhan t& bang phuong phap nhém hang tr.

Vi du 2. Phan tich cac da thitc sau thanh nhan t&: o> —7a+ab-7b.
Hudng dan giai

az—7a+ab—7b=(a2 —7a)+(ab—7b):a(a—7)+b(a—7):(a—7)(a+b).

B. BAI TAP CO BAN
Bai 1. Phan tich cac da thitc sau thanh nhan ttr.
1) a’-a’b+a-b. 2) X’ +3x —xp* =3y°.

Bai 2. Phan tich cac da thitc sau thanh nhan tt.
1) x(a+b)-a—b. Huéng dan gidi: x(a+b)—a-b=x(a+b)-1(a+b)=(a+b)(x-1).

2) x(a=b)+a-b. 8) a(x+y)-x—y. 14) -2x-2y+ax+ay.
3) x(a+b)+a+b. 9) x(a—b)—a+b. 15) x* +xy—2x-2y.
4) m(x-y)+x—y. 10) —a-b+x(a+b). 16) x* —xy+2x-2y.
5) x+y+a(x+y). 11) xz+yz—=5(x+y). 17) 10ax—5ay +2x—y .
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6) x—y—a(x—y). 12) ax+ay—bx—by. 18) 3x* —3xy—5x+5y.

7) a+b+x(a+b). 13) ax+ay—-2x-2y. 19) 5x°y =5xy° —a’x—a’y.
20) x* +2x* -2x-1.

III. PHUONG PHAP SU DUNG HANG DANG THUC
Néu ca hai phwong phép trén khong dimng duoc thi ta cé thé ding bay hang dang
thirc d€ phan tich da thic thanh nhan te

A. KIEN THUC CAN NHO

1) (4+B)' = A>+24B + B 5) (4-B) = 4" ~34’B+34B> - B
2) (4-B) = A*-24B + B 6) (4+B)(A4*-AB+B’)=4 +B’
3) (4+B)(A-B)=4"-B’ 7) (A-B)(4 +AB+B’)=4 B

4) (A+B) = A +34’B+34B8" + B’

Vi du 3. Phan tich cac da thittc sau thanh nhan ti:

1) A=x"+12x+36. 2)B=x"—-4y". 3)C=x"-8y".
Hudng dan giai

1) A=x>+12x+36=x> +2.x.6+6> = (x+6) .

2)B=x"-4y’=x’ —(2y)2 =(x=2y)(x+2y).

3) C=x"-8y° :x3—(2y)3 :(x_zy)[xz+x,2y+(2y)2}:(x—2y)<x2+2xy+4y2)-

B. BAI TAP CO BAN
Bai 1. Phan tich cac da thirc sau thanh nhan ttr.

1) 9x* -25. 2) 4x* —dxy+y°. 3) x’-8. 4) 3ax’y’ +6a.
Bai 2. Phan tich cac da thiic sau thanh nhan tit (bang phwong phap ding hang dang
thixc).
1) @’ —4b’. Huéng dan giai: o —4b” = a’ —(Za)2 =(a+2a)(a—2a).
2) 4a* b’ 22) 4a® —(a+b)’. 42) x'+8.
3) a*-25. 23) 494 —(2a-b)’. 8) Lig
27
4) 254* 1. 24) 81a* —(5a-3b)’. 44) 8x°-27y’.
5) a*-9. 25) (5a—b) —(2a+3b)". 45) 8x* +27y°.
6) 94’ —1. 26) (4a+3b)" —(b—2a)". 46) L3,
8
2 2
7) 121-a°. 27) x* +10x+25. 47) 6_14);6_125y3.
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8) 64a” 9. 28) x> +8x+16.

9) 8la®-25. 29) x* +6x+9.

10) 144a” -81. 30) x* +14x+49.

11) 254° —49b*. 31) 16x° +8x+1.

12) 1004 —9b". 32) 4x* +20x7 +25.

13) a* - 4b. 33) 9x* +24x” +16.

14) _a _b2 34) 25x2+20xy+4y2.
4

15) laz—lbz 35) 4x* +12xy+9y°.
4 9

16) i_36x2 36) 25x2—10xy+y2.

a—b) —c*. 37) x* —4x’y+4y°.
) 4. 38) 9x* —30x+25.

19) (a—2b)" —4b*. 39) 9x* —12x°y +4y°.

20) (a+3b) —9b*. 40) 9x° —12x7 +4x".
21) (a—5b)" —16b*. 41) m*+27.

48) (a+b) —c.
49) x* —(y-1y.
50) 125—(
51) (x+3) -8
52) (x-5)

x+2f.
(x-5) -27.
53) (x+1)3 ~125.
54) (x+4) -

55) x°+1.
56) x°-1.

57) x°—y°

58) x’ +3x” =3x+1.
59) x’ +6x* +12x+8.
60) m’ —3m’ +3m—1.
61) m’ —6m* +12m-8.

Bai 3. Tim mét hinh hop chir nhat ¢é thé tich 12x° —8x (vdi x>3) ma do dai céc canh

déu 1a biéu thitc chra x.
C. BAI TAP TU REN
Bai 1. Phan tich cac da thirc sau thanh nhan ti:

1) x* +5x. 3) 6ab—9ab’.

2) 4ab-16b°. 4) 2a(x—-1)+3b(1-x).
Bai 2. Phan tich cac da thirc sau thanh nhan ti:

1) 4x° -1. 3) x*-9y°.

2) (x+2)2—9. 4) (a+b)2—(a—2b)2.

Bai 3. Phan tich cac da thirc sau thanh nhan ti:
1) 4a” +4a+1. 2) =3x* +6xy-3y".

Bai 4. Phan tich cac da thirc sau thanh nhan ti:
1) 8x° —1. 3) 64x’ —1.

2) X’ +27y°. 4) x3+i.
27

5) 2x(x-3)-3(3-x).
6) (x—y)2 —x(y—x).

5) x* +2xy+y° 4.
6) 5x° -20.

3) ()Hry)2 —-2(x+y)z+4z

5) x3 _yé
6) 8x° +27y°.
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Bai 5. Phan tich cac da thirc sau thanh nhan ti:

2) 27X+ =(3x+2) (v —3xz+2°) 4) 4x% —........... =(2x 4., )(2x-5y).

Bai 6. Phan tich cac da thirc sau thanh nhan ti:
1) 4x’ —16x. 9) x> —36y° +2x+1.
2) x* -yt 10) @’ -b* -12a+12b.

2. o2 3 1
3) 3x“y—6xy” +3y°. 11) xy2+x2y+zy3.

4) x> +y* —4+2xy. 12) x> —25y* —6x+9y.
5) x> +2x—y" +1. 13) 4x* 25y +4x+1.
6) 36x> —y* —6y-9. 14) x* —y* +2024x-2024y .
7) 9x* —6x+1-16y". 15) 4x* —4x+1-25)".
8) 4a’ +4ab+b*-9. 16) 3x°y—12xy+15y.
Bai 7. Phan tich cac da thirc sau thanh nhan t:
1) 5x(2x-1)-3+6x. 6) x’ —x+3x* 3.
2) x> —xp+x—y. 7) ax+4y+2x+2ay.
3) x*+2xy—8x—16y. 8) 2xy+4y* +5x+10y.
4) 2x* —dx+xy—2y. 9) 3x* —6xy+8x—16y.
5) x> +2xy—4x-8y. 10) x° —x* —x+1.

Bai 8. Cho y > 0. Tim d6 dai canh ctia hinh vudng c6 dién tich bﬁmg 49y” +28y+4.

Bai 9. Phan tich cac da thic sau thanh nhan tt (bang cach phdi hop nhiéu phuong

phap).
1) y(x=y)-(x-y). 11) 5x° +10xy +5y°.
2) xy—y —x+y. 12) 6x° +12xy+6)°.
3) 5x* +5xy—x—y. 13) 2x° +4x°y +2xy°.
4) 5x° —Sxy—x+y. 14) -3x*y—6x’y* =3x°y°.
5) 10ax—5ay+2x-y. 15) 4x°y* +8x*y’ +4x7y".
6) 2x’ —2xy—x+y. 16) —3x” —12x-12.
7) 5x° =5xy—=Tx+7y. 17) 2x° +8x” +8x.
8) x” +xy—13x—13y. 18) -3x*y—12x’y—12x°y.
9) 2x* +2x+xp+y. 19) 4x°y* +16x%y* +16x°y°.
10) ab—ac-b* +bc. 20) 5x*y* +20xy* +20x°y".
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Bai 10. Phan tich cdc da thitc sau thanh nhan t& (bang cdch phdi hop nhiéu phuong

phap).
(a* +4) ~164".
(

3) (a® +407) ~ 1640’

1)
2) (a® +9) ~36°.
4) 364 ~(a® +9) .
5) 1004 —(a* +25) .
6) 4a’ —x* -2x-1.

7) 25a°b* —4x +4x—1.

8) 36x” —a’ +10a—25.

9) x> —2x+1-a*-2ab-b".
10) 1-2m+m’ —x* —4x—4.
11) m*> —6m+9—x> +4xy—4y°.

12) 4x* —4xy+y* —25a° +10a—1.

Bai 11. Phéan tich thanh nhéan t& (phdi hop cac phwong phap).

1) 5a°-5. 9) x> —9+(x-3)". 17) 27xy +xy(a +b)’.
2) 104’ -10a. 10) x* —4+(x+2). 18) 8xp” +x(x—y)’.
3) 3x’ —12x. 11) 2xm’ —2x. 19) x*> —(a+b)xy+aby’.
4) —12x’y+75xy". 12) 8a’x—27h’x. 20) x* —(2a+b)xy+2aby’.
5) 9xy —da’xy. 13) —4+324°p’. 21) ab(x2 +y2)+xy(a2 +b2)
6) a’—b*+3a+3b. 14) 5xy—40a’h’xy .

3
7) X’ =y’ +ax—ay. 15) 2x° +16. 22) xy(a2+b2)—ab(x2+y2).
8) x* -y’ —5x+5y. 16) —-5-5x7y".

23) (xy+ab)’ +(ay—bx)’.

Bai 12. Phan tich cac da thirc sau thanh nhan tir.

1) X’ +9-16y° +6x. 9) 6x° +6y” —24+12xy. 17) 8x* —16x+8-32)".
2) x> =9+y” +2xy. 10) 9x* —6x+1-25. 18) 4x* —4x+1-81a’.
3) x* —4x+4-9y°. 11) x* +4x+4-49)°. 19) x* —6xy+9y° —121.
4) x> —4xy+4y° -8l. 12) @’ +9a—ab* —6a’. 20) 12x* —24x+12-3y7.
5) 25-10x-9y" +x 13) 9x* +6x+1-25. 21) a* +6a—-b"+9.

6) 9)° —4x* +4x—1. 14) 5x* —10x+5-45¢>. 22) x* —4x* —25xy° +4x.
7) x> —2x—4)" +4y. 15) x* =36y°* —10x+25. 23) x> —y? +14x+49.
8) 64—4x> +12xy—9y7 . 16) x* —2xy+y* 162", 24) @’ +6a—4b>+9.

Bai 13. Chting minh c4c dang thiic sau.

1) (a+b)* —(a—b)’ =4ab.
3) (a+b)’ —4ab=(a-b)’.
5) @’ +b’ =(a+b)’ —3ab(a+b).

2) (a+b)* +(a-b)’ =2<a2+b2).
4) (a—b)’ +4ab=(a+b)’.
6) a’—b’ =(a—b)’ +3ab(a-b).

7) @ +b’ +¢° —3abc=(a+b+c)(a2 +b°+¢° —ab—bc—ca).

Bai 14. Phan tich da thitc thanh nhan tr (bang ki thuat bo sung hang dang thuic).
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NAM HOC: 2024 - 2025

1) ¥’ -2x-3.

Hudng dan giai

X =2x-3=(x) =2(x)(1)+(1) =1-3=(x-1)" -4

=(x—1) =22 = (x—1-2)(x—-1+2)=(x=3)(x+1)

9) 3x* +x-2.
10) x* —9x+20.

1) x¥*—x-2

X—x-2=x"-2x+x-2=x(x=2)+(x=2)=(x=2)(x+1).

2) x*+2x-3

3) x*—4x-5.
4) x> —6x-17.
5) x> +6x-7.
6) x*—8x-9.
7) X’ =5x+6.
8) x* +5x+6

9) x* +7x+12.
10) x* —x-2.
11) x* +x-2.

Bai 16. Phan tich thanh nhan tt.

1) x> +9-16y° +6x.
2) X* =9+ )" +2xp.
3) x* —4x+4-9y".

S

)
)

) x* —dxy+4y* —81.
5) 25-10x—9y” +x°.
)
)
)

)

9y” —4x° +4x 1.
7) X =2x—4y> +4y.
8) x* —4x+4-9)°.

11) x* —x-20.
12) 4x* —7x-2.
13) 4x* +5x-6
14) 9x* —6x-3.
15) 2x* -3x-2.
16) 3x* +x-2.
17) 3x* +10x+3.
18) 6x* +7x+2.
19) x* —xy-2y".

Huo6ng dan giai

12) x* -9x+20.
13) x* +x-20.

14) 4x* +4x-3.
15) 4x* -7x-2.
16) 4x* +5x-6.
17) 4x* +15x+9.
18) 9x* —6x-3.
19) 2x* -3x-2.
20) 6x° +7x+2.
21) x> —x-12.

9) 169—a’ +2ab—b*.

10) @’ +6a—4b" +9.

11) 4x—-4+9y” —x*.

12) 5x* —10x+5-45¢".
13) x* =36y°t* —10x+25.
14) 9x* -16y° +6x+1.
15) x* —2xy+y° —162>.
16) x* —y* +14x+49.

20) x> —3xy+2y°.

21) x* —xy—6)°.

22) 2x* —=3xy—-2y".

23) 2x* +5xy+2y°.

24) 3x* +8xy—3y°.

25) X —x—xy—2y"+2y.
26) x*+2y° —3xy+x-2y.

Bai 15. Phan tich thanh nhan t&t (bang ki thuat tach hang tt).

22) x* +xy—2y°.

23) x> —=3xy+2)°.

24) x> —xy—6)°.

25) 2x” —3xy—2)°.

26) 6x° —xy—y°.

27) 3x* +8xy—3y°.

28) x* —x—xy—-2y"+2y.
29) x> +2y” —3xy+x-2y.
30) X’ +x—xy—2y" +y.

17) x* —4x+4-81a".
18) 16+8x+ x> —25)".
19) x* +1-4y* +2x.
20) x* —10x+25-9y".
21) 25-x* +10xy—25y°.
22) x* +8x—25y" +16.
23) 9x* —6x+1-36y".
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Bai 5. PHAN THU'C PAI SO.

I. PHAN THUC PAI SO

A.KIEN THUC CAN NHO
Mot phan thirc dai sO (hay néi gon la phan thirc) la mot biéu thitc c6 dang g,

trong do 4.B la nhitng da thirc va B khac da thitc khong.
A dwoc goi la ti thirc (hay tir), B dugc goi 1a mau thikc (hay mau).
Da thtkc 1a mot tong ctia nhitng don thitc. Mbi don thiic trong tdng goi 1a mot
hang ti ctia da thirc do.
Chu ¥: Mbi da thitc cling duwoc coi la mot phan thirc véi mau thie bf”mg 1.
Vi du 1. Chi ra cac phan thitc trong cac biéu thitc sau day:
3x-1 ; 2ab_l; X =2x+3; i; \/5
x+2  a-b 2x-1
Hudng dan giai
Trong cac biéu thitc trén, 3xx+_21 ; 2Zb ;1 s —2x+3: 3 1a phén thic. Biéu thirc
Jx
2x -1
KIEN THUC CAN NHO:

khong 1 phan thite, vi vx khong phai da thuc.

Diéu kién xac dinh cta phan thitc % la diéu kién ctia bién d€ mau thirc B khac
0.
Khi thay cac bién ctia phan thiic dai s6 bang cac gié tri nao d6 (sao cho phan
thirc xac dinh), roi thye hién phép tinh thi ta nhan dwoc gia tri caa phan thiee
dai sO do tai cac gia tri ctia bién.

Vi du 2. Cho phén thite M = %

a) Tinh gia tri cta phan thttc tai x=0; x=2; x=-3.
M 1 \ A 7 14 14 . A .
b) Tai x= 3 thi phan thttc ¢6 xac dinh khong? Tai sao?

Hu6ng dan giai

2
2) Tai x=0, = 201 _,
3.(0)-1
Tai xo2, yr - 2L 32Q)71 T
' ’ 3.(2)-1 5
Tai x=-3 M=(_3)2+2'(_3)_1: 2 __1
' ' 3.(-3)-1 -10 5
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b) Voi x :% thi gid tri cia mau thic 1a 3[%) —1=1-1=0 nén phan thic khong

xac dinh.
Chu y: Khi xét phan thitc ma khong noi gi thém thi ta hiéu cac bién chi nhan cac gia
tri lam cho phan thitc xac dinh.
Vi du 3. Viét diéu kién xac dinh ctia mdi phan thiec sau:
a) X7 by 22
x+3 x+y

Hudng dan giai
Sx-7
x+3
2x-3y

a) Phan thirc

xac dinh khi x+3 =0 hay x=-3.

b) Phan thttc xac dinh khi x+y#0 (nghia la tai cac gia tri ctia x va y

xX+y

thoaman x+y=0).
B. BAI TAP CO BAN
Bai 1. Tim gia tri cia phan thtc:
x> =3x+2 . 2x* —x+7

1) ————— tai x=-3; x=2. 3) ——— tai x=-1; x=3.
x+4 x+4
2 2
2) 2 TS i v—2; x4, 4) T3 i 22 x— o3,
2x—1 x=2
Bai 2. Tim gia tri cta phan thtec:
2 2
1)Mtaix=3,y=—1. 3)wtaix=2,y:—l.
xX+2y X —=xy
2 2 2
2) 25730 i o1, y=-2. 4) X3V i o3,y
x—3y 2x—y+3
Bai 3. Tim gia tri cia phan thtc:
-2, . .
1) 72 tai x=0. 3) al tai x=——.
x+2 5(x+3) 2
3(x-2 . -1 .
Z)Mtal x=3. 4) (x=1) tai x=2; y=-2.
x+2 xy—1
2
N e A 7 _2
Bai 4. Cho phan thttc A=XTBES
2x+6

1) Tinh gia tri cia phan thttc tai x=-2; x=-1; x=0; x=2; x=3.
2) Tai x=-3 thi phan thttc c6 xac dinh khong? Tai sao?
Bai 5. Cho phan thite 5= —>0*5.
x+2y
1) Tinh gia tri cia phan thtec tai x=1, y=-2.
2) Tai x=2, y=5 thi phan thttc c6 xac dinh khong? Tai sao?

Bai 6. Viét diéu kién xac dinh ctia moi phan thiec:
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2 —_—
5 . 2) X7y 3'
3a—-6 x—=2y

NAM HOC: 2024 - 2025

D)

Bai 7. Gia thanh trung binh ctia mot chiéc 40 so mi dwgc mot xi nghiép san xudt cho

2
boi bieu thite C(x) = 0,0002x" +120x +1000

, trong d6 x 1a s6 4o duoc san xuat

va C tinh bang nghin dong. Tinh € khi x=100, x=1000.

Bai 8. Tim diéu kién xac dinh cta cac phan thic sau:

1) L Hudng dan giai: Ll xac dinh khi x+1#0 = x=-1

x+1
1 | 2x+7
2) —. 9) - . _
x—1 X" +3x (x—=D)(x+2)
2 8x+7 2x+7
3) —. 10 . e L
) x+3 ) x' -1 17) X 2x—x-2"
1 2x-3 9x-17
4) ——. 11 . A
) x=5 ) x’ -4 18) X A2x+1
2x+3 4x+1 g
55— 12) ——. 19)&_
3x—4 4x° -1 xP=2x+1
4x-3 4x—1 _
6) 5 o 13) ——. 20) 2%
x+8 5x"+x 2 —4x+4
1 5x 2
7 . 14 . _2x+7
) x(x-=3) ) x* —xy 21) Prx=2"
8) 1. 15) B*6
x" —5x (x+1)(x+3)

II. HAI PHAN THUC BANG NHAU

A. KIEN THUC CAN NHO

7 . . A ’ A \ ¥ A . 7 N4
Ta ndi hai phan thtec 3 va % bang nhau néu 4.D=B8.C. Khi d¢, ta viét

4_¢
B D
2
Vi du 4. Hai phan thiec 4= 4x2—+12x va B= 4x4 c6 bang nhau khong? Tai sao?
X — X —

Hudng dan giai

(4)62 +16x).(x—4) =4x° —16x* +16x* —64x =4x> —64x
Ta co:
(»* —16).4x = 4x° — 64x

Khi d6 (4x” +16x).(x—4)=(x* ~16).4x.

4x* +16x _ 4x

Va hay 4=8.
ay x* =16 x—4 ay

B. BAI TAP CO BAN
Bai 1. Mdi cap phan thitc sau day c6 bang nhau khong? Tai sao?
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2

1) -2 vy 2 o) Yy X
xy+y x+1 X y
Bai 2. Duing dinh nghia hai phan thitc bang nhau chiing t6 rang:
x—1 1
1 =—
) -1 x+l1

Huong dén gidi: Ta co: | =1 D(x+1)=1(x*-1
uwdéng dan giai: Ta co: 1.(x2_1):x2_1 = (x—-1)(x+1)= .(x —).

-1 1

Vay 5 —=—r.
@Y -1 x+1
) 3x23y:i2- 5) 3x+3 _x+1 g 2x(x-1) _ 2x .
6x 2y 3x X (x+l)(x—1) x+1
3) 3 _ 200 6)M=3_x. 9 x+2  (x+2)(x+1)
7 28x 2(x+5) 2 ) T e
4) Xyt Iyt - (x+2)  x 3-x _ x'—6x+9

- : = . 10 =
5 35xy x(x+2)2 x+2 ) 3+x 9—x’

2 _ _ _ 2 _
Bai 3. Ba phan thtkc sau ¢ bang nhau khéng: X 2573, 273, x —Axt3 .

Xz +X ’ X ’ x2 —X
Bai 4. Cho ba da thttc x* —4x; x* +4; x* +4x. Hay chon da thic thich hop trong ba
da thiec d6 rdi dién vao chd trong trong dang thic dudi day: —— '16 - e
X — X—

Bai 5. Dung dinh nghia hai phan thttc bang nhau, hay tim da thitc A trong moi
dang thic sau:

A 6x° +3x 4x* —=Tx+3 A
1) = 5 . 3) 2 = .
2x-1  4x" -1 x -1 x +2x+1
2) 4x2—3x—7_4x—7 x*=2x _x2+2x
A 2x+3 2x* =3x-2 A

III. TINH CHAT CO BAN CUA PHAN THUC

A. KIEN THUC CAN NHO
- Khi nhan ca t& va mau ctia mot phan thikc véi cing mot da thikc khac da thiec
khong thi dwgc mot phan thite bang phan thite da cho.
g = ;—g (C la mot da thirc khéac da thitc khong).
- Khi chia ca ttr vd mau ctia mot phan thiee cho cling mot nhan tt chung ctia
chting thi dwoc mot phan thitc bang phan thie da cho.
A A:D

—=—— (D la mét nhan t chung).
B B:D
Vi du 5. Bién ddi phan thitc bén trai thanh phan thitc bén phai ctia moi dang thitc
sau:
2x+2y 2 5a -5a —20x°y*>  —4x
a) 5——5 = . b) = . C) =,
X -y x-y -a+3 a-3 15xy 3y
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Huéng dan giai

2x+2y  2(x+y) 2 5a 5a(-1) —5q
a) o Sl =—. b)_ = TS
X -y (x y)(x+y) xX—y a+3 (a+3)( 1) a-3
20x*y*  (-4)-5-x-xy" —4x
c) 15007 = 2 5 L5
Xy 3:5:-x-y7-y 3y

Nhan xét: O vi du 5, cdc phan thitc bén phai déu don gian hon phan thitc bén tréi.

Ta goi cac phép bién ddi ¢ trén la rut gon phan thiec.
KIEN THUC CAN NHO:
Chu y: Dé rat gon moét phan thic, ta thuong thuee hién nhu sau:
- Phan tich t& va mau thanh nhan t& (néu can) d€ tim nhan t chung.
- Chia ca ttt va mau cho nhan ttt chung,.
24x° (x2 —4xy+4y2)

Vi du 6. Rat gon phan thic P=
) gonp 36()63 —2x2y)

Hudng dan giai
24x° (x2 —4xy+4y2) ~ 2-12x° (x—2y)2 B 2x(x—2y)

Taco: P= = =
36(x3—2x2y) 3-12x° (x—2y) 3

B. BAI TAP CO BAN

232 _ .
Bai 1. Chting t6 hai phan thitc -~ 2 va “~” bing nhau theo hai cich khac nhau.
ab+ab ab
Bai 2. Rat gon cac phan thtec sau:
3x* +12xy 4y’ —x* 2a-2
1) ——. 2) ——. 3 .
e ) 16 ) o
Bai 3. Rut gon cac phan thtc sau:
X 32 2v(2m —
1) = 6) X 11y 22,
gx 18xy y (2m—n)
X 47
2) ==, 25x7y ?
) 4y 7) 12) (x+2) ,
3y 40x)7/ ) 3(x+2)
3) — —45x
) 6x 8) 18x5yJ:’ . 13) 10xy” (x+ y)
2.2 - 3
4) 6x ); 0 453y m’ lsw(x+y)
8xy2 . 12x°y’m’ 14) 15x(x+5)
2105”7 10y 2x+1) 20x* (x+5)
ad 3(x+1) '
Bai 4. Phan tich ttr va mau thanh nhan tt r6i rat gon phan thec:
2x+2 2x+4 2
1) . 8) = 15) M—dm+4
x+1 x -4 2m—4
x° X’ —x 2 _4x+4
2) 5~ 9) . 16) T8
X" +3x 5y" —5xy 2x% —4x
3 2x* +2x (x+1)(x—3)
) . 17) ~5———.
X+ X —6x+9
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2 2 _ 2
4) X +x- 10) 20x 425' 18) X 26x+9.
x+1 (2x+3) 5x* —45
2 2 2
5 X1 5x° ~10xy 19) X2V
x+1 ) == ax—ay
o 2(2y—x) )
6) — yz_ 5 20) 3x —12x+12.
xXT=y 12) 36()6—2) ) x* —8x
7) 2y(x+2) 32—16?5 . 21) 3x* —6xy+3y°
-4 13) & +2ab+b o —9y?
) a+b '
2
14) X +4x+4.
3x+6

C. BAI TAP TU REN

Bai 1. Trong cac biéu thirc sau, biéu thikc nao la phan thiéc?

ER G P S 2x=x.
2x-1 x+3
Bai 2. Viét diéu kién xac dinh cta cac phan thirc sau:
1) 3a+b=l, 2) 3-8 3) 3x’ —x+7. g) =2
a+4 x—4y 3x-8
2_ _ _ 2 _ 2
5) 3x"—x 2. 6) 2—4x ' 7) x —4x+4 8) 7—-3x+4x
2x—7 10— 5x (x—3)(2x+5) (5—x)(2x—6)
Bai 3. Tim gia tri ctia phan thtc:
2 —
1) 4=2"7 tai x=3. 2) B=X "4 i v oa,
x —6 X +2x-3
2 72
3) =X 13 i y= a4, 4 D="L"" tai acap-2.
X +2x+1 a —-b
Bai 4. Mbi cdp phan thikc sau c6 bang nhau khong? Tai sao?
2
1) &g va 92’ - 2) 3ab 231) v a—b-
ab 3a’h 6b 2b
3 2 2 2 2,
3) 3azbz—|-3ab2 v 3a3b+3b- 4) 2x)3/ v S5x ys(x 2y)‘
2a°b” +2a 2a’ +2a 4xy 10x)y° (x—2y)
Bai 5. Rut gon cac phan thttc sau:
2 2 2 b2_ Zb
1) 3x)4/. 2) 4x° —4x 3) Sx“+5x 4)a 2a .
Sxy x-1 3x+3 2a” +a
12(x4—1). o) 12500ty) ) 236 g) X =10x+25
18()62 —1) 18xy(x + y)’ x* +6x x> —5x
2 34,2 2 2
9) 3x—18 . 10) 22x 50 11) 2x 24x +2x' 12) 52xy 10y .
x —12x+36 x” +10x+25 3x"—3x 2x"y—8xy+8y
Bai 6. Thu gon roi tinh gia tri bi€u thic:
2 2 _ -
1) A= "2 i oL 3) =X 122 i 2L
2x" —4x 2 x —4 2
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2 2
2) p= X 0XF2S T3 4) p= ¥ —12x+l2

2x* =50 2 x’—4

talr x =—
Bai 6. CONG TRU PHAN THUC

I. CONG, TRU HAI PHAN THUC CUNG MAU

A. KIEN THUC CAN NHO
Mudn cong (hodc trir) hai phan thitc c6 cting mau thirc, ta cong (hodc trir) cac
tl thitc v6i nhau va giit nguyén mau thtc.
A 4.¢ C A+C 4 C _ A- C

B B B’BB B

Chuy:
Phép cong phan thirc ¢ cac tinh chat giao hoan, két hop twong ty nhuw d6i vdi
phéan s6
- Giao hoan: £+£ =£+£
D B
- Két hop: (£+£j+£:é+[£+£j
B D F B D F
P& ddu: A4 gy A4
B B B
Vi du 1. Thiee hién cac phép cong, trit phan thitc sau:
3a+5 3-2a x* 4x+4 2x  S5x+3y
a) + : b) + . Q) 5——-——55-
7 7 3x+6 3x+6 X -y x -y

Huwéng dan giai
3a+5 3-2a 3a+5+3-2a a+8
a) + = = .
7 7 7 7
b) x’ 4x+4 x> +4x+4 (x+2) x+2
3x+6 3x+6  3x+6 3(x+2) 3

J) 2x 5x+3y 2x— (5x+3y) 2x-5x-3y  -3x-3y
Y-y o x-y Xy (x-p)a+y) (x=p)E+y)
-3(x+y) _ 3

T (—y)aty) x-y

B. BAI TAP CO BAN
Bai 1. Thuc hién cac phép cong, trir phan thitc sau:

_ B 2 2
1) IEYLXTY gy X 27X gy Xy Wy X Y
xy xy x+3 x+3 X—y x—Yy 2x-y y—-2x
Bai 2. Thuc hién cac phép cong, trir phan thitc sau:
2 732 2
1) x— 5_3+2x 7) (a+b)” (a-Db) - 13) 4x+4 X
3 ab ab x+2 x+2
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2
2) 5x—6+x—3. 8) 2x—5_7x—5' 14) xT 4x 4.
3 3 X X x=2 x-=2
3) l1-a a+4 9) x+5+x—7 15) —-X +7x—4.
5 5 x—1 x-1 3x—2 3x-2
2
4) x—3_x+2 10) 3x+5_2x+6. 16) X +4x+4-
5 5 x—1 x—1 3x+6 3x+6
2
5) a—1+3—a- 11) x—2_2x—1‘ 17) X +25 10x.
a+l a+1 x+1 x+1 2x-10 2x-10
2x*+9 9-8 - - —
6) X +9 x‘ 12) a b_ 2a - 18) X 2+x+5+x 3‘
x+4 x+4 a+b a+b 2x 2x 2x
Bai 3. Thuc hién cac phép cong, trir phan thitc sau:
2
1) X N 1 . 4) x—2+2x—1. 7) X +4x 4‘
x—-1 1—-x x+1 —x-1 x—-2 2-x
: Ax+4
2) b N a 5) 3x+5+2x+6. 8) X Ax+ .
a-b b-a x—1 1-x 3x+6 -3x-6
- - 2 2x +1
3) X Tx—4 6) 3x+4 3x 4. 9) )2( 3 X+2.
2-3x 3x-2 3x—4 4-3x 2x° -2 2-2x

II. QUY PONG MAU NHIEU PHAN THUC

A. KIEN THUC CAN NHO

Quy déng mau thitc hai phan thirc 14 bién déi hai phan thikc da cho thanh hai

phan thitc méi cé cing mau thiee va lan lwot bang hai phan thiic da cho.

Mau thitc ctia cdc phan thitc méi d6 goi la mau thitc chung cta hai phan thikc

da cho.
1) Tim mau thitc chung:

Mudn tim mau thiic chung, ta cé thé lam nhu sau:

- Phan tich mau thtic ctia cac phan thitc da cho thanh nhan tu.

- MAu thitc chung can tim 1a mot tich: s8 18y boi chung nho nhat, chi va da 1y

sO mi 16n nhat.

2) Quy dong mau thtc:

Mudn quy déng mau thitc nhiéu phan thitc ta cé thé lam nhuw sau:

- Phan tich cdc mau thttc thanh nhan t& réi tim mau thiee chung.

- Tim nhan t phu cia mo6i mau thttc.

- Nhan ca tt va mau ctia moi phan thitc voi nhan t phu teong tng.

Vi du. Quy dong mau cac phan thic sau:

-3

- Phan tich cdc mau thitc thanh nhan t:

Mau thitc chung: 2(x—1)(x+1)

2x—

va
2 x* =1
2x-2=2(x-1)
X’ =1=(x=D)(x+1)’

- Nhan ttr phu tuwong ting ctia mdi phan thikc: (x+1);2.
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- N 9 9(x+1)
N d : = - '
Quy dong mau: o = )~ 2D+ )

3 3 30 -6
=1 (x=D(x+1) 2x=D(x+1) 2(x-1)(x+1)

B. BAI TAP CO BAN
Bai 1. Quy dong mau c4c phan thiic sau:

2—a 1 4 11 5 7
D) S 5) 3 5014 2" 9) 530753 4"
2a 2 15x°y” 12x"y xy 12x7y
5 5a—-6 2—-a 1 25 14
2) = : 6) = 10) ———i>—=-
3 3a 2a 2 14x"y 21x
2x 2ax+3x 5 S5a-6 4 11
3) =—; . 7) =; . 11) T
3 3a 3 3a I5x7y” 12x"y
2
4) i;9b—25. 8) §;2ax+3x. 12) i;4a+3b ;i.
3b° 15b 3 3a 6a 18ab 9b
Bai 2. Quy dong mau thitc cac phan thirc sau:
1 8 ) x*
1 ; . 2) x“+1;
) x+2 2x—x ) X’ —
x’ X
3) 3 2 2 3; 2
X =3x"y+3xy -y y —-xp
X o x+2

Bai 3. Cho da thirc B =2x"+3x—29x+30 va hai phan thirc: — 5=
2x"+7x-15 x"+3x-10
1) Chia da thitc B Ian luot cho cac mau thikc ctia hai phan thikc da cho.

2) Quy dong mau thitc ctia hai phan thikc da cho.
Bai 4. Cho hai phan thirc — i va — i .- Chiing t6 réing c6 the chon da
X —ZX—

x —4x-5
thitc x* —7x* +7x+15 1dam mau thite chung d& quy déng mau thitc hai phan

thitc da cho. Hay quy dong mau thirc.

. AVN X A 1 X
Bai 5. Quy dong mau thitc cac phan thirc sau: ; .
Q y & p X +3x—10" x* +7x+10

II1. CONG, TRU HAI PHAN THUC KHAC MAU

A.KIEN THUC CAN NHO
Mudn cong, trir hai phan thitc khac mau thiic, ta thure hién cac budc:
- Quy ddng mau thtc;
- Cong, trit cdc phan thikc ¢6 cing mau thiic vira tim duoc.
Vi du . Thuc hién cac phép cOng, trixr phan thirc sau:
3 2 ‘ b) x+1  2x

+
2x—2 x*-—1

Hudng dan giai
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2y 34 2 _3rd) 2 3ed)dr 3vrl242¢ Sx+12
x x+4 x(x+4) x(x+4) x(x+4) x(x+4) x(x+4)
b) x+1 N —2x _ x+1 N —2x :(x+1)(x+l)+2(—2x): (x+1)> —4x .
2x-2 x*=1 2(x=1) (x=D)(x+1) 2(x=D(x+1) 2(x=D(x+1)
_x2+2x+1—4x_x2+2x+1—4x_ x*=2x+1 B (x=1)° _ox-1
C2(x=D(x+D)  2(x=D(x+1) 2(x=D(x+1) 2(x-1(x+1) 2(x+1)’
Chuy:
1) Phép cong cac phan thic ciing c6 cac tinh chat giao hoan, két hop:
A C C A A CY E A4 C E
B D D' B (E+BJ+F:E+(B+F]

Nho tinh chat két hop, trong mét day phép cong nhiéu phan thiec, ta khong
can dat ddu ngoac.
A~ A C \ A 7 C . \ A 7 N 2 A 7 A
2) Néu 3t D" 0 thi phan thic > duoc goi la phan thttc do6i cua phan thic B

ki hiéu la —% . Twong tw nhu vdi phéan s6, ta ¢ tinh chat: A4 % = iB'

3) Phép trir phan thtrc c¢d thé chuyén thanh phép cong véi phan thire doi:
L R (_ E)
B D B\ D

B. BAI TAP CO BAN

Bai 1.Thuc hién cac phép cOng, trixr phan thitc sau:

1) 2—a+l. 4) 2_x_2ax+3x. 6) Z_7a—31.
2a 2 3 3a 5 5S5a-15
2) 2x—3a+§- 5) i+9b—25. 7) g_4a+13-
2a 2 3b 156 5 10a-5
3 X 3 g) 2_2a+15,
x—3 x+3 7 Ta-21
Bai 2. Thuc hién cac phép cong, trir phan thitc sau:
3 1 3 5 2
1) - 2) —+. 3 - :
)a—3 a+3 )2x x? )xz—l X +x
) 1 _ _
X L 5) x+2x+5. 6) 5_x212‘
x(x+2) x x-5 3x-15 x+3 x"+3x
2
7) 4,227 g =0, O 9
x+3 x" -9 x“+3x x+3

x+6_ 2
-4 X +2x
-2 1
10) 2x 10x 1 X

+— . +—. 12)
xX+5 x +5x x(x+2) x

x° _9x+27
X =3x x-9
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Bai 3. Thuc hién cac phép cong, triz phan thirc sau:

2 3 Sx+27 6 12 7
+ + . 2) - —— 3)
x+5 x+4 (x+5)(x+4) x-2 x(x-2) x
3 -6 2
= + .
x x(x+2) x+2
4) 3= 2 5) X3 __x 29 : 6)
x x(x+2) x+2 x x-3 x -3x
x-3 1 6-x
x=2 x x*=2x
7) 1 N 62—4x +l‘ 8) x-3 b 2—9 9)
x—-2 x -2x x X x-3 x —-3x

x—1 -5x 11x-2
+ +— .
X x—2 x —2x

Bai 4. Tai mot cudc dua thuyén dién ra trén mét khic song tlt 4 dén B dai 4km.

Mobi ddi thuee hién mot vong dua, xuat phat tir 4 dén B, roi quay vé 4 la
dich. Mot d6i dua dat toc dd (x+1)km/h khi xu6i dong tir A dén B va dat tdc
dd (x—1)km/h khi ngugc dong tir B vé A. Viét biéu thirc tinh tong thoi gian
di va vé, chénh léch thoi gian gitta di va vé cua d¢i dua thuyén. Tinh gia tri
cta cac dai lwong nay khi v=7km/h.

Bai 5. Thuc hién cac phép cong, triz phan thitc sau:

1) L.,.i 2) x—l_x+l 3) x+2_x—3+x—4.
2a 3b x+1 x-1 x-1 x-1 1-x
+ + 2y° 2

gy 22V _FTE 5) x+2 —y 6) —+——2 X
Xy yz )C+y X+y X =Yy x+y

Bai 6. Thurc hién cac phép cong, trir phan thitc sau:

2 12 1 2

1) ——-— 2) +—
x-3 x -9 x—2 x —4x+4

3) 1 3 1 N 22x - 4) x X N 22 .
x+5 x-5 x"-25 x—1 x+1 x"-1

5) 4x —3x 12x 6) 8 3 x+35

x+2 x—2 x—4 =5 x+5 xX-25
Bai 7. Cung di tir thanh phé 4 dén thanh phd B cach nhau 450 km, xe khach chay
véi toc dO x(km/h); xe tai chay véi tdc d0 y(km/h) (x> y). Néu xuat phat
cung lac thi xe khach dén thanh phd B sém hon xe tai bao nhiéu gio?
Bai 8. C6 ba hinh hop chit nhat 4,B,C co chiéu dai, chiéu rong va thé tich dwgc cho
nhu hinh bén. Hinh B va C ¢6 cac kich thudc giong nhau, hinh 4 ¢ cung
chiéu rong véi B va C.
1) Tinh chiéu cao ctia cac hinh hop chir nhat. Biéu thi ching bang cac phan
thitc cing mau sd.
2) Tinh tong chiéu cao cua hinh 4 va C, chénh léch chiéu cao ctia hinh 4 va B
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xcm ¥ cm

Bai 9. Thuc hién cac phép cong, trir phan thitc sau:

By L, 22 2) 2 2b+2 3)
5-2b 6b-15 2-b 3b-6
14b+19Jr 8
10b-15 3-2b
4) 5b+1+ 8 . 5) bx—x+a+ 1 . 6) xz+9 3 23
2b—6 3-b ba—a 1-b6 x°—=9 x"+3x
2x—4 2x+2 3a-1 1 4 2
7 + 8 + . 9 — .
) x—-1  x'-1 )a2—1 l-a )xz—l x*+x
C. BAI TAP TU REN
Bai 1. Thuc hién cac phép cong, trir phan thitc sau:
2 —
1) £_4a+3b +i. 8) 2 _l+ 6b—12 .
6a 18ab 9b 3b-2 2 4(3b-2)
2) i+6a—5bx_a—1. 9) 1 N 2 +5521—1.
4q 20ab 10b a+l 1-a a -1
2
3) i_le+7y+i. 10) 22x N 11 .
4x 12xy 6y x -1 x+1 x-1
_ 2 _ 2 _ 2 _
4) bc—a +ac b +ab c . 11) 24 N 1 N 1 '
ab bc ca X°-9 x-3 x+3
2 -
5) L_x 22ax_g. 1Z)x 3_ 3 N 26x .
2a 2ax X x+3 x-3 x°-9
6 l+ 1 N x—1 13) X 4ax b

. - + :
x x+7 x(x+7) 2a—b 4a’-b> 2a+b
7) —_1Jr X +a+3x—2‘

3 a-2 3a—6

Bai 7. NHAN - CHIA PHAN THUC
I. NHAN HAI PHAN THUC

A. KIEN THUC CAN NHO

Mudn nhéan hai phéan thirc, ta nhan cac ti thiee véi nhau, cac mau thiee voi
nhau.

'
a

STEN
wlle!
o
o

- Chuy:
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Cling twong tu phép nhan cac phan s6, phép nhan cac phan thic c6 cac tinh
chat sau:

a) Tinh chét giao hoan: 4c¢c_c4
B D DB
b) Tinh chat két hop: (é.ﬁjﬁzﬁ.(ﬁﬁj.

C FE A C A F
Tinh chat phan phoi &0 hé Al 24422
c) Tinh chat phan phoi doi voi phép cong;: (D Gj 2 D+B C

Vi du 1. Thuc hién cac phép nhan phan thic sau:

3xz> 20 X' +7x x—-2 x° 3x+6
2) 5y° '9xzzy' by s ) igrs x
Hudng dan giai
2) 3xz® 20y _3xz’-(20y) _ 3-20-x-y-2° _ 4z .
5y° 9x°z 5y°-9x°z 59.x-y -z 3y’
b) x2+7x‘x—2_ x(x+7)  x=2 _ x(x+7)-(x=2) _ x+7

X*—4 5x  (x=2)(x+2) S5x (x=2)(x+2)-5x 5(x+2)

x’ 3x+6 _ x’ 3(x+2) «x 3(x+2)
27 +8x+8  —x  2(x’+4x+4) —x  2(x+2)

<)

x> 3-(x+2) %
2(x+2)’x 2(x+2)

Vi du 2. Tinh:
x22—4x+4_ jH-l  bx ‘ b 1 1 a+b—a2b—a2 .
x +2x+1 x*=2x 2x+4 da a+b

ax—4x+4 x+1 18x (x 2) x+1 18
X 4+2x+1 ¥ -2x 3x+6 (x+1)° (x—2) 3(x+2) .
18x(x—2)° (x+1) B 6(x—2)
3x(x+1) ( )(x+2) (x+1)(x+2)-
b)i—L-(“—”’—azb—asz Lo L arb U ab(a+b)
4a a+b 4da  a+b

_ atrb +ab(a+b):L—i+ab:ab.

_E_4a(a+b) a+b da 4da

B. BAI TAP CO BAN

Bai 1. Tinh:
3 3 2
1) 6a3.7_bs. 2) xt3_ ?x 3)a 28a+l6.3a+12.
216" 9a x> x°=-9 a” +4a a—4
Bai 2. Tinh:

3 5
1) 15x 2y 2) 5x2.7_y. 3) 3Ox2 121y
x’ 42y° x 11y~ 25x
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3x’ by 5) 5by 2x 6) 2 4y 3x
4aby 3x*° 12ax 5b et sy

7) 24y5. _ 2lx 8) 2x—ax y+2 9 4x+8 2x-20
7x° 12y° ) 2ay+4a  x (x—10)° (x+2)*"

Bai 3. Tim phan thic P, biét:

2 2 2 3
1) P:4x 16 _4x" +4x+1 2) 2x"+4x+38 . p x -8

2x+1 x—2 ¥ -3x—x+3 :(x+l)(x—3)

Bai 4. Ap dung tinh ch&t phan phdi ctia phép nhan véi phép cong dé rit gon bidu
thirc:

3

1) % 2x+1954 X 21-x g) 19%+8 5x=9 _19x+48 dx-2
x+1975  x+1 x+1975 x+1 x—7 x+1945 x—7 x+1945

x -1 1 x+1 X +2xP—x-2 1 2 1
3) . -— . 4) . - + .
x+2 \x-1 x"+x+1 2x+10 x—-1 x+1 x+2

II. CHIA HAI PHAN THUC

A. KIEN THUC CAN NHO

Mudn chia phan thirc % cho phén thirc 9 (C khéc da thizc khong), ta nhan

phan thtc % voi phan thirc D .4.C_ A D

C'B'D BC’

Nhan xét: Phan thirc g duoc goi la phéan thite nghich dao ctia phéan thiec <

>

Vi du 3. Tinh:
1—4x2_2—4x
Z4+4x 0 3x

2 2
Xz X

b) L. 2.
yyZ 2

<

Huéng dan giai
) 1-4x 2-4x 1-4x° 3x (1-2x)(1+2x)  3x
X’ 4+4x 3x xX4+4x 2-4x x(x+4)  2(1-2x)
C(1-2x)(1+2x)-3x  3(1+2x) 3+6x
S ox(x+4)2(1-2x)  2(x+4) 2x+8°

b) X )CZ x2 _(X XZ) xz _X3Z y22 X3
y vV \y v )7 Y 2y

Vi du 4. Thiec hién phép tinh sau: 2.3, E+ Lz

X
x x x x* 2

Hudng dan giai
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3
2.3, §+L2_x_ R (thwe hién phép nhan va phép chia)
X x x x 2 x 2
_ 2
= 422;” (thuc hién phép cOng va phép trir)
X

B. BAI TAP CO BAN
Bai 1. Thuec hién cac phép tinh sau:

_2 4 3 _ 315 212 312
1) 02x [ _ax 2) 25a2b :(lSabz) 3) 18a°b :9a2b2
3y Sy 3cd 15¢cd 5c7d
4(x+3).x2+3x 5) =25x*y* (10x°y? 6) 27-x 2x-6
3x—x  1-3x 144> '\ —2lab 5x+5 3x+3
Bai 2. Thuc hién cac phép tinh sau:
2 _ 3 2
1) al 9:x 3 2) izx—fx—) 3) %—z:l+ix—
x-2 x z Yy yz X x x x 2

Bai 3. Duong sat va duong bd tir thanh phd A dén thanh phd B c6 do dai bang
nhau va bang s(km). Thoi gian d& di tit A dén B clia tau hoa 12 a (gid), ctia 6
to khach la b (gio) (a <b). Tdc d§ cta tau hoa gap bao nhiéu lan toc do caa 6
to? Tinh gia tri nay khi s =240,a=6,6=38.

2 2
\e N «A? 7 .« A M +2 _4
Bai 4. Tim biéu thtec Q, biét rang;: ey =x2 )
x—1 X —Xx
Bai 5. Tim biéu thtic Q, biét rang:
1) XY x> =2xy+y° 2 xX+y 3x° +3xy
) 5—50= 2 P ) 3_3'Q:2 2"
X +y X —=xy+y X -y X +xy+y

C. BAI TAP TU REN

Bai 1) Thuec hién cdc phép nhan phan thttc sau:

8y 15x° 2x+x* 3x°+3
1)—2 2% 2)—= .
S5x° 2y x —x+1 3x+6
x2=2x+1 x*+x 5x+5 x*—4x+4
3= Vs
x =1 x—1 x —4 6x+6

Bai 2. Thurc hién cac phép chia phan thic sau:

S5x x* x*—16 2x-8 2x+6 (x+3)
1)—:| - 2) : 3)———:
4y 20y x+4 X x =8 2x-4

Bai 3. Tinh:
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1)4x +2 3x+2 4-2x 2)x+3. x+2  x'-4
x—-2 x-4 2x +1 x  xX*+6x+9 x*+3x

Bai 4. Tinh:

-~ -~ 1 1) % 321 1%
1)(1_x+x2_1j;x_1) 2)(_2__j.x_+£) ) I L
X X X x)y y x x x x 3
Bai 5. Thuec hién cac phép tinh sau:
2
_ 1 _
1)(2 a)y b 1 2)5_a_ Sx 12.3x+3 3)2x .y__2ax+3x
2ab (2—a) 2 3a (x+1) 9 3y x 3a
4)2—a+ 1 a-1 5) 5a a+3 5a-6 6)2x—3a+3a—3x_2ax
2a  2a-2 «x 3a+9 a 3a 2a 4ax a-—x

Bai 6. Lan dap xe tir nha t6i cau lac bd bong da c6 quang duong dai 12 km vdi téc do
x(km/h). Lwot vé thuan chiéu gié nén toc do nhanh hon luwgt di 3(km/h).

1) Viét biéu thirc biéu thi tong thoi gian 7 hai lugt di va vé.
2) Viét biéu thikc biéu thi hiéu thoi gian ¢ lwot di ddi voi luot vé.
3) Tinh 7 va ¢ véi x=10.

Bai 7. Nghi he, ba ctia Long ché Long bang xe may tt nha vé qué c6 quang duong
dai 60 km v6i toc dd x(km/h)) Luot vé nguoc chiéu gid nén tdc d¢ cham hon
lwot di 4(km/h))

1)Viét biéu thirc bi€u thi tong thoi gian 7 hai luot di va veé.
2)Viét biéu thirc biéu thi hiéu thoi gian ¢ luwgt di d6i véi lugt ve.
3)Tinh 7 va ¢ vdi x=30.

Bai 8. Thurc hién cac phép tinh sau:

l—x x—1 1 6x 1 9
1 x> -1 2)| 1+—1|. 3)|3+—|.
)( X ] X )( +x} xr -1 )( +xj 9x* —1
2
4)(2_§j x 5)( 30) x 6)(x_ 28 j(x_ 21 j
4x*> -9 x )x* =25 x-3 x+4
Bai 9. Thuc hién cac phép tinh sau:
2 2 2 2
1)[a_a +b j(l—'_ 2 j 2) X . 2y )x )2/+x)2/
a+b J\b a-b xy—y- x —xy) x -y
2 2 2 2 2
)_ (__lj -2 +b2 4) 1+X+x_](£_1J 3y 3
a b (a—-b) y oy )\y X -y
2 2 _ 2,72
)(a b)* +4ab _ab+ab ) 6) a b_a+bj a +b 1
a+b ab a+b a-b 2ab
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2 2
7) a—b2+ 32a+b by 8) a b ( : a+b . 1 j
ab+b° a”—ab a+b b a N\Na +ab+b~ a-b

m*+n* (1 2 a 2a-b )\ a*-2ab+b*
9)| m- (—+ j) 10)( 5= j: 5 >
m+n n m-n ab-b" a —ab a'b—ab

Bai 10. Thuc hién cac phép tinh sau:

1 Sx+y 5x—y | x*=25y° 2 dxy 1 1
) 2 T3 T2 2 ) 2 27| 2 27 2 2
x"=5xy x +5xy) x+y yo=x" \x"+2xy+y° x -y

Bai 11. Thuc hién cac phép tinh sau:
9 1 x-3 x 2 2 ) X’ +4x+4
L I )
X =9x x+3) \x"+3x 3x+9 x=2 x+2 8

3)( 3x 2x ) 6x” +10x 4)( x x=5 j 2x-5 | x

+ : 2 2 T2 )
1-3x 3x+1) 1-6x+9x x* =25 x"+5x) x*+5x 5-x

Bai 12. Thuc hién cac phép tinh sau:
1 x+l:x+2:x+3 2) x+1:[x+2:x+3j 3 x+1‘x+2:x+3
x+2 x+3 x+1 x+2 \x+3 x+1 x+2 x+3 x+1
4) x+l.(x+2:x+3j 5 x+1:x+2‘x+3 6) x+1:(x+2_x+3j
x+2 \x+3 x+1 x+2 x+3 x+1 x+2 \x+3 x+1
BAl TAP CUOI CHUONG

PHAN TRAC NGHIEM
Chon cau tra 10i dung:

Cau 1. Nhiing biéu thirc sau la don thic:

A. —3x5y;—7;§;2+5xy2. B. 2xy3;5;z;1.
4 2 x
3.2, 0.3 25 3.,5. A 2
C. 5x°y%; S,Zx V. D. 4x’y’;-3;7+2x"y.

Cau 2. Phan hé s6 caa don thite 7x°)° la:

A 7. B. 42. C. 7xy. D.

AN |

Cau 3.S6 0 duoc goi la:

A. Don thitc khong. B. Khong phai don thtec.
C. Ca hai cau A, B déu sai. D. Ca hai cau A, B déu
dung.
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Cau 4. Phin hé s8 ctia don thire ‘?3)& ) 1

A. -3. B. =. c. =43 D.
5 5
43.
Cau 5. Bon thitc —5x"y’ (-2)xy(3) duoc thu gon thanh:
A. (-5)(-2)(3)x"y. B. 30x'y’. C. 30xy°. D.
30x11y11‘
ey 7 2 2 3 4 \ 15 4 3 \
Cau 6. Tich cua —5xY va R la:
2315 3 3
A | -Z =[xy B. =x7y’. C. —=x"%y"=, D.
( SJ(J” 27 277
_E 1414
2x y .
C4u 7. Bac ctia don thitc (—3x4y)(2y5) la:
A 06, B. 9. C. 10,
D. 20,
Cau 8. Hai don thttc sau 1a dong dang;:
A, SXY gy Xy B. 5X'Y vy ~12xYy c. V' yaTw, p,
2.5
—127 vy 10,
Cau 9. Cac don thirc dong dang v6i don thire 20x7y7 1a:
A. %x5y7;—3x5y7;—x5y7. B. ix5y7;3x7y5;5x5y7.
C. -7x°y";2x°y,-3xy7 . D. Caba cau trén déu dung.
Cau 10. Pon thic —%x3 ) co:
A. _§ la hé s8 va x,y 1a phan bién. B. Hé sd: _é, phan bién: x')".
C. Hé s0: -4, phan bién: x va y. D. Caba cau trén déu sai.
Cau 11. Bac cua da thirc: 3x°y -5x* +5x%)° la:
A 5., B. 19, C. 8. D. 15,
Cau 12. Bic cua da thiec: 3x°y-7y* +5x°y la:
A7, B. 13, C. J. D. 6.

Cau 13. S6 0 duoc goi la:
A. Da thitc khong va khong co bac.
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B. SO hitu ti va khong phai la da thuec.
C. Don thttc khong va khong phai la da thrc.
D. Da thic khong va c6 bac la khong.

Cau 14. Bac cua da thic 4(x)= —gxs “2x*+x*+x+7 la:

A 7. B. 5. C. 15, D. 8.
Cau 15. Da thirc 7 co bac la:

A. 0. B. 7. C 1. D. Khong co

bac.

Cau 16. Biéu thirc nao sau day khong phai la da thic?
A. 3x37. B. —%x2y+2. C. Lx+y. D. 0.

2z
Cau 17. Don thitc nao sau day dong dang vdi don thire —2x°y* ?

A. %xzyzx. B. -2x'yz. C. -2xz. D. 3x%y’.

Cau 18. Biéu thtrc nao sau day khong phai la da thiec bac 4°?

A. 3x’yz. B. x'-—x*". C. xX’y+xyzt. D. x*-2°

Cau 19. Bi€u thtrc nao sau day khong phai la phan thiec?

A. Fy+2y. B. 2V c ¥r. D. ¢tb,
2z 3 a—b
Cau 20. Chon biéu thttc thich hop dé ¢6 dang thitc dung: x* —...+4y” = (x-2y) 1a:
A. 2xy . B. 4xy . C. —xy. D. —4xy.
PHAN TU LUAN

Bai 1. Cho don thittc M = (—3x3y4](§x2yj.

1)  Thu gon don thic M .
2) Xac dinh hé s6, phan bién va bac cta don thitcc M.

Bai 2. Rut gon biéu thikc sau: (6a'h’ ~184°b*):3a’h’ —(2a2b—7b).
7 4 ? 3
Bai 3. Thu gon cac don thirc sau: 4= (—3xyzz)~(§x2yzzj va B= (—gxzfj ~(—xyzz) )

Bai 4. Cho don thirc 4= %(6xy2 y .(-%xw] .
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1) Thu gon r6i tim bac ctia don thirc 4.

2) Tinh gid tri cia don thitc A tai x=-2,y=-1.
Bai 5. Cho don thttc sau: 4 =24x°y’ -(—%xzy] :

1)  Thu gon don thic 4.

2) Tinhgidtricta 4 tai x=-1 va y=-2.

2
Bai 6. Cho don thtic: 4 =(—%xy2j [;ﬁf].

Thu gon don thirc. Hay cho biét phan hé sd va bac cua don thirc.

NAM HOC: 2024 - 2025

Bai 7. Tinh gia tri cua da thitc P=xp’z-2x"yz> +3yz+5 khi x=1,y=-1,z=2.

Bai 8. Cho biéu thitc M=x(y* +xy)-x*+1.

Hay tinh gia tri ctia biéu thitc M tai x=-2 va y=1.
Bai 9. Cho da thitc P =5x"y—2xy’ —4x +5.

1) Tim da thitc O sao cho Q- P=-2x"y+7x’y+3xy.

2) Tim da thitc M sao cho P+M =3x"y* —5x’y+8xy.

Bai 10. Cho 2 da thttc: P=2x"y" —=3x" +2xy—11;0 =5xy +2x* =9+ x’y>.Tinh: 4=P+0.

Bai 11. Thuc hién cac phép tinh sau:

1)3x(x* -2) 2)(x-2)(2x+3) 3)(x+1)(2x+5)
4)(x=3y)(5x+y+2) 5)6x(x+3y—1)—6x* —8xy 6)x2y(5xy—2x2y—y2)
Bai 12. Thuc hién cac phép tinh sau: 1)18x*y* :12(-x)’ y 2) x*y* —2xy° :(%xyzj

Bai 13. Thuc hién cac phép tinh sau:
1) 3(2x-1)+5(3-x) 2) (x+5)(x—8)+x(3—-x)

3) (2x-1)* —4(x-2)(x+2)

Bai 14. Khai trién hang dang thuic:

1) (x+4) 2) (x—2) 3)25—m? 4)(a+2)

Bai 15. Cho x+y=3 va xy=2.Tinh x’ +)’.
Bai 16. Phan tich cac da thitc sau thanh nhan t.
1)(x-1)°-4 2)(2x+3)* +5(2x+3) 3)x’ —8)°

4)5x* —15x 5)x* =y +x+y 6)x’ —x’ —x*+1
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7)12x* —18x 8)x* +5x—y* -5y 9)—4x’* +4x* +x—1

Bai 17. Thuc hién cac phép tinh sau:

2x° -1 —x*-3 1 2 1 1
1 + 2)— — 3 _
) x=2 x=2 )x—l x* -1 )2x2—3x 4x* -9
2 -2
4) b N y 5) )2c+ Yy : 6) 2x2+ 11
X+y x-y X +xy xy+y 9-x" x-3 x+3

Bai 18. Hom qua, thanh long dwoc ban véi gid a dong moi kilogam. Hom nay,
nguodi ta da gidm gid 2000 dong cho mai kildgam thanh long. Vi cling s& tién
b dong thi hom nay mua duoc nhiéu hon bao nhiéu kilogam thanh long so
voi hom qua?
Bai 19. Trén mot dong song, mot con thuyén di xu6i dong véi toc dd (x +2)km/h va
di nguoc dong vdi toc dd (x—2)km/h (x> 2).
1) Xuat phat tit bén 4, thuyén di xudi dong trong 4 gio, roi di nguoc dong
trong 2 gio. Tinh quang duong thuyén da di. Lac nay thuyeén cach bén 4 bao
xa?
2) Xudt phat tir bén 4, thuyén di xu6i dong dén bén B cach bén 416km, nghi
30 phat, r6i quay vé bén 4. Sau bao lau ké tir lic xuat phat thi thuyén quay vé
dénbén 4?
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CHUONG 2. CAC HINH KHOI TRONG THUC TIEN
Bai 1. HINH CHOP TAM GIAC PEU - HINH CHOP TU GIAC

DEU.
A. KIEN THUC CAN NHO
HINH CHOP TAM GIAC PEU
Dz’nh

/Canh bén

Mat bén

Y Canh day

Hinh S.4BC la mot hinh chop tam gidc déu. Trong hinh nay:
- S goi la dinh.
- Midt ABC la mot tam giac déu va duoc goi la mat day (goi tatla day).
- Cac doan théng SA,SB,SC b?mg nhau va dwoc goi la cac canh bén.
- Ba mat S4B,SBC,SCA la cac tam giac can bf?mg nhau va dugc goi la ba mat
bén.
- Cac doan théng AB,BC,CA4 duoc goi la canh day.
- Goi O la trong tam ctia mat day, khi d6 SO goi la dwong cao, d6 dai SO goi
la chiéu cao.
Hinh S.ABCD la mét hinh chép té giac déu. S
HINH CHOP TU GIAC PEU
Dinh

Ky / Canh bén
Y
Iy Mt bén

Trung doan
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Hinh S.4BCD 1a mot hinh chép t& giac déu.
Trong hinh nay:

- § goila dinh.

- Mit 4BCD la mdt hinh vudng va duoc goi la mat day (goi tat 1a ddy).

- Cac doan théng S4,8B,SC,SD bf?mg nhau va duoc goi la cac canh bén.

- Bon mat S4B, SBC,SCD,SDA 1a cac tam giac can béng nhau va duwoc goi la bon
mat bén.

- Cac doan théng AB,BC,CD,DA dwoc goi la canh day.

- Goi O la giao diém hai dwong chéo cua mdt day, khi d6 SO la duong cao, do
dai SO la chiéu cao.

B. BAI TAP CO BAN
Bai 1: Quan sat hinh duéi day va thay mdi dau ? cho thich hop.

S6 S6
C C
a a o
Mat : SO
b a n m
Hinh Day . h h y
€ a
n t
b
a e
n
Tam
&
i
a
? C ? ? ?
C
\ 4 L4 DA é
Hinh chép tam gidc déu n
Hinh
\%
v ? ? ? ?
0
n
\ 4 7 .7 DA g
Hinh chép tk giac déu

Bai 2: Quan sat hinh chdp tam giac déu ¢ hinh bén va cho biét:
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1) Binh, mat ddy va cadc médt bén ctia hinh dé.
2) B¢ dai canh HO va canh BC.
3) Buong cao ctia hinh chép do.
Bai 3: Quan sat hinh chdp t¢ gidc déu o hinh bén va cho biét:

1) Mat day va cac mat bén cua hinh do.
2) buong cao cta hinh chép do.
3) B0 dai canh SB va canh BC.
Bai 4: Cho hinh chdép tam gidc déu S.DEF c6 canh bén SF=5cm va canh day
EF =3cm . Hay cho biét:

E

1) Mdt bén va mat day cua hinh chop.
2) B0 dai cac canh bén va canh ddy con lai ctia hinh chop.
3) S6 do mdi géc ciia mat day.
Bai 5: Cho hinh chop tt giac déu S.4BCD c6 canh bén SD=15cm va canh day
BC =8cm . Hay cho biét:
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1) Mat bén va mat day cua hinh d¢.
2) B0 dai cdc canh bén va canh ddy con lai ctia hinh dé.
Bai 6: Chiéc hop (Hinh a) dwoc vé lai nhw (Hinh b) c¢6 dang hinh chép tam giac déu
S.ABC'.

Sem

4em
B

Hinh a Hinh b
1) Hay cho biét mat day, mat bén, canh bén ctia chiéc hop do.
2) Cho biét S4 =5cm, AB = 4cm . Tim d0 dai cac canh con lai cua chiéc hop.

3) Mdi géc ctia tam gidc ddy 4BC bang bao nhiéu do?

Bai 2. DIEN TiCH XUNG QUANH VA THE TiCH HINH CHOP
TAM GIAC PEU - HINH CHOP TU GIAC DEU.

A.KIEN THUC CAN NHO
DIEN TiCH XUNG QUANH HINH CHOP TAM GIAC PEU HINH CHOP TU
GIAC PEU
Dién tich xung quanh hinh chép tam giac déu (hinh chép t& gidc déu) bang
tong dién tich cua cac mat bén:
Chu y: Dién tich toan phan cua hinh chép tam gidc déu (hinh chdp ti giac
déu) bang tong ctia dién tich xung quanh va dién tich day:
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S, =8, +S, (trong do: S, : 1a dién tich toan phan, S, la dién tich xung quanh,

S, la dién tich day).
Thé tich ctia hinh chép tam giac déu (hinh chép ti& gidc déu) bang % dién tich
day nhan véi chiéu cao.

V= %.S .-h (Trong d6: v la thé tich; S, la dién tich day va 4 1a chiéu cao).

B. BAI TAP CO BAN
Bai 1: Tinh thé tich cta hinh chép t& giac déu cd chiéu cao 3cm, d§ dai canh cua t&

giac day la 5cm (Hinh bén).

B Scem C

Bai 2: Cho mot hinh chdp tam gidc déu S.4BC cd d6 dai canh day BC béng 11cm va
duwong cao ctua tam gidc can SAB la SM =7cm . Tinh dién tich xung quanh cta

hinh chép tam giac déu S.4BC.

Bai 3: Tinh dién tich xung quanh cua cac hinh chop t& giac déu sau day:
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A Scm D

Bai 4: Tinh dién tich xung quanh cua khdi chop tam giac déu c6 d¢ dai canh day la
10cm, chiéu cao ctia mat bén xuat phat tir dinh cua hinh chép tam gidc déu la
12cm.

Bai 5: Tinh dién tich xung quanh, dién tich toan phan va thé tich cta:

1) Hinh chép tam giac déu c6 chiéu cao 1a 98,3cm; tam gidc day c6 dd dai canh
la 40cm va chiéu cao la 34,6cm; chiéu cao mdt bén xuéat phat tir dinh ctia hinh
chop tam giac déu 1a 99cm.

2) Hinh chép t¢ gidc déu c6 do dai canh day la 120cm, chiéu cao la 68,4cm,
chiéu cao mat bén xuat phat tit dinh ctia hinh chdp tt giac déu la 91cm.

Bai 6: Tinh dién tich toan phan va thé tich cua hinh chdp t& giac déu c6 do dai canh
day la 72dm, chiéu cao la 68,1 dm, chiéu cao ctia mdt bén xuat phat tir dinh
cua hinh chép t& giac déu la 77dm.

Bai 7: Kim ty thap Giza ndi tiéng 6 Ai Cap c6 dang hinh chép tt gidc déu véi chiéu
cao khoang 147m va ddy la hinh vuong canh khoang 230m.

(Ngudn: https: //www. britannica. com/topic/Pyramids-of-Giza)
1) Tinh thé tich cta kim ty thap Giza.
2) Duong cao cua mat bén xuat phat tir dinh ctaa kim ty thap do dwoc dai
186,6m. Tinh dién tich xung quanh ctia kim ty thap Giza.
Bai 8: Bao tang Louvre (Phap) c6 mot kim tu thap hinh chép ti gidc déu bang kinh
(goi la kim tw thap Louvre) cd chiéu cao 21,3m va canh ddy 34m. Tinh thé lich
cua kim tu thdp nay.
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(Nguon: https://www.pariscityvision.com/en/paris/museums)

Bai 9: Nhan dip Tét trung thu, Nam du dinh 1am mot chiéc 1ong den nhw hinh bén.
Chiéc Iong den c6 do dai canh day va duong cao ctia mat bén twong Gng voi
canh day Ian lugt la 30cm va 40cm. Em hay gitp Nam tinh xem phai can bao
nhiéu mét vudng gidy vira dt d€ dan tat ca cac midt cua moi chiéc [ong den.

Biét rang nép gap khong dang ké va c6 mot mat khong bi dan.

Bai 10: Tinh thé tich cua mot chiéc hdp banh it c6 dang hinh chép t& giac déu, cd do

dai canh day la 3cm va chiéu cao la 2,5cm.

Bai 11: Hinh bén 1a mot cdi 1éu ¢ trai he ctia hoc sinh kém theo cac kich thudc.
1) Thé tich khong khi bén trong 1éu 1a bao nhiéu?
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2) Xac dinh sd vai bat can thiét dé dung léu (khong tinh dén duong vién, nép
gap, ... biét chiéu cao cia mat bén xudt phat ttr dinh cta chiéc léu la 2,5m.

Bai 12: Tinh thé tich khoi rubik c6 dang hinh chép tam gidc déu (Hinh bén). Biét
khéi rubik nay c6 bon mit 1a cac tam giac déu bang nhau canh 4,7cm va chiéu
cao 4,lcm; chiéu cao ctia khdi rubik bﬁmg 3,9cm.

Bai 13: Mot bé kinh hinh hop ch® nhat c6 hai canh day la 60cm va 30cm. Trong bé
c6 mot khoi da hinh chdp tam giac déu véi dién tich day la 270cm®, chiéu cao
30cm. Nguoi ta d6 nudc vao bé sao cho nudc ngap khdi da va do duwoc muc
nudc 1a 60cm. Khi 1ay khoi d4 ra thi muc nudce cira bé 1a bao nhiéu?

|
I
I
I
I
|
I
l
I
|
60cm e ; ; d1.__ /}_ ______ ___

a b

Bai 14: Lop ban Nam du dinh gap 100 hop dung qua dang hinh chép tam giac déu
co tat ca cac mat déu 1a hinh tam gidc déu canh 5cm dé€ dung cac mon qua gui
tang cho hoc sinh khé khan nhan dip Tét Trung thu. Cho biét chiéu cao ctua
moi mét 1a 4,3cm. Tinh dién tich gidy can dé lam 100 hop qua, biét rang phai
ton 20% dién tich gidy cho cac mép gidy va cac phan gidy bi bo di.
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Bai 15: Mot bé kinh hinh hdp chit nhat chita nwde c6 hai canh day la 50cm va 40cm,
khoang cach tir muc nudc téi miéng bé la 15cm. Nguwoi ta du dinh dét vao bé
mot khoi da hinh chép tit giac déu canh day la 20cm, chiéu cao 15cm. Khi d6

khoang cach muc nude téi miéng bé 1a bao nhiéu? Biét rang sau khi dat khdi

da vao, nudc ngap khoi da va khong tran ra ngoai.

C. BAI TAP TU REN

Bai 1: Cho hinh chép déu S.4BCD c6 canh ddy bang 3cm, chiéu cao ctia hinh chép la
h =2cm . Tinh thé tich ctia hinh chép da cho.

Bai 2: Tinh chu vi day ctia hinh chép tt gidc déu biét thé tich cta hinh chép la
256cm’, chiéu cao ctia hinh chép la 12em.

Bai 3: Cho hinh chdp tam giac déu c6 do dai canh day la 4cm, chiéu cao cua hinh
chép 1a 6cm. Tinh thé tich ctia hinh chép.

Bai 4: Cho hinh chép tam giac déu canh 5cm va d¢ dai duwong cao mat bén la 6cm.
Tinh dién tich xung quanh ctia hinh chop.

Bai 5: Cho hinh chép t& gidc déu c6 thé tich 1a 125¢m’, chiéu cao cua hinh chép la

15cm. Tinh chu vi day.
Bai 6: Chop inox ddt trén dinh nti Fansipan (Viét Nam) c¢6 dang hinh chép tam gidc
déu voi dién tich ddy khoang 1560cm” va chiéu cao khoang 90cm. Tinh thé tich

ctia chop inox trén dinh nti Fansipan (Viét Nam).

Bai 7: Mot khoi Rubic c6 dang hinh chép tam giac déu. Biét chiéu cao khoang 5,9cm
thé tich cua khéi Rubic la 44,25¢m’. Tinh dién tich day cua khéi Rubic.

Bai 8: Mot hinh chép tam gidc déu c6 thé tich 13 243¢m®, dién tich day 1a 8/3cm’.
Tinh chiéu cao cta hinh chép tam giac déu do .

Bai 9: Mot chiéc den tha tran c6 dang hinh chép tam giac déu co tat ca cac canh déu
khodng 20cm. D$ dai duong cao ctia mat bén 1a 17,5cm. Tinh dién tich xung

quanh cua chiéc den tha tran do.
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Bai 10: Cho hinh chép tam gidc déu S.4BC c6 canh ddy bang 8cm va chiéu cao tam
gidc day la 7cm; chiéu cao mat bén bang 5cm. Tinh dién tich xung quanh va
dién tich toan phan (tic 1a tong dién tich cac mat) cua hinh chop.

Bai 11: BO nam cham xép hinh ¢é dang hinh chép tam gidc déu (nhu hinh anh hén)
c6 do dai canh ddy khoang 6cm va mat bén c6 duong cao khoang 7cm. Tinh
dién tich xung quanh bd nam cham xé&p hinh do.

"

‘Jl‘((.'-'

4 "'«4'3,5 A)‘.QAY«Q
Bai 12: Cho hinh chép t¢ gidc déu S.4BCD véi kich thuwdc nhu hinh vé. (
BC =10cm,SD =12cm)
1) Tinh chu vi ddy 4BCD.
2) Tinh d0 dai chiéu cao SI cua méat bén SCD.
3) Tinh dién tich xung quanh cta hinh chop t& giac déu S.4BCD.

B 10cm c

Bai 13: Cho mot hinh chop t& giac déu S.4BCD c6 dién tich day 1a 400cm’, chiéu cao
mdt bén S/ =25c¢m. Tinh dién tich xung quanh, dién tich toan phan (ttc la
tong dién tich cac mat) cta hinh chép t&¢ giac déu S.4ABCD.
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Bai 14: Cho hinh chép tt gidc déu S.ABCDbi€t AD =25mm,SO =27mm . Tinh thé tich
hinh chép t& giac déu S.4BCD.

B 25mm C

Bai 15: Nguoi ta mudn lam cai nha kho bang t6n hinh ling tru t gidc déu c6 méi
che la bon hinh chép t giac déu véi kich thude da cho trén hinh.

_____ 1 sm

20m

25m
7

25m
1) Tinh dién tich ton can thiét dung d€ lop mai va che xung quanh, biét d6 dai
chiéu cao mot mat bén cta hinh chép la 8m.

2) Tinh thé tich khong khi trong kho sau khi xay dung xong.
BAI TAP CUOI CHUONG

Bai 1: Cho hinh chép tam giac déu S.4BC nhu hinh bén.
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S

B

1) K€ tén cac mat bén ctia hinh chop.
2) Tinh chu vi tam giac SAB, bi€t S4 =8cm,BC =7Tcm .

Bai 2: Trong hinh bén dudi, hinh nao 1a hinh khai trién cta hinh chép tam giac déu?

r7v K AN

Bai 3: Cho hinh chép déu SABCD ¢b AB = 4cm,SC = 6cm nhu hinh bén.

1) K€ tén cac mat chira canh BC cta hinh chop.
2) Tinh d0 dai cac canh SB, AD.
Bai 4: Cac phat biéu sau day dung hay sai?
1) Hinh chép tam giac déu c6 tat ca cac canh bang nhau.
2) Hinh chop t giac déu c6 day la hinh vudng.
Bai 5: Cho hinh chép tam giac déu c¢6 do dai canh bén b:?mg 4 cm va d0 dai canh
day bang 3 cm nhu hinh bén dudi, hinh nao 1a hinh khai trién ctia hinh chép

tam giac déu da cho?
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LT

b)
Ba1 6: Trong cac hinh bén dwdi hinh nao khai trién cua hmh chop t& giac déu?

a) b) c) d)
Bai 7: Cho hinh chép tam giac déu SABC nhu hinh bén.
1) K€ tén cac dinh, canh bén, mat bén, mat day va duong cao cua hinh chép.

2) K€ tén cac mat khong chira canh S4 cta hinh chop.

Bai 8: Cho hinh chép t& giac déu S.ABCD nhu hinh bén, ké tén cac dinh, canh bén,

mat bén, mat day va dwong cao cta hinh choép.




BOI DUGNG NANG LUC TU HOC - TOAN 8 T S

T — = ————

NN
A}
|
|
]
|

A
v

.
[
Q¥
A
. FA
# 3
-

Bai 9: Tinh dién tich xung quanh ctia hinh chép tam giac déu trong hinh bén, biét

AB=8cm, SI =9 cm.

~

B

Bai 10: Mot hinh chép tam giac déu c6 dién tich xung quanh 30 cm® va duong cao
ctia mdt bén ke ttr dinh cta hinh chop béng 5 cm. Tinh d¢ dai canh day.
Bai 11: Tinh dién tich xung quanh ctia hinh choép t¢ giac déu trong hinh bén biét

BC=14cm, SI =18 cm.

Bai 12: Tinh dién tich xung quanh cta hinh chdp tam giac déu trong hinh bén.
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S

B
Bai 13: Mai nha ctia mot choi san veeon c¢6 dang hinh chép tit giac déu nhw hinh bén.
Tinh dién tich vai bat can dung dé& phtt mai choi, biét rang nguoi ta chi dung

mot 16p vai bat (Khong tinh phan vién xung quanh).

Bai 14: Xét tinh dung, sai cta cac phat biéu sau day:

1) Dién tich xung quanh ctia hinh chép tam gidc déu bang ba lan dién tich méi
mat bén.

2) Dién tich xung quanh ctia hinh chép tam giac déu bang dién tich ctia ntra
chu vi day véi duwong cao ctia mét bén keé ttr dinh ctia no.

3) Dién tich xung quanh ctia hinh chdp ti& gidc déu bang tong dién tich cta tat
ca cac mdt bén.

Bai 15: Mot hinh chép ¢ gide déu c6 dién tich xung quanh 36 cm’ va duong cao ctia
mat bén ké tir dinh ctia hinh chép béng 6 cm. Tinh dién tich day. Dai kim tu
thap ctia My (The Great American Pyramid) nam & Memphis, bang Tennessee
la moét trong nhitng kim tw thap 16n nhat thé gidi. Noi day hoat dong nhuw
mot trung tdm thwong mai va giai tri sam udt. Pai kim ty thap c6 dang hinh
chop t& gidc déu véi day la hinh vudng canh 180 m va chiéu cao ctia mat bén
ké tir dinh hinh chop br?mg 133 m. Tinh dién tich mat ngoai ctia Dai kim tw
thap nay.
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Bai 16: Tinh thé tich cia mot hinh chép tam giac déu, biét dién tich day bf?mg 6 cm’

va chiéu cao ctia hinh chép bang 5 cm.
Bai 17: Tinh thé tich cua hinh chép t& gidc déu trong hinh bén, biét

SO=6cm, AB=5cm.

Bai 18: Tinh d¢ dai canh day cua mot hinh chép t giac déu, biét thé tich cua hinh
chép bang 13,5 cm® va chiéu cao ctia hinh chép bang 4,5 cm.

Bai 19: Kim tw thap Cheops & 4i Cap duoc xay dung vao khoang 2500 nam truwedc
Cong nguyen.
1) Kim ty thap nay c6 dang hinh chép t& giac déu véi chiéu cao 147 m, canh

day dai 230 m. Hay tinh thé tich ctia né.

r'

—

2) Hién nay, kim ty thdp nay van c6 dang hinh chép t gidc déu véi chiéu cao
khoan 138 m, con d6 dai canh day vao khoang 230 m. Thé tich ctia kim tw

thap giam bao nhiéu mét khdi so véi khi mdi xay dung?
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(Nguodn:https://wwwwonders-of-the-worldnet/Pyramids-of-Egypt

Dimensions-of-thepyramids -of-Egypt.php)
Bai 20: Tinh dién tich day ctia mot hinh chép tam giac déu cé chiéu cao bang 7,5 cm

va thi tich bang 62,5 cm”.
Bai 21: Khu bao ton Muttart la mot phan biéu twgng ctia canh quan thanh phd
Edmonton, Canada véi bon nha kinh hinh dang kim tu thdp. Mdi toa nha déu
co tieng chu dé riéng. Hai nha kinh 16n déu cé dang hinh chép t gidc déu voi

chiéu cao 24 m va dién tich d&y mdi nha kinh khoang 660 m’. Tinh tong thé
tich ctia hai nha kinh nay.

(nguodn:https://edmontonjournalcom/life/homes/landmarks-muttart-conservatorys-

iconic- pyramids-house-botanical-treasures).
Bai 22: Tha mot vat dung khong thdm nude hinh chdp tit giac déu nhu hinh bén vao

mot chi€c binh dang chita 780 ml nwéc. Hoi nuwde 6 tran ra khoi binh khong,

biét rang cai chan gidy chim han xuéng nudc va dung tich ctia binh 1a 1000 ml
?

\\
\ . 12cm

8 cm

Bai 23: Mot khoi bé tong c6 dang nhu hinh bén. Phan dwéi cuia khoi bé tong co dang
hinh h¢p chit nhat, day la hinh vudng canh 30 cm va chiéu cao 25 cm. Phan



https://wwwwonders-of-the-worldnet/Pyramids-of-Egypt
https://edmontonjournalcom/life/homes/landmarks-muttart-conservatorys-iconic-
https://edmontonjournalcom/life/homes/landmarks-muttart-conservatorys-iconic-
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trén ctia khdi bé tong cé dang hinh chdp t& giac déu, chiéu cao 60 cm. Tinh
thé tich ctia khai bé tong.

Bai 24: Dién tich xung quanh ctia hinh chép tam giac déu bang 144 cm®. Tinh d6 dai
duong cao ctia mat bén ké tit dinh ctia hinh chdép tam giac déu, biét canh day
ctiano dai 12 cm

CHUONG 3: CAC PINH LI PYTAGORE - CAC LOAI TU GIAC
THUONG GAP

Bai 1. PINH LI PYTHAGORE

A.KIEN THUC CAN NHO
1) Dinh li Pythagore thuan
Trong mdt tam gidc vudng, binh phuong d6 dai cia canh huyén bang téng cac
binh phwong d6 dai cua hai canh géc vudng.
2) Dinh li Pythagore dao
Néu mot tam gidc c6 binh phuong d6 dai ctia mot canh bang tong binh

phuong do dai cta hai canh kia thi tam gidc do la tam gidc vuong.

B. BAI TAP CO BAN
Bai 1: Cho tam gidc ABC vuodng tai 4. Tinh canh BC trong cac treong hop sau:
1) AB=3 cm; AC =4 cm.

Hudng dan giai

Xét AABC vuong tai 4, ta co:

BC* = AB* + AC* (Dinh li Pythagore)
BC* =3 +4

BC* =3 +4

TRANS: 82
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BC*=9+16
BC? =25
BC =5( cm)
Vay BC =5 cm.
2) AB=8 cm; AC =6 cm.

3) AB=5cm; AC=12 cm.
4) AB=12 cm; AC =16 cm.
5) AB=18 cm; AC =24 cm.
Bai 2: Cho tam giac ABC vuong tai 4. Tinh canh AC trong cac truong hop sau:
1) AB=6 cm;BC =10 cm.

Hudng dan giai

Xét AABC vuodng tai 4, ta co: 4
BC? = 4B’ + AC? (Dinh li Pythagore)
10° =6 + AC* 6 cm
100 =36+ AC’
AC* =100-36=64 B 10 cm ¢
AC=8(cm).Vay AC=8cm
2)AB =12 cm; BC =13 cm
3) AB=24 cm; BC =26 cm
4) AB=15 cm; BC =25 cm.

5) AB=21cm; BC =29 cm.
Bai 3: Chiing minh tam gidc ABC la tam giac vudng trong cac treong hop sau:
1) AB=3cm, AC=4 cm, BC =5 cm.

Huéng dan giai: 4

Xét AABC, taco: 3cm 4 cm
BC? =5 =25
AB* + AC* =3 +4°=9+16=25 B
Nén BC? = AB* + AC* (=25)
Do dé A4BC vuong tai 4 (Dinh li Pythagore dao)
2) AB=5cm,AC =12 cm,BC =13 cm.
3) AB=8cm,AC =15 cm,BC =17 cm.
4) AB=24 cm,AC =7 cm,BC =25 cm.
5) AB=29 cm, AC =21 cm,BC =20 cm.

5cm
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6) AB=9 cm, AC =40 cm,BC =41 cm.
7) AB=37 cm,AC =12 cm,BC =35 cm.
8) AB=60 cm,AC =61 cm,BC=11cm.

Bai 4: Tim tam gidc vudng trong cac tam giac sau:
1) Tam giac ABC c6 AB=6 cm,BC =10 cm,AC,=8 cm .
2) Tam giac MNP c6 MN =3 m,NP =4 m,PM =6 m.
3) Tam giac OPQ c6 OP =12dm,0Q =16dm,PQ = 20dm .

C. BAI TAP TU REN
Bai 1: Mot chiéc ti vi man hinh phang cé chiéu dai do dwoc lan lwot 1a 72 cm va
120 cm. Tinh d¢ dai dwong chéo chiéc ti vi d6 theo don vi inch (biét 1 inch
~2,54 cm ).
Bai 2: Doan 1én doc tit C dén A4 dai 8,5 m, 0 dai CB béng 7,5 m (Hinh bén). Tinh
do dai x ctia doan th:‘;‘mg AB .
4

B - C
Bai 3: Tinh chiéu cao ctia btic twong (Hinh bén) biét rang chiéu dai cta thang 1a 4 m

va chan thang cach tuvong la I m.

Bai 4: Trén giay ké 6 vudng (d6 dai canh cta 6 vudng bang 1 cm), cho tam gidc 4BC
nhw hinh bén. Tinh d6 dai mdi canh cta tam gidc ABC.
c

4

Bai 5: Mot ban hoc sinh tha diéu ngoai cong vién, cho biét doan diéu tir tay ban dén
con diéu dai 130 m va ban ding cach noi diéu duoc tha 1én theo phuong
th:fmg ding la 50 m. Tinh d6 cao cua con diéu so vdi mat dat, biét tay ban hoc

sinh cdch mat datla 1,5 m.




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 6: Mot con thuyén dang neo & mot diém cach chan thap hai dang 180 m. Cho
biét thap hai dang cao 25 m. Hay tinh khoang cach tir thuyén dén ngon hai
dang.

Bai 7: Mot may bay cat canh trong 5 phut véi van téc 240 km/h . Hay tinh d6 cao cua
may bay so v6i mat dat, biét khoang cach tit diém xuat phat dén phuong
thang dtng 1a 12 km.

Bai 8: Cho tam gidc ABC vudng tai 4. Tinh canh BC trong cac treong hop sau:

1) AB=30 cm; AC =40 cm.
2) AB=1cm; AC =+/3 em.
3) AB=1cm; AC =1cm
4) AB =2 cm; AC =+/13 cm.
Bai 9: Cho tam gidc ABC vudng tai 4. Tinh canh AC trong cdc treong hop sau:
1) AB=1 cm; BC =+/2 cm.
2) AB=2 cm;BC:x/B cm.
3) 4B =3 ecm;BC=2cm.
4) AB=~/99 cm; BC =10 cm.
Bai 10: C ho tam giac ABC vudng tai 4. Tinh canh BC néu biét:
1) AB=AC va AB+AC =10 cm.
2) AB=AC va AB+ AC =22 cm.

3) %:% va AB+AC =14 cm.

4) AB+AC=17cm va AB—AC =7 cm.
5) AB+ AC=14cm va AB—AC =2 cm.

6) %:AS—C va S4B +84C =100 cm.

7) AB+AC =49 cm va AB—AC=7 cm.
8) 44B =3A4C va AB+ AC="70 cm.
Bai 11: Tam gidc nao la tam gidc vudng trong cac tam gidc c6 do dai ba canh nhu
sau:
1) 9 cm,15 cm,12 cm.
2) 1m,6 dm,8 dm.
3) 6 cm,7 cm,8 cm.
4) 24 cm,1 dm,26 cm.
5) 13dm,12 dm,5 dm.
6) 5cm,5 cm,1dm.
7) 7m,7 m,10 cm.
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8) V2 cm, /3 cm,\/g cm.
Bai 12: Chitng minh: tam gidc ABC la tam gidc vudng trong cac treong hop sau:
1) AB=3x,AC =4x,BC =5x(x>0).
2) AB=5x,AC =12x,BC =13x (x> 0).
3) AB _AC _ BC .
3 4 5
4) 20.AB=15.AC=12.BC.

Bai 13: Cho tam giac nhon ABC.Ké 4H vudng goc v6i BC (H e BC). Cho biét

AB=13cm, AH =12 cm, HC =16 cm. Tinh cac d6 dai AC,BC.
Bai 14: Cho tam giac ABC, ké AH | BC tai H,(H nam gitta B va C). Hay tinh cac
canh 4B, AC va chiing minh tam gidc ABC vudng tai 4 néu biét:
1) AH =12 cm,BH =9 cm,CH =16 cm..
2) AH =10 cm,BH =25 cm,CH =4 cm.
3) AH =4 cm,BH =1 cm,CH =16 cm,
4) AH =2 cm,BH =1cm,CH =4 cm.
5) AH =24 cm,BH =32 cm,CH =18 cm.
6) AH:\/% cm,BH =4 cm,CH =5 cm.
Bai 15: Cho tam giac ABC, ké AH 1 BC tai H (H thudc doan BC). BAC c6 phai la
goc vuong khong? Néu biét:
1) AB=15cm,AC =20 cm,AH =12 cm.
2) AB:x/E cm,AH =1cm,CH =1 cm.
3) AB:\/§ cm, AH =6 cm,CH =4 cm.
4) AB=2cm,AC=2 cm, AH =+/2 cm.
5) AB=3 cm,AC =4 cm,AH =2,4 cm.
6) AC =45 cm, AH =1 cm,BH:\/ﬁ cm

BAI 2. TU GIAC

A.KIEN THUC CAN NHO
1) Dinh nghia:
Tt gidc ABCD 1a hinh gom bén doan thang 4B, BC,CD, DA, trong d6 bat ki
hai doan thang nao ciing khong cling nam trén mot duong thang.
Vidul:
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NAM HOC: 202% - 2025

a) b) <)
T gidc ABCD con duoc goi tén la ti giac BCDA, BADC, ... Cac diém 4,B,C,D
goi la cac dinh. Cac doan théng AB,BC,CD, DA goi la cac canh.
Tt gidc 16i 1a tit gidc ludn nam trong mot nira mat phang cd bo 1a duong thang
chtra bat ki canh nao cua ti giac.
2) Tong cac goc ctia mot ti giac: Tong s8 do cac goc ctia mdt t giac bang 360°.
B. BAI TAP CO BAN
Bai 1: Tim x ¢ hinh 1, hinh 2:

F L
E ] ] D
x
" G A “E
a) b) 0)
Hinh 1
R
65 M N
0 3x dx
x
X 95° 2x X >
d— P
P °s Q
a) b)
Hinh 2.

Bai 2: Goc ké bu véi mot goc cta ti gidc goi la gbc ngoai cua ti giac.
1) Tinh cac goc ngoai cua tir giac ¢ hinh 3a.
2) Tinh tdng c4c géc ngoai ctia t& giac 6 hinh 35 (tai mdi dinh cta t& gidc chi
chon mot géc ngoai): 4 +B,+C,+D, =?

3) C6 nhan xét gi vé tdng cac gbc ngoai cua ti giac?
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B
B dl
C
120°\ 1
C A
1l 75° b
A 1\ D[I
a) D

Hinh 3. Hinh 4.

Bai 3: Ta goi tit gidc 4BCD trén hinh 4 ¢ 4B = A4D;CB=CD la hinh "cai diéu".
1) Chiing minh: 4C la duong trung triec ctia doan BD.
2) Tinh B,D biét rang 4=100",C=60".

C. BAI TAP TU REN
Bai 1: Tinh t6ng c4c goc ngoai ctia t gidc (tai modi dinh ctia t giac chi chon mot goc
ngoai).
Bai 2: Tt gidc ABCD c¢6 AB=BC,CD=DA.
1) Chiing minh: BD la duong trung triec ctia doan AC.
2) Cho biét B=100",D=70". Tinh 4 va C.
Bai 3: Tt gidc 4BCD c6 4=100", gbc ngoai tai dinh B bang 110°,C =75 . Tinh s8 do
goc D.
Bai 4: Tt gidc EFGH c¢6 gbc ngoai tai dinh E bang 65, gbc ngoai tai dinh F bang
100", gbc ngoai tai dinh G bang 60°. Tinh s& do gbc ngoai tai dinh H.
Bai 5: Tt giac ABCDcO A=x,B=2x,C=3x,D=4x. Tinh s§ do cac goc cua ta giac do.
Bai 6: Tt giac ABCD ¢6 C=60",D=80",4-B=10". Tinh s6 do cac goc 4 va B.
Bai 7: Tinh c4c goc cua t gidc 4BCD, biétrang: A:B:C:D=1:2:3:4.
Bai 8: Tt giac ABCD ¢ A=65,B=117",C=71". Tinh sd do gbc ngoai tai dinh D.
Bai 9: Tt gidc ABCD c6 chu vi 66¢m . Tinh d6 dai 4C, biét chu vi tam gidc 4BCbang
56¢m, chu vi tam gidc ACD bang 60cm .

Bai 3. HINH THANG - HINH THANG VUONG - HINH THANG
CAN.

I. HINH THANG

A.KIEN THUC CAN NHO
Pinh nghia: Hinh thang la t& gidc hai canh d6i song song.
Vi du: T gidc ABCD la hinh thang véi 4B/DC .
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Trong do:

* Poan théng AB,CD goi la canh ddy (hoac ddy); 4B la day nhd, CD la day 16n
* Doan thang 4D; BC goi la canh bén.

*Doan thang 4H goila duong cao.

B. BAI TAP CO BAN
Bai 1: Tim xva y & cac hinh sau:

/7400\

AB//CD MN//PQ

H G//IK

Bai 2: Tim xva y trong hinh bén dwdi, biét rang 4BCD1a hinh thang c6 day 1a 4B va
CD.

Bai 3: Cho hinh thang ABCD(A4B//CD) va B=80°,D=40°. Tinh 4 va C.
Bai 4: Cho hinh thang 4BCD(AD//BC) va A=100°,D=60°. Tinh B va C.
Bai 5: Cho hinh thang ABCD(AB//CD) c6 D=60".
1) Tinh 4.
2) Tinh B,C- Biét %;%
Bai 6: Cho hinh thang ABCD(AB//CD) ¢6 A-B=20,D=2C.
1) Tinh A+B.
2) Chting minh: 4+B=C+D.
3) Tinh s6 do cac goéc ctia hinh thang.
Bal 7: Cho hinh thang ABCD(AB//CD) c6 D=50" va B= %A. Tinh céc goc ctia hinh

thang.




BOI DUONG NANG LUC TU HOC - TOAN 8
Bai 8: Hinh thang ABCD(AB//CD) ¢6 A—D =20%,B=2C . Tinh cac goc ctia hinh
thang.
Bai 9: Tinh céc goc ctia hinh thang ABCD( AB//CD ), biét rang 4=3D,B—C=30".

Bai 10: Tinh cac géc ctia hinh thang ABCD( AB//CD ), biét rang A= %D,B -C=50°.

Bai 11: Hinh thang 4ABCD(AB//CD) ¢c6 A—D=40",4=2C. Tinh cac goc ctia hinh
thang.
Bai 12: Tinh cic géc B va D ctia hinh thang 4BCD, biét rang 4 =60°,C =130°.
Bai 13: Cho hinh thang 4BCD( AB//CD,AB < CD ). Hai tia phan giac ctia hai goc C va
D catnhau tai K thudc day 4B.Chtng minh:
1) AADK can & A;ABKC can ¢ B.
2) AD+BC = AB.
Bai 14: Cho hinh thang ABCD(AB//CD);CD = AD+BC . Goi K la diém thudc day CD
sao cho KD = 4D . Chttng minh:
1) 4k la tia phan gidc ctia goc 4.
2) KC=BC.
3) BK la tia phan gidc ctia goc B.
Bai 15: Cho hinh thang ABCD( AB//CD);CD = AD+ BC. Goi K la giao diém cua tia
phan gidc goéc 4 véi ddy CD. Chitng minh:
1) 4Db=DK.
2) ABCK cano C.
3) BK la tia phan giac cua goc B.
Bai 16: Cho hinh thang 4BCD c6 ddy nhé BC bang 4cm. Qua B vé duong thang
song song v6i CD cat 4D & E. Biét chu vi tam gidc ABE bang 12cm.
1) Ching minh: BC=ED; BE =CD.
2) Tinh chu vi hinh thang 4BCD.
Bai 17: Cho hinh thang ABCD (AD//BC,AD < BC). Qua B vé dudng thang song song

v6i CD. Tinh 4D.

Bai 18: Cho hinh thang ABCD(AB//CD); AB=13,4cm; AB = %CD va chiéu cao AH
bang trung binh cdng clia hai ddy. Tinh 4H va S, .

Bai 19: Cho hinh thang 4BCD(AB//CD) c6 AB=4cm;CD=8cm va S ., =30cm’. Tinh

chiéu cao 4H ctia hinh thang.
I. HINH THANG VUONG

A.KIEN THUC CAN NHO
Dinh nghia: Hinh thang vuong la hinh thang c6 mot géc vuong.
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B. BAI TAP CO BAN
Bai 1: Tim cac goc chwa biét ctia hinh thang ABCD c¢6 hai day la 4B va CDtrong

treong hop 4=90° va B=40°.
Bai 2: Cho hinh thang ABCDc6 AB//CD va AB<CD.Ké 4H vudng gbc voi CD tai
H Chtng minh: tt gidc ABCH la hinh thang vuong.
Bai 3: Cho tam gidc 4BCvudng can tai 4. O phia ngoai tam gidc ABC, vé tam giac
BCDvuong can tai B. Tt giac 4BDC la hinh gi? Vi sao?
Bai 4: Cho tam gidc 4BC can tai 4 c6 duong cao 4H.Qua B ké duong thang song
song voi AH, cat AC tai T.Chting minh: t¢ gidc 4HBT 1a hinh thang vudng.
Bai 5: Cho tam gidc 4BC vudng can tai 4,BC =2cm. O phia ngoai tam gidc ABC vé
tam gidc ACE vuodng can tai E.
1) Chiing minh: 4ECB la hinh thang vudng.
2) Tinh cac goc va cac canh cua hinh thang 4ECB.
Bai 6: Cho tam gidc 4BC vudng can tai 4 c6 AB=+2cm. Vé phia ngoai vé AACD
vuong can tai D.
1) Tk gidc ABCD la hinh gi? Vi sao?
2) Tinh S ;..
Bai 7: Cho hinh thang vudng 4BCDcb A=D=90°, AB= AD =2¢m,CD =4cm va BH
vudng goc CDtai H .
1) Chttng minh: A4BD = AHDB .
2) Chttng minh: ABHC vuong can tai # .
3) Tinh S, -
Bai 8: Ttk gidc ABCDc6 A=B=90°,BC = DC va DBla tia phan giac ctia gbc D. Chitng
minh:
1) T& giac ABCD la hinh thang vuong.
2) AC*+AD* = BC* + BD’.
Bai 9: Hinh thang vuong ABCD c6 A=D=90° 4B = AD =2cm,CD =4cm . Tinh cac goc
cta hinh thang.
Bai 10: Cho tam gidc ABCvuong tai A(AB < AC). Tia phan giac ctia gbc B cat AC tai
D.Trén BC lay diém E sao cho BE = BA.
1) Chttng minh: A4BD = AEBD .
2) Ke duong cao 4H cua tam gidc 4BC. Chitng minh: Tt gidc ADEH la hinh
thang vuong.
3) Goi 7 1a giao diém ctia 4H véi BD, dudng thang EI cat 4B tai F.Chung
minh: t&t gidc ACEF la hinh thang vuong.
III. HINH THANG CAN

A.KIEN THUC CAN NHO
1) Pinh nghia: Hinh thang can 14 hinh thang c6 hai géc k& mot day bang nhau.
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2) Tinh chat:
Hinh thang can c6 hai canh bén bang nhau.
Hinh thang can c6 hai dwong chéo bang nhau.
3) Dau hiéu nhan biét:
Hinh thang cé hai géc ké mot day bang nhau la hinh thang can
Hinh thang c6 hai duong chéo bang nhau 1a hinh thang can.

B. BAI TAP CO BAN

Bai 1: Cho hinh thang can 4BCD(AB//CD) c6 A=50°. Tinh B,C,D.

Bai 2: Cho hinh thang can ABCD(AB//CD) c6 A=2C. Tinh cac s6 do cac goc cua hinh
thang.

Bai 3: Tim cac goc chua biét ctia hinh thang ABCD c6 hai day la 4B va CDtrong
truong hop C=D=80°.

Bai 4: Cho hinh thang can 4BCD(AB//CD,AB <CD ). Ké cac dwong cao AE,BF cua
hinh thang. Ching minh: DE =CF .

Bai 5: Cho hinh thang can 4ABCD(AB//CD),E la giao diém cua hai duong chéo.
Chttng minh E4A=EB,EC=ED.

Bai 6: Cho tam giac ABC can tai 4. Trén cac canh bén 4B, AC ldy theo thit tu cac
diém D va E sao cho 4D = 4E.

1) Chiing minh: BDEC la hinh thang can.
2) Tinh céac goc ctia hinh thang can d6, biét rang 4=50°.

Bai 7: Cho ACOD vuong can tai O, trén tia doi cua tia OC va tia d0i ctia tia OD lan
luot 18y hai diém 4 va B sao cho 04=0B(04<0C). Chiing minh: T giac
ABCD la hinh thang can.

Bai 8: Hinh thang 4ABCD(AB//CD) c6 ACD =BDC . Chttmg minh: 4BCD la hinh thang
can.

Bai 9: Cho hinh thang ABCD(AB//CD) c6 AC = BD.Qua B ké duong thang song
song v6i AC, cat dwong thang DC tai E.Ching minh:

1) ABDE la tam giac can.
2) AACD =ABDC.
3) Hinh thang 4BCD la hinh thang can.

Bai 10: Cho tam giac 4BC cantai 4 ¢6 BD va CE la hai duong trung tuyén. Ching
minh:

1) AADE cantai 4.
2) AABD = AACE.
3) BCDE la hinh thang can.

Bai 11: Cho tam gidc 4BC cantai 4 ¢ BH va CK la hai duwong cao. Chitng minh
rang:

1) AABH = AACK .
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2) BCHK la hinh thang can.

Bai 12: Cho tam gidc 4BCcan tai 4 co6 BDva CE la hai duong phan giac
1) AAEC = AADB.

2) BCDE la hinh thang can.
Bai 13: Cho hinh thang can 4BCD c6 4B//CD, duwong chéo DB vudng goc voi canh
BC,DB la tia phan gidc ctia 4DC.
1) Chting minh: BCD =2BDC va BCD=60".
2) Goi T la giao diém ctia CBva D4 . Chtng minh: tam giac 7CD déu.
3) Tinh chu vi hinh thang ABCD, biét BC =8cm.
Bai 14: Cho hinh thang can ABCD(AB//CD,AB <CD) c6 AB= AD.
1) Chttng minh: ADB = BDC.
2) C4 c6 phai la tia phan gidc caa géc Ckhong? Vi sao?
Bai 15: Hinh thang can ABCD(AB//CD) c6 AB<CD.Goi O la giao diém ctua 4D va
BC la giao diém ctia AC va BD.Chiing minh:
1) AAOB cantai O.
2) AABD = ABAC.
3) EC=ED.
4) OE la duong trung trirc chung ctia hai ddy 48 va CD.

C. BAI TAP TU REN
Bai 1: Cho hinh thang 4BCD ¢6 4=30",C=130". Tinh B,D.Bai toan c6 may dap s6?
Bai 2: Cho hinh thang ABCD( AB//CD)
1) Tinh tong A4+ D, suy ra trong hai géc 4, D c6 nhiéu nhat mot goc tu.
2) Chiing minh trong hai géc B,C c¢6 nhiéu nhét la mot goc tu.
Bai 3: Cho tam gidc ABC can tai 4, cac dwong phan gidc BD,CE(D e AC,E€ AB).
1) Chttng minh: ACE = ABD va AACE = A4BD.
2) Chting minh: BEDC la hinh thang can
3) Tinh cac goc ctia hinh thang can BEDC, biét ABC =62°.
Bai 4: Ching minh: trong cac goc ctia hinh thang MNPQ(MN//PQ) ¢ nhiéu nhat la
hai goc tu.
Bai 5: Cho hinh thang ABCD(AD//BC).
1) Tinh t8ng C+ D, suy ra trong hai gbc C,D c6 nhiéu nhét 1a mot géc nhon.
2) Chiing minh: trong hai gbc 4,8 c6 nhiéu nhat 1a mét goc nhon.
Bai 6: Chtiing minh: trong cac goc cuia hinh thang MNPO(MN //PQ) ¢ nhiéu nhat la
hai goc nhon.
Bai 7: Chiing minh: trong hinh thang c¢é nhiéu nhat la hai goc tu, ¢6 nhiéu nhat la

hai goc nhon.
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Bai 8: Chirng minh: trong hinh thang céac tia phan giac cua hai gdc ké mot canh bén
vuong goc voi nhau.
Bai 9: Chtiing minh: Tong hai canh bén cta hinh thang 16n hon hiéu hai day.

Bai 10: Cho hinh thang 4BCD(AB//CD) ¢6 CD =50,8cm, AB = %CD va S, =635cm’.

Tinh chiéu cao ctia hinh thang ABCD.
Bai 11: Cho hinh thang A4BE = AEDA c6 chiéu cao 4H =15,2¢cm; AB—CD=7,3cm va
S pep = 336,68cm’. Tinh:
1) Tong AB+CD.
2) Do dai 4B,CD.
Bai 12: Hinh thang ABCD( AB//CD) cb AB=7c¢m,CD=10cm, AD=8cm va D=30". Ke
AH vudng géc CD o H, kéo dai 4H 1dy E sao cho HE = HA.
1) Chting minh: A4DE déu.
2) Tinh 4H,S,,; va S -
Bai 13: Cho hinh thang ABCD( AD//BC, AD < BC). K& DE//AB,DH 1 BC(E,H thubc
BC).Biét AD=5cm,DH =4cm va S, =6cm’”.
1) Tinh EC.
2) Chting minh: A4BE = AEDA.
3) Tinh BCva S,;.,.
Bai 14: Cho t& giac 16i A4BCD c6 A=B va BC = AD. Chting minh:
1) ADAB=ACBA, r6i suy ra BD = AC.
2) AACD =ABDC, r6i suy ra ADC =BCD.
3) ABCD la hinh thang can.
Bai 15: Cho ti giac [6i ABCD ¢6 A=B va BC = AD. Chitng minh:
1) AACD = ABDC.
2) ABCD la hinh thang can.
Bai 16: Cho tam gidc 4BC can tai 4 co cac duong phan gidc BE va CF . Ching
minh:
1) AAEF cantai 4.
2) T giac BCEF la hinh thang can.
3) CE=EF =FB.
Bai 17: Cho tam giac 4BC can tai 4.Diém D trén canh 4B, E trén canh A4C sao cho
AE =AD.
1) T giac BDEC la hinh gi? Vi sao?
2) Xac dinh vi tri cta cac diém D,E d€ c6 BD=DE =EC
Bai 18: Cho hinh thang can ABCD(AB//CD) c6 D=60",AB=15cm va CD=49cm . Qua
B vé duong thang song song véi 4D cat CD tai E.
1) Chting minh: ABCE déu.
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2) Tinh EC va chu vi hinh thang 4BCD. Tim Sasp

BCD

Bai 19: Cho hinh thang can 4BCD(AB//CD,AB <CD) c¢6 AH,BK la cac duwong cao.
Chttng minh:
1) AMHD = ABKC.

2) DH = CD;AB.

Bai 4. HINH BINH HANH

A.KIEN THUC CAN NHO
1) Dinh nghia: Hinh binh hanh la t& giac c6 cac canh déi song song.
Y| B

b ABCD la hinh binh hanh ¢

2) Tinh chat: Trong hinh binh hanh:
Céc canh d6i bang nhau.
Céac gbc d6i bang nhau.
Hai duong chéo cat nhau tai trung diém ctia mdi duong.
3) D4Au hiéu nhan biét:
T gidc c6 cac canh d6i song song la hinh binh hanh.
Tt gidc c6 cac canh d6i bang nhau 1a hinh binh hanh.
Tt gidc c6 hai canh d6i song song va bang nhau 1a hinh binh hanh.
Tt gidc c6 cac gbc d6i bang nhau 1a hinh binh hanh.
Tt gidc c6 hai duong chéo cat nhau tai trung diém ctia moéi dwong 1a hinh binh
hanh.
4) Dién tich: Dién tich hinh binh hanh bang chiéu cao nhan canh twong tng.

B. BAI TAP CO BAN
Bai 1: Can thém mot diéu kién gi d€ mdi t giac trong cac hinh sau tro thanh hinh
binh hanh?
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Bai 2: Cho hinh binh hanh 4BCD.
1) Chttng minh AADC = ACBA, tix d6 suy ra CD = AB va AD = BC.
2) Chttng minh: ADC =CBA va DAB=DCB.
3) Goi O la giao diém ctia AC va BD.Chtng minh: O la trung diém ctia AC
va BD.
Bai 3: Cho hinh binh hanh 4BCD ¢6 DAB=60°. Tinh s6 do ABC,BCD,CDA.
Bai 4: Cho hinh binh hanh 4BCD c¢6 O la trung diém cta duong chéo AC. Chiing
minh: B,0,D thing hang.
Bai 5. Cho tt gidc ABCD c6: AD // BC; ABC =70°; BCD =110°. Chttng minh: t&¢ gidc
ABCD 1a hinh binh hanh.
Bai 6. Cho t& gidc ABCD c6: AB=6cm; BC =4cm; CD =6cm; AD =4cm . Chitng minh: ti
gidc ABCD la hinh binh hanh.
Bai 7. Cho hinh binh hanh 4BCD. Goi E,F,G,H lan luot la trung diém cac canh
AB,BC,CD,DA .
1) Chttng minh: AE =CG va A4EH = ACGF .
2) Chting minh: HG = EF va t& giac EFGH la hinh binh hanh.
Bai 8. Cho hinh thang can ABCD(AB// CD,AB <CD), cac duong cao AH,BK .
1) Chttng minh: DH =CK .
2) Goi N la diém d6i xting véi D qua H . Chiing minh: 4BCN 1a hinh binh
hanh.
3) Tinh dién tich t& gidc 4BCD, biét AB=6cm, AH =4cm va DH =3cm.
Bai 9. Cho tam giac 4BC vudng tai 4 ¢c6 AC=5cm,BC=13cm. Goi E la trung diém
ctua canh 4B,D la diém d6i xting véi C qua E.
1) T gidc ADBC la hinh gi? Vi sao?
2) Trén BC lay diém F sao cho EF // AC. Chiing minh: EF | 4B.
3) Tinh dién tich A4BC.
Bai 10. Cho t& giac ABCD cO: AB=5cm; AB+BC =12cm; BC+CD =12c¢m; CD+ AD =12cm

. Chttng minh: t& giac 4BCD la hinh binh hanh.
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Bai 11. Cho t¢ gidc ABCD c6: DAB =120°; ABC = 60°; BCD =120°. Chitng minh: t gidc
ABCD la hinh binh hanh.

Bai 12. Cho tam giac 4BC. Trén tia d6i ctia tia 4B 1dy diém D sao cho 4D = 4B, trén
tia d6i cua tia AC 1dy diém E sao cho 4E = AC. Chting minh: t& gidc BCDE la
hinh binh hanh.

Bai 13. Cho tam giac ABC c6 duong trung tuyén B . Trén tia d6i cha tia MB 14y
diém D sao cho MD = MB . Chitng minh: t& gidc ABCD la hinh binh hanh.

Bai 14. Cho hinh thang 4ABCD c6 AB//CD va AB= %CD . Goi E la trung diém cua

canh CD. Ching minh: Céc tt gidc 4ABED, ABCE la cac hinh binh hanh.
Bai 15. Cho hinh thang ABCD c6 d9 dai d4y 16n bang 2 lan ddy nho CD. Goi M 1a
trung diém ctia 48 . Duong thang 4D cat dwong thang BC tai E.
1) Chiing minh: t& gidc AMCD va t& gidc BCDM la hinh binh hanh.
2) Chting minh: DMA=ECD va 4D = DE .
3) Chiing minh: C la trung diém cua doan BE.
Bai 16. Cho hinh binh hanh 4BCD. Trén canh 4B 1ay diém E, trén canh CD lay
diém F sao cho EF// AD.
1) Chiing minh A4E // DF;BE // CF .
2) Chttng minh: t&t gidc 4EFD la hinh binh hanh.
3) Chiing minh: t& gidc BEFC la hinh binh hanh.
Bai 17. Cho hinh binh hanh 4BCD. Goi E,F theo tht ty la trung diém 48, CD. Goi
M giao diém cua BF va CE.
1) Chiing minh 4E =CE va t gidc AECF la hinh binh hanh.
2) Chting minh: BF // DE va EMFN la hinh binh hanh.
3) Chitng minh: cac dwong thang 4AC, EF, MN dong qui.
Bai 18. Cho hinh binh hanh 4BCD. Trén canh 4B ldy diém E, trén canh CD lay
diém F sac cho AE =DF .
1) Chttng minh: 4E // DF;BE // CF .
2) Chting minh: BE =CF .
3) Chtng minh: t& gidc 4EFD la hinh binh hanh.
4) Chting minh: t& gidc BEFC la hinh binh hanh.
Bai 19. Cho hinh binh hanh 4BCD. Trén canh 4B ldy diém E, trén canh CD lay
diém F sao cho AE =CF.
1) Chting minh: AE // CF;BE // DF .
2) Chiing minh: BE = DF .
3) Chiing minh: t&¢ gidc AECF la hinh binh hanh.
4) Chting minh: t& gidc BEDF la hinh binh hanh.
Bai 20. Cho hinh binh hanh 4BCD ¢6 M la trung diém ctia 4B va N la trung di€m
cua CD.
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1) Chttng minh: tt gidc AMND la hinh binh hanh.
2) Chting minh: t&¢ gidc AMCN la hinh binh hanh.
Bai 21. Cho hinh binh hanh 4BCD (4B > AD), phan gidc cia goc D cat 4B tai M.
1) Chttng minh: 4M = 4D.
2) Trén DC 1dy N sao cho DN =BM . Chting minh: t& gidc BMDN la hinh binh
hanh.
3) Chttng minh: MN di qua trung diém ctia AC.

Bai 22. Cho hinh binh hanh 4BCD. Goi O la giao diém ctia hai duong chéo 4AC va
BD. Mot duong thang qua O cat 4B tai £ vacat CD tai F.

1) Chting minh: O la trung diém ctia EF .
2) Chiing minh: t& gidc AECF la hinh binh hanh.
3) Chttng minh: t&t gidc BEDF la hinh binh hanh.

Bai 23. Cho hinh binh hanh 4BCD. Trén canh 4B ldy di€ém E, trén canh CD lay
diém F sao cho AE =CF.Goi O la giao diém cuia AC va BD.Chtng minh:
1) T giac AECF la hinh binh hanh.

2) O la trung di€ém cua EF .

Bai 24. Cho hinh binh hanh 4BCD c¢6 E la hinh chiéu ctia 4 va F la hinh chiéu cua

C lén duong chéo BD.
1) Chiing minh: AADE = ACBF .
2) Chttng minh: t& gidc AECF la hinh binh hanh.

Bai 25. Cho hinh binh hanh 4BCD, c6 O 1a giao diém ctia AC va BD. Duong thang
qua O cat 4B & M va CD & N.

1) Chttng minh: OM =ON .
2) T gidc AMCN la hinh dac biét nao?

Bai 26. Cho hinh binh hanh 4BCD c¢6 4B > AD.Ké AE,CF cung vudong goc BD
(E,F e BD). Chttng minh:

1) AE//CF va AE=CF.
2) Tt giac AECF la hinh gi? Vi sao?

Bai 27. Cho hinh binh hanh ABCD ¢6 4B > AD,vé AE L BD,CF 1L BD(E,F € BD). AE
kéo dai cat CD tai # va CF kéo dai cat 4B tai K. Ching minh:

1) AECF la hinh binh hanh.
2) AHCK 1la hinh binh hanh.

Bai 28. Ldy diém M va N trén hai canh 4B va CD ctia tam gidc déu 4BC sao cho
MN //AC.Ldy diém P trén canh AC sao cho CNP=60". Chiing minh: t& gidc
AMNP 1a hinh binh hanh.

Bai 29. Tam gidc ABC c6 M, N lan luot la trung diém ctia BC va C4. duong thang
Ax//BC cat dwong thang MN & D.Chting minh: t& gidc ABMD va ADCM 1la
hinh binh hanh.
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Bai 30. hinh binh hanh ABCD. Kéo dai duong trung tuyén AM cta tam gidc ABC
roi 1dy ME = MA.
1) Tt gidc ABEC la hinh ddc biét nao?
2) Chitng minh: D,C,E thang hang va suy ra C la trung diém ctia DE .
Bai 31. V& tam gidc nhon 4BC(A4B < AC) c6 duong trung tuyén 4M . Lay diém D
trén tia d6i cta tia MA sao cho MD = MA.
1) Chttng minh: t&t gidc ABDC la hinh binh hanh.
2) Sosanh S,,, voi S,.,.
Bai 32. Cho tam gidc nhon 4BC(AB< AC).Vé tia Bx//AC vatia Cy// AB sao cho Bx

va Cy catnhau ¢ D.Goi M la trung diém ctia BC.
1) Tt gidc ABDC la hinh dac biét gi?
2) Chiing minh: 4,M,D thang hang.
Bai 33. Cho tam giac ABC . Kéo dai hai duong trung tuyén BM va CN r6i lan luot
lay MD=MB va NE=NC.
1) Cac t& giac ABCD va ACBE c6 dang dac biét nao?
2) Chitng minh: D, 4,E thang hang rbi suy ra diém 4 1a trung diém ctia doan
thang DE .
Bai 34. Cho hinh binh hanh ABCD c6 hai dwong chéo AC va BD cit nhau tai 0. Goi
M,N,P,Q lan lugt 1a trung diém cac doan 04,0B,0C,0D.
1) Chitng minh: t& gidc MNPQla hinhd binh hanh.
2) Chiing minh: cac t& giac ANCQ,BPDM la cac hinh binh hanh.
Bai 35. Cho tam giac 4BC c6 cac duong trung tuyén BE, CF va trong tam G . Goi M
va N lan lwot la trung diém cua BG va CG .
1) Chting minh: G 1a trung diém ME .
2) Chung minh: MNEF la hinh binh hanh
Bai 36. Cho hinh binh hanh 4BCD ¢ M,N 1a trung diém cua ABva CD, AN va CM
cat BD & E va F .
1) Chttng minh: tt gidc AMCN la hinh binh hanh.
2) Goi I la giao diém ctia AC va BD.Chung minh: FI = %Bl .
3) Chtng minh: DE = EF = FB.

C. BAI TAP TU REN
Bai 1. Cho hinh binh hanh 4BCD, c6 M va N la trung diém cua 4B va CD.Goi O
la giao diém caa AC va BD.Chung minh: 4C, BD, MN dong quy tai di€ém O.
Bai 2. Cho hinh hinh hanh 4BCD. Biét BAD =120° va O la trung diém ctia BD.
1) Tinh s6 do cac gdc con lai cua hinh binh hanh.
2) Chitng minh: 4,0,C thang hang.
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Bai 3. Cho hinh binh hanh 4BCD c¢6 E la trung diém ctia 4B, F 1a trung diém cta
CD. Chtng minh: DE = BF .

Bai 4. Cho hinh thang ABCD (4B //CD) ¢6 DC=24B.Goi K la trung diém ctia DC.
1) T gidc ABKD la hinh gi? Vi sao?

2) V& hinh binh hanh XBCH (H va B nam khéc phia d6i v6i DC). Chiing
minh: 4 va H d6i xiing nhau qua X.

Bai 5. Cho hinh binh hanh 4BCD cé 4B > AD.Ké AE,CF cung vudng goc
BD (E,F e BD).

1) Chttng minh: AE//CF va AE =CF.
2) Tt giac AECF la hinh gi? Vi sao?

Bai 6. Cho AE =12¢m,BD=18cm. Tinh S ;... Cho hinh binh hanh 4ABCD. Goi O la
giao diém hai duong thang AC va BD.Qua diém O, vé duong thang a cat
hai duong thang 4D, BC 1an luot tai E,F.Qua O vé duwong thang b cat hai
canh 4B,CD lan lugt tai M, N . Chting minh:

1) AOAM = AOCN va O la trung di€ém cua MN .
2) T giac EMEN la hinh binh hanh.

Bai 7. Cho hinh binh hanh 4BCD ¢6 4B > AD,vé AE 1 BD,CF 1 BD,(E,F € BD). AE
kéo dai cit CD tai H va CF kéo dai cit 4B tai K. Chtng minh:
1) AECF la hinh binh hanh.

2) AHCK la hinh binh hanh.
3) AC,BD,HK dong quy.

Bai 8. Cho A4ABC can & 4 c6 diém D trén canh BC.Vé DM //AC(M € AB),DN // AB
(N € AC). Chting minh: AMDN la hinh binh hanh.

1) ABDM la tam giac gi?
2) So sanh DM + DN v6i AB.

Bai 9. Cho hinh binh hanh 4BCD, goi M,N,P,Q lan lugt 1a trung diém cta

AB,BC,CD,DA .
1) Chttng minh: MN = PQ.
2) Chting minh: MNPQ la hinh binh hanh.

Bai 10. Cho A4BC nhon (4B < AC) c6 AH la duwong cao. Tt H vé dudng thang song
song voi AC vacat 4B tai D, tit H vé duong thang song song véi 4B va cat
AC tai E.

1) Chttng minh: tt gidc ADHE la hinh gi? Vi sao?

2) Goi M la diém d6i xiing cua H qua D,N la diém ddi xiing cia H qua E.
Chttng minh: tt gidc AMDE la hinh binh hanh.

3) Chitng minh: 3 diém M,4,N thang hang va DE = %MN .

Bai 11. Cho 24BC ¢6 D,E,F lan lugt la trung diém cta cac canh BC, AC, 4B.
1) Chiing minh: DE // AF va DE = AF .
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2) Chttng minh: cdc tt gidc AEDF,BFED,CDFE la cac hinh binh hanh.

Bai 12. Cho hinh binh hanh 4BCD, hai duong chéo cat nhau tai 0. LAy M,N lan
lwgt 1a trung diém cua OD,0B. E la giao diém ctia AM va CD,F 1a giao diém
ciaa CN va 4B.

1) Chttng minh: OM =ON va t gidc AMCN la hinh binh hanh.

2) Chting minh: t&¢ gidc AECF la hinh binh hanh va DE = BF .

Bai 13. Cho hinh binh hanh 4BCD c6 MN Ian lwot la trung diém cua 4B,CD. AN va
CM cit BD Tan lwottai E va F.

1) Chttng minh: tit gidc AMCN la hinh binh hanh.

2) Tt F ké dudng thang song song v6i 4B cat AN tai G.Chting minh: AMFG
la hinh binh hanh.

3) Chting minh: ABMF =AFGE va F la trung diém cua BE.

4) Chttng minh: BF =FE=ED.

Bai 14. Cho hinh binh hanh 4BCD (4B > 4D). Goi E,F Ian luot 1a trung di€ém cta

CD va 4B .Dudng chéo BD cat AE, AC,CF lan lugt tai N,O,M .
1) Chttng minh: AECF la hinh binh hanh.
2) Chitng minh: ba diém 0,E,F thang hang.
3) Chttng minh: M la trong tam ctia AABC va AE =3FM .

4) Chiing minh: NM :§OB va DN=NM =MB.

Bai 15. Cho tam gidc 4BC. Tit mot diém E trén canh AC vé duong thang song song
véi BC cat 4B tai F va duong thang song song vdi 4B cat BC tai 7. Gia st
AE = BF . Chting minh:
1) Tam giac AET can.
2) AT la phan giac ctia goc BAC.
Bai 16. Cho A4BC nhon, cac dudng cao BK,CD cat nhau tai H.Dwong vuong géc
voi AB tai B va duwong vudng goc véi AC tai C catnhau tai M.
1) Chttng minh: 4AH 1L BC.
2) Chting minh: t¢ gidc BHCM la hinh binh hanh.

Bai 5. HINH THOI

A.KIEN THUC CAN NHO
1) Pinh nghia: Hinh thoi 1a t gidc c6 bén canh bang nhau.
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B

D

ABCD la hinh thoi
2) Tinh chat: Hinh thoi ¢6 day du tinh chat cua hinh binh hanh, ngoai ra con ¢4 hai
duwong chéo vudng gdc, mdi duong chéo 1a tia phan gidc ctia mot gée & dinh.

3) Dau hiéu nhan biét:

T giac c6 bon canh bang nhau 1a hinh thoi.

Hinh binh hanh ¢4 hai canh ké bang nhau 1a hinh thoi.

Hinh binh hanh c¢é hai duong chéo vuong gdc vdi nhau la hinh thoi.

Hinh binh hanh c6 mét duong chéo la duwong phan gidc cia mot goc 1a hinh

thoi.

4) Dién tich: Dién tich hinh thoi bang ntta tich hai diong chéo.

B. BAI TAP CO BAN
Bai 1. Ching minh cdc ti gidc trong hinh sau la hinh thoi.

P
M . 0 G : F
/ / N ’ 0
1 | E
N T P H R

a) b) c)

Bai 2. Cho hinh thoi 4BCD cé DAB.
1) Tinh s6 do ABC; BCD, CDA
2) Tinh s6 do 4BD; ACD .

Bai 3. Cho tam gidc 4BC can tai 4.Trén nita mat phang khong chita 4 c6 bo 1a
duong thang chita canh BC, vé tia Bx //AC vatia Cy //4B.Goi D la giao diém
cta hai tia Bx va Cy. Chitng minh:

1) T gidc ACDB la hinh binh hanh.
2) T giac ACDB la hinh thoi.
Bai 4. Cho gdoc xOy . V@ tia phan giac Or cta goc xOy. Tt M bat ky trén O¢, vé

duong thang song song véi Ox cat Oy tai 4, vé duwong thang song song véi
Oy cit Ox tai B

1) Chttng minh: tt gidc OAMB la hinh thoi.

2) Qua M vé dudng thang song song véi 4B cat Ox tai P,Oy tai 0. Chting
minh: tam gidc OPQ la tam gidc can.
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Bai 5. Cho tam giac 4BC can tai 4 c¢6 duong trung tuyén 4D . Trén tia d6i cua tia

DA 18y diém E sao cho DE = DA4. Chiing minh:
1) T gidc ACEB la hinh binh hanh.
2) T gidc ACEB la hinh thoi.

Bai 6. Cho tam giac ABC can tai B c6 duong cao BE. Trén tia d0i cua tia EB 14y

diém D sao cho ED = EB. Chiing minh:
1) Tt gidc ABCD la hinh binh hanh.
2) T gidc ABCD la hinh thoi.

Bai 7. Cho tam giac 4BC c6 duong phan gidc trong 4D . Trén AC ldy diém E sao

cho DE//AB, trén AB 1y diém F sao cho DF//AC . Chtng minh:
1) Tk giac AEDF la hinh binh hanh.
2) Tk gidc AEDF la hinh thoi.

Bai 8. Cho tam gidc 4BC can tai B.Duong thang qua C song song vdi 4B cat tia

phan gidc cia 4BC tai D.Ching minh:
1) AB=CD.
2) Tt giac ABCD la hinh thoi.

Bai 9. Cho t gidc ABCD c¢6 BAD = BCD. Biét rang: tia AC 1a tia phan giac ctia BAD
va tia C4 la tia phan gidc caia BCD. Chttng minh:

Bai 10. Cho t& gidc 4BCD c6 hai duong chéo AC va BD catnhau tai O. Puong
thang d, qua O catcanh 4B va CD lan lwot tai M va P, duong thang d, qua
O cit canh BC va DA lanluot tai N va 0. Biét r?mg: d, L d,. Chtiing minh:
1) T giac MNPQ la hinh binh hanh.

2) T giac MNPQO la hinh thoi.

Bai 11. Cho hinh thoi 4BCD c6 hai dudng chéo AC va BD catnhau tai O. Trén
doan 04 lay diém E, trén doan OC ldy diém F sao cho 4E =CF . Chung
minh:

1) OE=0OF.
2) T gidc BEDF la hinh thoi

Bai 12. Cho hinh thoi 4BCD c6 hai duong chéo AC va BD cat nhau tai 0. Goi
M, N, P, O lan luot la trung di€ém cta cac doan 04, 0B, OC, OD . Chting minh:
t& gidc MNPQ la hinh thoi.

Bai 13. Cho hinh thoi 4BCD ¢6 O la giao diém cta hai duong chéo.

1) Tinh 4B khi biét OA=4cm va OB=3cm.
2) Tinh BAD khi biét BA0 =32°.
Bai 14. Cho hinh thoi MNPQ c6 I la giao diém cta hai duwong chéo.
1) Tinh MP khi biét MN =10dm,IN =6dm .
2) Tinh IMN khi biét MNP =128°.

Bai 15. Cho hinh thoi 4BCD c6 hai duong chéo AC va BD cat nhau tai O. Biét rang:
AC =8cm va BD =6c¢m. Tinh d6 dai cic doan thang 04,08, 4B.

Bai 16. Cho hinh thoi 4BCD c6 AC =12cm,BD=16cm.

1) Tinh dién tich hinh thoi 4BCD
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2) Tinh d0 dai cac canh ctia hinh thoi ABCD.
Bai 17. Cho hinh thoi ABCD ¢cb AB =15c¢m,BD =24cm.
1) Tinh d6 dai 4C.
2) Tinh dién tich hinh thoi ABCD.
Bai 18. Cho hinh thoi 4BCD c6 AB=BD=10cm.
1) AABD la tam gidc gi? Vi sao?
2) Tinh s& do cac goc ctia hinh thoi ABCD
3) Tinh d¢ dai AC.
4) Tinh dién tich hinh thoi ABCD.
Bai 19. Cho hinh thoi 4BCD c6 dién tich bang 120cm* va AC =10cm.
1) Tinh d¢ dai BD.
2) Tinh chu vi ctia hinh thoi ABCD.
Bai 20. Cho hinh thoi 4BCD c6 dién tich bang 5033 cm® va AC=10cm.
1) Tinh d6 dai BD va 4B
2) Tinh s6 do cac goc cta hinh thoi 4BCD.
Bai 21. Cho t¢ gidc c6 chu vila 52¢m va mot dwong chéo la 24cm . Tim do dai cua

mdi canh va duong chéo con lai néu biét hai duwong chéo vudng gdc tai trung
diém ctia mdi duong.
Bai 22. Cho A4BC can tai 4 c6 duong trung tuyén 4D. Tir D, ké duong thang DE
song song vOi AB(E € AC) vaké DF song song voi AC(F € AB). Chitng minh:
t gidc AEDF la hinh thoi.
Bai 23. Cho hinh binh hanh ABCD c6 2 duong cao AH = AK . Chttng minh: t& giac
ABCD la hinh thoi.
Bai 24. Cho gbéc xOy va tia phan giac Oz . Tt diém M €Oz, ké MA // Oy va MB // Ox
(vOi A€ Ox va BeOy).Ching minh: t&t giac O4MB la hinh thoi.
Bai 25. Hinh binh hanh ABCD ¢6 DAC =90°. Goi M, N la trung diém cua 4B,CD.
Chtng minh:
1) AM =CN .
2) AN=CN.
3) T giac AMCN 1a hinh thoi.
Bai 26. Cho hinh binh hanh 4BCD c6 AB=AC.Goi M la trung diém BC. Trén tia
doi cuia tia MA 1ay ME = MA. Chiing minh:
1) T gidc ABEC la hinh thoi.
2) D,C,E thang hang.
3) Cla trung diém cua DE.
Bai 27. Cho hinh thoi 4BCD c6 A4=60°,ké BH 1 AD(H e AD ), r0i kéo dai mot doan
HE =BH .NO6i E v6i A,E véi D. Chting minh:
1) H 1a trung diém 4D.
2) ABDE la hinh thoi.

C. BAI TAP TU REN
Bai 1. Cho hinh thoi 4BCD c6 AB=BD.
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1) AABD la tam gidc gi? Vi sao?
2) Tinh cdc goc cua hinh thoi 4BCD
Bai 2. Hinh thoi ABCD c¢6 4=60°. Keé 2 dwong cao BE va BF(E € AD;F € DC).
1) Ching minh: BE = BF .
2) Tinh s6 do ABC.
3) Tinh s6 do EBF. ABEF la tam giac dac biét gi? Vi sao?
Bai 3. Cho hinh thoi ABCD ¢4 A=60°, ké BH 1 AD(H e AD), r6i kéo dai mot doan
HE =BH .NOi E v6i 4,E v6i D.Chiing minh:
1) H 1a trung diém 4D.
2) Tk gidc ABDE la hinh thoi.
3) D la trung diém caa CE.
4) AC=BE.
Bai 4. Cho hinh thoi 4BCD ¢6 AB=BD.
1) Chting minh: A4BD déu.
2) Goi O la giao diém ctia AC va BD. Chtng minh: 04 = %ABZ.
3) Biét chu vi ctia hinh thoi 4ABCD la 8 cm. Tinh d6 dai duwong chéo BD, AC.
4) Tinh dién tich hinh thoi ABCD.
Bai 5. Cho hinh thoi 4BCD c6 chu vila 8 cm va AC=243 cm.
1) Tinh d6 dai BD.
2) Tinh s6 do cac goc cua hinh thoi 4BCD.
Bai 6. Cho hinh thoi 4BCD c6 chu vila 8 cm va 4B =BD. Tinh d¢ dai dwong cao ctia
hinh thoi.
Bai 7. Cho hinh thoi ABCD c6 chu vila 24 cm. Puong cao AH =3cm (H thudc doan
BC). Tinh céc goc cta hinh thoi.
Bai 8. Cho hinh thang ABCD (4B// CD) ¢6 AD=CD va AC L BC. Tt Cké duong
thang song song véi 4D va cat 4B tai E.
1) Chttng minh: tt gidc AECD la hinh thoi.
2) Chting minh: t& gidc BEDC la hinh binh hanh.
3) Chiing minh: ACEB can.
4) Gia sit ACEB déu. Chiing minh: t& gidc ABCD 1a hinh thang can.
Bai 9. Cho hinh thang ABCD (4B// CD) ¢c6 AD=CD va AC L BC. Tt Cké duong
thang song song véi 4D va cat tai E.
1) Chttng minh: ACEB can.
2) Hinh thang ABCD sé nhu thé nao dé ACEB déu?
Bai 10. Cho hinh thoi 4BCDcé A4 =60°. Mot géc xBy thay ddi sao cho tia Bx cat canh
AD tai M, tia By cit canh CD tai N va xBy=60°. Chtng minh:
1) AB=BD.
2) AABM =ADBN .
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3) Tong do dai DM + DN khong doi.
Bai 11. Cho hinh thoi ABCD c¢6 AB=BD.Goi M va N lan luot trén 4B, BC sao cho
AM = BN .
1) Chiing minh: 4DM = BDN .
2) Chiing minh: AMDN la tam giac déu.
Bai 12. Cho hinh thoi ABCDc6 AB=BD.Goi M,N lan lwot trén ciac canh 4B, BC sao
cho AM + NC = AD.
1) Chttng minh: AM = BN va AAMD = ABND .
2) Tinh s6 do cac géc ctia ADMN .

BAI 6. HINH CHU NHAT

A.KIEN THUC CAN NHO
1) Dinh nghia: Hinh ch@ nhat la t& gidc ¢4 bon goc vuong.
2) Tinh chat: Hinh ch nhat ¢ day du tinh chét cta hinh binh hanh, ngoai ra con c6
tinh chat riéng 1a hai dwong chéo bang nhau.
3) Dau hiéu nhan biét:
- T gidc co ba goc vuong la hinh chit nhat.
- Hinh thang can cé mot géc vudng la hinh chit nhat.
- Hinh binh hanh c6 mot géc vudng la hinh chit nhat.
- Hinh binh hanh c6 hai dudng chéo bang nhau 1a hinh chit nhat.
4) Pinh ly:
- Trong tam gidc vudng, duong trung tuyén tng véi canh huyén bang nira
canh huyeén.
- Néu mot tam gidc c6 duong trung tuyén tng véi mot canh bang nira canh dy
thi tam giac d6 la tam gidc vuong.
Dién tich: Dién tich hinh chit nhat b.%mg tich hai canh ke.

B. BAI TAP CO BAN
Bai 1. Cho tam giac ABCvudng & 4cé AM la duong trung tuyén. Dinh dang cac
tam gidc ABM , ACM .
Bai 2. Cho tam giac 4BC vudng 6 A c6 duong trung tuyén AM . Biét AB=6cm;
AC =8 cm. Tinh d0 dai cac doan BC, AM .
Bai 3. Cho tam giac 4BC vudng 6 4. Goi E la trung diém cua doan BC. Goi D la
diém d6i xting ctia 4 qua E. Chiing minh: t& gidc ABDC la hinh ch@ nhat.
Bai 4. Cho tam giac 4BC can tai 4, duong trung tuyén 4H . Goi O la trung di€m
cua AC, D la diém d6i xiing voi H qua O.
1) Chttng minh: tt gidc AHCD la hinh ch nhat.
2) T giac ADHB la hinh gi? Vi sao?
3) Cho BC=6cm, AH =4 cm. Tinh dién tich t& giac AHCD .
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Bai 5. Cho tam giac 4BC vudng & 4 c¢6 duong cao AH .Ké HD vudng goc voi 4B O

D va HE vudng goc voi AC O E.
1) T gidc ADHE la hinh ddc biét nao? Vi sao?
2) Goi Ola giao diém ctia AH va DE . Chung minh: O4=0H =0D = OE.

Bai 6. Cho tam giac 4BC vudng 6 A c6 duong trung tuyén 4D .Ké DH//AC va
DK//AB (H € 4B, K € AC). Chting minh: t&t gidc AHDK la hinh chit nhat.

Bai 7. Cho hinh thang can 4BCD (4B // CD, AB <CD), cac duong cao AH, BK .

1) Tk giac 4BKH la hinh gi? Vi sao?

2) Chttng minh: DH =CK .

3) Goi E la diém d6i xting véi D qua H . Chiing minh: 4BCE 1a hinh binh
hanh.

4) Tinh dién tich t& giac ABCD, biét AB=6cm, AH =4cm va DH =3cm.

Bai 8. Cho tam giac ABC vudng tai 4. Goi D, E, F lan lugt la trung diém cua ba

canh 4B, BC, AC.

1) Tinh 36 dai BC, AE.Biét AB=12 cm, AC =16 cm.
2) Chting minh: tam gidc AEB can tai E va t& gidc ADEF la hinh chit nhat.
3) Chting minh: t& gidc BEFD la hinh binh hanh.

Bai 9. Cho tam giac ABC can 6 Ac6 M va N lan luot la trung diém cua BC va AC.

Duong thang MN cat duong thang song song v6i BC ké tir 4 tai D.
1) Chiing minh: t& gidc 4BMD la hinh binh hanh.
2) So sanh MD v6i AC.
3) T giac la t gidc dac biét nao? Vi sao?

Bai 10. Cho tam giac 4EB vuong tai 4 (4B < AE), duong trung tuyén AM . Goi C la
diém do6i xing voi 4 qua M .

1) Tk giac 4ABCE la hinh gi? Vi sao?
2) Cho AM =5cm, BC =8 cm. Tinh dién tich t& giac 4BCE.

Bai 11. Cho tam gidc ABC nhon (4B < AC), ADCM duong cao AH.Goi M la trung
diém ctia 4B, di€m E la diém d6i xing véi H qua diém M .

1) Chttng minh: tt gidc AHBE la hinh chit nhat.
2) Trén doan thang HC ta ldy di€ém D sao cho HD = HB. Chting minh: t& giac
AEHD 1a hinh binh hanh.

Bai 12. Cho tam giac 4BC vudng tai 4 (4B < AC).Goi O la trung diém cua BC.
Trén tia d6i cua tia 04 18y diém E sao cho OF = 04. Ching minh: T giac
ACEB la hinh cht nhat.

Bai 13. Cho tam giac ABC can 64 c6 M la trung diém cua va N la trung diém ctia
AC.Trén tia MN 1dy diém I sao cho N la trung diém ctia doan thang Mi .
Chttng minh: t&r gidc AICM la hinh chit nhat.

Bai 14. Cho tam giac 4BC vudng tai 4 (AB< AC).Goi M la trung diém BC. T M

vé MD | AB tai D va ME 1 AC tai E.
TRANG: 107
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1) Chiing minh: t& gidc ADME la hinh chir nhat.
2) Chttng minh: D 1a trung diém ctia doan thang 4B va t gidc BDEM 1a hinh
binh hanh.

Bai 15. Cho tam giac déu 4BC c6 M, N la trung diém ctia BC va AC.Vé tia
Ax // BC'sao cho Ax cat duong thang MN & E . Chting minh: t& giac AMCE 1a
hinh chir nhat.

Bai 16. Cho tam giac déu 4BCcd M, N lan luot la trung di€ém cia BC va AC. Trén
tia NM ldy diém D sao cho M la trung di€ém ctia ND. Chiing minh: tit giac
BDCN 1la hinh chi nhat.

Bai 17. Vé hinh binh hanh ABCD, ké AH vudng gbéc véi CD & H va CK vuodng goc
vOi AB 0 K

1) Tinh HAK .
2) So sanh AC va HK r6isuyra AC, HK va BD c6 cung mot trung diém.

Bai 18. Cho hinh thang vuong 4BCD ¢c6 A=D=90°, AB=10cm, AD=12cm,

CD =15 cm. Lay diém E trén canh CD sao cho BE song song véi AD.
1) Chttng minh: tt gidc ABED la hinh chit nhat.
2) Tinh d6 dai cac doan thang BE, DE, EC, BC.
Bai 19. Cho hinh thang vuong 4BCD ¢c6 A=D=90°, AB=10 cm, CD=18 cm,
BC =17 cm. Ké BE vudng goc voi CD o E.
1) Chiing minh: t& gidc 4BED la hinh chi nhat.
2) Tinh d6 dai cac doan théng DE, EC, BE, AD.
Bai 20. Cho hinh thang can 4BCD (4B // CD; AB<CD) ¢6 AH, BK la hai duong cao.
1) Chttng minh: tt gidc ABKH la hinh chi nhat.
2) So sanh DH va CK .
Bai 21. Cho hinh thang can ABCD (4B // CD, AB < CD) c6 hai duong cao 4H va BK .
1) T gidc ABKH la hinh dac biét gi? Vi sao?
2) So sanh DH va CK .
3) Chting minh: DH = D48

Bai 22. Cho tam giac 4BC vuongtai 4 c6 AB=6 cm, AC =8 cm. Goi M la trung

diém cua BC.

1) Tinh d6 dai 4AM .

2) Ké MD vudng gbéc voi 4B tai D, ME vudng goc voi AC tai E. Chung
minh: T gidc ADME 1a hinh chit nhat.

3) Tinh dién tich t& gidc ADME .

Bai 23. V€ hinh binh hanh ABCD ¢6 AD vuong goc voi AC . Kéo dai dwong trung
tuyén A/ ctia tam gidc ADC vé phia I r6ildy diém E sao cho / 1a trung
diém ctia doan thang 4E.

1) T gidc ADEC la t& gidc ddc biét gi? Vi sao?
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2) Chttng minh: ba diém B, C, E thang hang.
3) Diém C la gi ctia doan thang BE ?
Bai 24. Cho tam giac 4BC vudng tai 4 c6 duong cao AH va duong trung tuyén AM

1) Binh dang cac tam gidc AMB, AMC.
2) Ching minh: BAH = MCA, CAH = MBA .
Bai 25. Cho tam giac 4BCvudng & 4 c¢6 duong cao AH va duong trung tuyén AM .
1) Chttng minh: hai tam gidc AMB va AMC la tam gidc can.
2) So sanh BAH v6i MAC ; CAH v&iMAB.
Bai 26. Cho hinh chit nhat 4BCD (4B < AD). Vé x4y =90° sao cho tia Ax cit tia CD &

M vatia Ay cittia BC & N.Keé tia Mz // AN vatia Nt // AM sao cho Mz cit Nt
oP.
1) Chttng minh: t&t gidc AMPN la hinh cht nhat.
2) Goi O la giao diém ctia AP va MN . Dinh dang tam giac OAN .
Bai 27. Cho hinh ch@ nhat ABCD (4B < AD). Ldy diém M trén tia CD va diém N

trén tia BC sao cho MAN =90°. Ké Mx // AN va Ny// AM sao cho Mx va Ny cit
nhau ¢ E. Goi O la giao diém ctia AE va MN
1) Chiing minh t& gidc AMEN la hinh ch nhat
2) So sanh 04 véi OC.
Bai 28. Cho tam gidc 4BC can 6 4 c6 duong cao AH . Vé tia Ax//BC vatia Cy// AH
sao cho Ax cit Cy & D.
1) Chitng minh: t gidc ADCH la hinh chi nhat.
2) Goi N la giao diém ctia AC va DH , biét AB=8 cm. Tinh d¢ dai NH .
Bai 29. Cho hinh chit nhat 4BCD. Goi E la diém d6i xiing v6i 4 qua B, F la diém
do6i xing v6i C qua B. Chiing minh t& giac AFEC 1a hinh thoi.

B. BAI TAP TU REN
Bai 1. Cho tam giac 4BC vudng tai 4, O la trung diém cua BC.Ldy diém D d6i
xtng voi 4 qua O.Chtng minh: tt giac 4BDC 1a hinh chi nhat
Bai 2. Cho tam giac ABC c6 diém O thudc BCsao cho O4=0B=0C. Lay diém D doi
xtng voi 4 qua O.Chtng minh: t gidc 4BDC la hinh chit nhat.
Bai 3. Cho tam giac ABC vudng & 4 c6 AB=3 cm, AC=4 cm. M la trung diém cua
BC.Tinh BC, AM .
Bai 4. Cho tam giac 4BC vudng & 4, c6 AB=6 cm, AC=8 cm. M la trung diém ctia
BC
1) Tinh BC.
2)Ké MH //AC (H € AB), MK // AB (K € AC). Tt gidc AHMK la hinh gi?
Bai 5. Cho tam giac 4BC c6 AB=6cm, AC=8 cm, BC =10 cm. D la trung diém cua

BC.Ké DH 1 AB 0 H, DK 1 AC 6 K.
TRANG: 109
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1) Tinh 4D.
2) Chitng minh t¢ gidc AHDK la hinh chit nhat.
3) Tinh S, .
Bai 6. Cho tam gidc 4BC can tai 4 c6 duong cao 4H.Qua B ké duong thang song
song vOi AH, cit AC tai 1.
1) Chiing minh: t& gidc 4HBI 1a hinh thang vudng.
2) Qua A ké duong thiang song song véi BC va cat B tai D.Chtng minh: t&
gidc DAHB la hinh chit nhat.
Bai 7. Cho tam giac ABCcan tai 4 c6 4AH la duong cao. Goi M va N lan lwot la
trung diém ctia hai canh 4B va AC.Biét A4H =16 cm, BC=12 cm.
1) Tinh dién tich cua tam gidc 4BCva d¢ dai canh MN .
2) Goi E la diém do6i xtiing cua H qua M . Chiing minh: t& gidc 4HBE 1a hinh
chit nhat.
3) Goi F la diém d6i xtng ctia 4 qua H . Chiing minh: t& gidc ABFC la hinh
thoi.
Bai 8. Cho hinh thang vuong MNPQ c6 M =0=90°, MN =16 cm, NP=17 cm,
PQ =24 cm.Ké NE vuong goéc PQ tai E.
1) Binh dang t& giac MNEQ.
2) Tinh QE; EP; MQ.
3) Tinh S, Va Syyp0-
Bai 9. Cho tam giac ABCvudngtai 4 (4B < AC) ¢6 K la trung di€ém ctia 4C. T K
vé duong thang song véi BC va cat 4B tai E. Tir K vé duong thang song
song voi 4B va cat BC tai O.
1) Chiing minh: t& gidc BEKO la hinh binh hanh.
2) Chttng minh: 4EK = KOC va EK =OC.
3) Tkt B vé Bx // AC, tlt C vé Cy // AB. Bxva Cy citnhau tai M . Chtng minh:
t& gidc ABMC la hinh cht nhatva 3 diém 4, O, M théng hang.
Bai 10. Cho tam gidc 4BC vudng tai 4 (4B < AC) v6i duong cao 4K .Goi / 1a trung
diém ctia canh BC, D la diém ddi xing ctia 4 qua /.
1) Chttng minh: t&t giac ABDC la hinh chit nhat.
2) V& DM vuodng goc véi duong thang 4K tai M . Chiing minh: MI = Al va K
la trung diém cua doan AM .
3) Chiing minh: t& gidc BMDC la hinh thang can.
Bai 11. Cho hinh chit nhat 4BCD. Ldy diém E sao cho D la trung diém AE.
1) Chttng minh: t&t giac DBCE la hinh binh hanh.
2) Goi F la diém sao cho D la trung diém CF . Chiing minh: t& gidc ACEF la
hinh thoi.
3) Vé EH vudng goc voi AC tai H, EH cit CD tai K, AK cit CE tai I.
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Chtng minh: BID =90°.

Bai 12. Cho tam giac 4BC déu c6 AM la duong trung tuyén va N la trung diém AC

. V& Ax song song BC.Duong thang MN cat Ax tai E.
1) Chttng minh: 4B =ME .
2) Chttng minh: AMCE la hinh ch nhat.
3) Cho 4B=16 cm. Tinh MC, AM va S ;-

Bai 13. Cho tam giac 4BC c6 duong cao 4D . Goi E la trung di€ém ctia 4B va F la
diém d6i xing voi D qua E. Ching minh: t&¢ giac ADBF 1a hinh ch@ nhat va
so sanh 4B véi FD.

Bai 14. Cho tam giac ABC vudng tai 4 c6 AB< AC.Goi E la trung diém cta canh
AC. Tir E vé duong thang song song v6i 4B va cat BC tai D. Tir B vé
duong thang vuong géc véi BA va cat dwong thang ED tai F .

1) Chttng minh: tt gidc BFEA la hinh ch nhat.

2) Trén tia d6i cua tia EF 1ay diém K sao cho E 1a trung diém ctia FK . Ching
minh: t&t gidc 4AFCK la hinh thoi.

3) V& 4H la duong cao ctia tam gidc ABC. Goi M la trung di€ém ctia doan HC.
Chting minh: FM 1 AM .

4) Véi BC=20 cm, AC =16 cm. Tinh d6 dai doan thang DE .

Bai 15. Cho tam gidc ABC vudng tai 4 (4B < AC), D la trung diém cua canh BC. Vé

DE vudng goc vOi 4B tai E, DF vudng goc voi AC tai F .

1) Chiing minh: t& gidc AEDF la hinh ch® nhat va 4D = EF .

2) Trén tia d6i cua tia FD 1ay diém H sao cho FH = FD. Chiing minh: F la

trung diém ctia AC va tt gidc 4ADCH 1a hinh thoi.

3) Chitng minh: cac dwong thang 4D, BH , EF dong quy.

Bai 16. Cho tam gidc ABC vudng tai 4 (4B < AC). M la trung diém cta canh BC. Vé

MD vuodng goc voi 4B tai D, ME vuodng goc voi AC tai E.

1) Chttng minh t& gidc ADME la hinh chit nhat.

2) Chting minh t& gidc CMDE la hinh binh hanh.

3) Vé 4H vudng goc voi BC tai H. Tk gidc MHDE la hinh gi? Vi sao?

4) Qua H v& duong thang song song véi 4B cat AC tai N.Chtng minh:
HN*=ANCN .

Bai 17. Cho tam gidc ABC vudng tai 4 (4B < AC), duwong cao 4H , duong trung

tuyén AM .Vé HD 1 AB, HE L AC, (De AB, E € AC).

1) Chttng minh: tt gidc ADHE la hinh ch® nhat va 4B.4C = AH.BC

2) Goi P la diém d6i xting ctia 4 qua E. Tk gidc DHPE la hinh gi? Vi sao?
3) Goi T la giao diém ctia DE va HA.Qua 4 ké duong thang xy vuong goc
v6i duong thang MT . Chiing minh: ba dwong thang xy, BC, DE déng quy.




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 18. Cho tam giac ABC vudng tai 4 c6 AH la duong cao. M la trung diém ctia
doan 4B.Goi D la diém d6i xiing cia H qua M .
1) Chitng minh: AHBD la hinh chit nhat.
2) Trén doan HC ldy diém E sao cho HB = HE.Chtng minh: t& giac AEHD la
hinh binh hanh.
3) Goi N la diém d06i xting cia 4 qua H.Chtng minh: t& gidc AENB 1a hinh
thoi.
4) MN cat BH tai G.Chting minh: BE =3BG .
Bai 19. Cho hinh ch* nhat 4BCD. Goi E la diém d6i xténg cuia B qua C.
1) Chiting minh: ACED la hinh binh hanh.
2) Goi M la trung diém BC. Tia AM cattia DC tai F.Chting minh:
AMBA = AMCF va t& gidc BDEF la hinh thoi.
3) Goi I la giao diém ctia 4E va DC.Tia BI cat DE tai K.Chtng minh:

KY:lAE.
6

Bai 20. Tam giac ABC vudng 0 4 c6 duong trung tuyén AM . Trén tia AM 1dy diém
I sao cho M la trung diém cta AI.
1) So sanh 47 va BC.
2) T giac ABIC la hinh gi? Vi sao?
Bai 21. Cho hinh chi* nhat 4BCD (4B > AD). Goi E,F lan luot la trung diém caa DC
va AB
1) Chitng minh t& gidc ADEF .
2) Biét DC =14cm, AD =5cm. Tinh dién tich hinh cht nhat ADEF .
3) Chttng minh: t& gidc AECF la hinh binh hanh.
4) VEEH L FC tai H.Goi 0, K lan lugt 1a trung diém ctia FB va HC. T K vé
duong thang song song v6i DC, dwong thang nay cat tai G . Chting minh: T&
giac GHKE la hinh binh hanh.
5) Chiing minh: QK 1 EK . (goi y: goi thém [ 1a giao diém cta GKva EH )
Bai 22. Cho diém E thudc canh 4B ctia hinh ch® nhat ABCD. F thudc tia BC sao

chor EDF =90°. Vé hinh cht nhat EDFK , tam O. Chtng minh:
EF

1) BO=—.
2
2) Tam giac DBK vuong.
Bai 23. Cho tam giac 4BC vudng tai 4.Goi D, E, F lan luot 1a trung diém cua 4B,
BC, AC.
1) Chttng minh: EF 1 AC tai F va t&t giac ADEF la hinh chit nhat.
2) Goi M la diém d6i xting cua E qua D.Chtng minh: t&t gidc BMAE la hinh
thoi.
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3) Goi O 1a giao diém ctia 4E va DF . Duong thang CM cat EF tai G . Ching

minh: M, 0, C thang hang va OG:éCM.

4) Vé 4H 1 BC tai H.Chtng minh: t&t gidc DHEF la hinh thang can.

Bai 24. Cho tam giac 4BC vuong tai 4 (4B < AC).Goi D, E lan luot la trung diém
ctia cac canh 4B, BC cua AABC.Vé EF vuong goc voi AC tai F.
1) Chttng minh: AEAB can tai E va tit gidc ADEF la hinh chir nhat.
2) Chting minh: T gidc BDFE la hinh binh hanh.
3) Lay diém T d6i xtng voi E qua D . Chiing minh: t& gidc ATBE 1a hinh thoi.
4) Goi O la giao diém ctia AE va DF.Vé CH vudng goc BT tai H.Chung
minh: 7, O, C thang hang va AHOC can.

Bai 25. Cho tam giac 4BC vuong tai 4 (4B < AC) c6 D, E lan luot la trung diém cac
canh AC va BC.Vé EF vudng gbc 4B tai F.
1) Chttng minh: tam gidc AEC can va ti gidc ADEF la hinh chir nhat.
2) Trén tia d6i cua tia DE 1ay diém K sao cho DK = DE. Chting minh: t& giac
AECK la hinh thoi.
3) Goi O la giao diém cuia AE va DF.Chtng minh: O la trung diém ctia 4E
vaba diém B, 0, K thang hang.
4) Vé EM vudng goc voi 4K tai M . Chiing minh: DMF =90°.

Bai 7. HINH VUONG.

A.KIEN THUC CAN NHO
1. Binh nghia: Hinh vudng la t¢ gidc ¢6 bon goc vudng va co bon 4 B

canh bang nhau.
2. Tinh chat: Hinh vuong cé day du tinh chat ctia hinh chit nhat va

Hinh thoi.
3. Dau hiéu nhan biét:
- Hinh chit nhat c6 hai canh k& bang nhau la hinh vuéng. D C
- Hinh ch@ nhét ¢6 hai duwong chéo vudng goc voi nhau 1a hinh ABCD Ia hinh vudng
vuong.

- Hinh cht nhat c6 mot duwong chéo la duong phan gidc cia mot goc la hinh vuong.
- Hinh thoi c6 mét goéc vudng la hinh vuong.
- Hinh thoi c6 hai duong chéo bang nhau 1a hinh vudng,.

B. BAI TAP CO BAN
Bai 1. Cho xOy =90° va tia phan giac Or. Lay diém A4 batky trén Or, ké 4B 1L Ox & B
, AC L Oy ¢ C.Chtng minh: t&t giac OBAC la hinh vudng.
Bai 2. Cho tam gidc ABC c6 A=90°; AB=AC =a va AD la duong phan gidc ctia goc
trong. Tt D ké DE//AC va DF//AB (vOi E€ AB; F € AC ). Chttng minh:
TRANG: 113
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1) Tt giac AEDF la hinh vuong.
2) CE =BF .
Bai 3. Cho tam gidc 4BC cantai 4 c6 AB=~2 va BC=2. D la diém d6i ximg voi
A4 qua BC.
1) A4BC la tam gidc gi? Vi sao?
2) Ching minh: Tt gidc 4BDC la hinh vudng.
Bai 4. Cho tam giac ABC vudng can 6 4 c6 duong trung tuyén 4AM . Ké MH//AC;
MK//AB (H € AB; K € AC). Tt gidc AHMK la hinh ddc biét g1? Vi sao?
Bai 5. Cho tam giac 4ABC vudng can tai 4 c6 duong cao 4H . Goi O 1a trung diém
cua AC, trén tia doi caa tia OB 1dy diém D sao cho OD=05B.
1) Tt gidc 4BCD la hinh gi? Vi sao?
2) Goi E la trung diém cua 4B. Tt gidc AHCD la hinh gi Vi sao?
3) Tk gidc AOHE la hinh gi? Vi sao?
Bai 6. Cho hinh vuong 4BCD. Kéo dai BC lay E, kéo dai CD ldy F, sao cho
BE =DF .
1) Chiing minh: A4BE = AADF .
2) AEAF la tam giac gi? Vi sao?
3) Ké tia Ex// AF vatia Fy// AE. Ex cit Fy tai G. Tk gidc AEGF la hinh gi? Vi
sao?

Bai 7. Cho hinh vudéng 4BCD c¢é E 1a trung di€ém ctia 4B, F la trung diém ctia 4D.
1) Chitng minh: Tt gidc DFEB la hinh thang can. 4QIP la hinh ddc biét gi? Vi
sao?

2) Chiing minh: 4, /, C thang hang.
3) V& BH L CF tai H, BH cat CD tai T.Chting minh: T la trung diém ctia CD.

Bai 8. Cho hinh vudéng ABCD. Trén tia d0i cua cac tia 4D, B4, CB, DC lan lugt lay

cac diém 4', B', C', D' sao cho 44'=BB'=CC"'. Chting minh:
1) AAAB'=ABBC'=ACC'D'=ADD 4'.
2) A'B'C' =90°.
3) Tk gidc ABCD la hinh vudng.
Bai 9. Cho hinh vuéng 4BCD. Hai dudng thang d, va d, vuong géc nhau 6 tam O
ctia hich vudng. Puong thang d, cat 4B, CD & P va Q. Duong thang d, cat
BC, AD ¢ R va §.Chung minh:
1) AAOP = ABOR.
2) OP=0R=0S=0Q.
3) T gidc PROS la hinh vuong.
Bai 10. Cho hinh ch* nhat 4BCD c6 AB=2BC.Goi [ la trung diém ctia 4B va K la
trung, diém caa DC . Ching minh:
1) AIKD va BIKC la hinh vudng.
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2) leDTC va DIC =90°.

Bai 11. Cho tam gidc ABC vudng can ¢ 4. Trén canh BC 1ay cac diém H, G sao cho
BH = HG=GC.Qua H va G ké cac duong thang vudng géc véi BC Chiing cat
AB va AC theo thtt tu tai £,F. Chitng minh:
1) ABEH va ACFG la cac tam giac vuong can.
2) EH = HG =GF .
Bai 12. Cho xOy=90° c6 Ot la dwong phan giac. D 1a diém trén Ot véi OD =a.
Puong trung triec cia OD cit hai tia Ox, Oy lan luot tai 4, B.
1) Chting minh: AOBD vuong can va AOAD vudng can.
2) T giac OBDA la hinh gi? Vi sao?
3) Tinh S,,,; theo a.
Bai 13. Cho 4BCD la hinh vuong. Lay E, F, G, H lan lugt 1a cae diém thudc 4B,
BC, CD , DA sao cho AE = BF =CG = DH . Chttng minh:
1) Tk gidc EFGH c6 ba goc vudng.
2) HE = HG .
3) T gidc EFGH la mot hinh vuong.

C. BAI TAP TU REN
Bai 1. Cho tam gidc ABC cantai 4 c6 AB=+2 va BC=2.D la diém d6i xumg vdi 4
qua BC.
1) Tinh BD, DC.
2) T gidc ABDC la hinh gi? Visao? Tinh S,;,.
Bai 2. Cho hinh thang 4BCD c6 d6 dai day 16n bang 2 Ian day nhé ¢D. Goi I 1a
trung diém ctia 4B . Duong thang 4D cat dwong thang BC tai E.
1) Chiing minh: T gidc AICD va t& gidc BCDI 1a hinh binh hanh.
2) Chttng minh: DI4=ECD va AD=DE.
3)Giastt A=D=90° va 4=CD.Ching minh: BC L AC.
Bai 3. Cho hinh chi* nhat 4BCD c6 AB=2BC.Goi I la trung diém ctia 4B va K la
trung diém ctia DC . Chiing minh:

1) AIKD va BIKC la hinh vudng.

2) IKz% va DIC =90°.

Bai 4. Cho A4BC vudng can tai B, goi O la trung diém ctia AC; D la diém doi
xumg cua B qua O. Trén canh BC 1dy diém M va trén tia d6i cua tia DC 13y
diém N sao cho DN =BM .
1) T giac 4BCD la hinh gi? Vi sao?
2) Chting minh: Tam giac MAN la tam giac vudng can.
3) Chting minh: BD di qua trung diém ctia MN . (g0iy: tt N vé& duong thang
song song v&i BM va cat BD tai T')
TRANG 115
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Bai 5. Cho hinh binh hanh 4BCD c6 4B=24D.Goi E va F theo thit tu la trung
diém cta 4B va CD.
1) Chitng minh: AECF la hinh binh hanh.
2) Chting minh: AEFD la hinh thoi.
3) Goi M la giao diém cua AF va DE; N la giao diém cua BF va CE.Chtng
minh: EMFN la hinh chtt nhat.
4) Hinh binh hanh 4BCD can diéu kién gi thi EMFN la hinh vuong?
Bai 6. Cho hinh binh hanh 4BCD. Goi DE, BK lan lugt 1a duwong phéan giac goc
trong ctia cdc AADB va ADBC.
1) Chting minh: DE//BK .
2) T giac DEBK la hinh gi? Vi sao?
3) Tim diéu kién ctia A4BD d€ DEBK tro thanh:
a) Hinh ch@ nhat.
b) Hinh vudng.
Bai 7. Cho hinh binh hanh 4BCD c6 AB=24D.Goi M va N la trung diém cua 4B
va CD.
1) Xac dinh dang t& gidc AMND .
2) Chting minh: AN //MC .
3) Goi E la giao diém ctia AN va DM , F la giao diém ctia MC va BN . Chiing
minh: EF//BC.
4) Xac dinh dang cua t& gidc MENF .
5) Tim diéu kién cta hinh binh hanh 4BCD d€ t¢ giac MENF la hinh vudng.
Bai 8. Cho tam giac 4BC vuong tai 4, duong trung tuyén 4M . Goi P la trung diém
cua 4B, Q la diém d6i xing v6i M qua P.
1) Chiing minh: T gidc AOBM la hinh thoi.
2) Tinh dién tich tam gidc 4BC, biét 4B=10cm, AC=6 cm.
3) Tam giac ABC can diéu kién gi thi t& giac 40BM la hinh vudng?
Bai 9. Cho hinh chi* nhat 4BCD.Goi M va N lan luot la trung diém cta cac canh
AB va CD.
1) Chttng minh: Tt giac AMND la hinh chit nhat.
2) Tinh dién tich ctia hinh ch nhat 4MND biét 4D =4 cm va AB=6cm.
3) Goi I la giao diém ctia AN va DM , K la giao diém ctia BN va MC . Chung
minh: Tt gidc MINK la hinh thoi.
4) Tim diéu kién ctia hinh ch nhat 4BCD dé€ t& giac MINK la hinh vudng?
Bai 10. Cho tam giac 4BC can tai 4, duong trung tuyén 4AM . Goi / 1a trung diém
cua AC va K la diém d6i xtng véi M qua diém /.
1) T gidc AKCM la hinh gi? Vi sao?
2) Chting minh: AKMB 1a hinh binh hanh.
3) Tim diéu kién cua tam gidc ABC d€ t& giac AKCM la hinh vudng.




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 11. Cho hinh vudng ABCD. V& xAy=90°. Ax cat BC & M ; Ay cat duong thang
CD tai N.
1) Chttng minh: AMAN vudng can.
2) V& hinh binh hanh AMFN ¢6 O la giao diém ctia AF va MN . Chting minh:

AF n .
OA=0C=7 va AACF vuong tai C.

3) Chting minh: D, O, B thang hang,.
Bai 12. Cho hinh vudéng 4BCD. Tir diém M thudc canh BC, vé dudng thang cat €D
0 K sao cho AMB=AMK , ké AH L MK & H.Chting minh:
1) AABM =AAHM va AH = AD.
2) ADAK = AHAK .

3) MAK:%A=45°.

Bai 13. Cho hinh vudng 4BCD. Tit diém M thudc canh BC, vé duong thang cat CD
0 K saocho AMB=AMK , ké AM 1 MK & H.Chtng minh:
1) AAMH = AAMB..
2) KAM =45°.
Bai 14. Cho hinh vuéng 4BCD. M la diém tuy y trén canh DC . Tia phan giac cua
DAM cat CD tai I1.Ké IH L AM tai H vatia [H cat BC tai K.Chtng minh:
1) AADI = AAHI va AABK = AAHK .
2) I4K =45°.
Bai 15. Cho hinh vudéng 4ABCD.Ldy N e AB, M e BC sao cho ADN = NDM . Ké tia
Dx 1 DN ; Dx cittia BC tai K. Chtng minh:
1) ADN =CDK .
2) AMDK can 6 M .
3) AN =CK .
4) DM =AN+CM .
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NAM HOC: 2024 - 2025

CHUONG 4. MOT SO YEU TO THONG KE

Trong chwong nay, cac em sé tim hi€u ki hon vé viéc thu thap, phan loai di liéu va

cach lwa chon bidu d6 thich ho d€ biéu dién di lidu. Chuing ta cling sé hoc

cach phan tich dit liéu dé€ phat hién duoc van dé hoac quy luat don gian, nhan

biét dwoc maoi lién hé gitra thong ké véi nhiing kién thikc trong cdc mon hoc

khéc, dong thoi van dung cac kién thirc nay vao viéc hudng dan giai quyét

mot sO van dé thuec tien.

Lwa chon biéu d6 thich hop d€ bidu dién dit liéu sé gitip chting ta phét hién ra cac

quy luat nham huéng dan giai quyét van dé hiéu qua hon.

BAI 1. THU THAP VA PHAN LOAI DU LIEU

Em da biét nhiing cach nao dé thu thap da liéu?

I. THU THAP DU LIEU

A. KIEN THUC CAN NHO

Ban Hoang da tim hiéu vé sau qudc gia c6 s6 huy chwong vang cao nhat &

Olympic Tokyo 2021 tir bang thong ké sau:

25 A
20 A
15
10

3 4

M¥

Thit hang Poan thé thao Huy chuwong vang
1 My 39
2 Trung Qudc 38
3 Nhat Ban 27
4 Anh 22
5 Nga 20
6 Australia 17
Théng ké s6 huy chuong vang cao nhat
%0 Y Olympic Tokyo 2021
S 45
S 40
g 35-
«o 30 -
wn

Trung Nhat Ban Anh

Qudc

ga Australia

Qubc gia

a) Em hay giap ban Hoang tim thong tin d€ hoan thién biéu do6 sau vao vo.

b) Theo em, ban Hoang da dung phuong phap nao trong cac phuong phap

sau d€ thu thap di liéu?
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STT Tén phuwong phap
1 Quan sat truc tié€p
2 Lam thi nghiém
3 Lap phiéu tham do
4 Thu thap ti nhitng ngu6n c6 sdn nhw sach, bao, Intemet

Nhan xét: C6 nhiéu cdch dé thu thap dit liéu nhu: thu tap tir cdc ngudn cé san,
phong van, 1ap phiéu cau hoi, quan séat, lam thi nghiém,.... Ching ta can tim
phuong phap phu hop véi linh viee, muc dich can thu thap.

Dix liéu vé Phuwong phap c6 thé sit dung
Pia li, Lich st Thu thap tir ngudn c6 sén
Thuec tién (moi treong, tai chinh, y t€, Phéng van, lap phiéu hoi, thu thap ti
phéng van, 1lap phiéu hoi, thu ngudn co s&n, Internet
thap tir nguon gia ca thi truong)
Mtic d9 hai long cua cong dan Quan sat, phong van, lap phiéu khao
sat

Vi du 1. D€ thu thap d@ liéu sau, ta nén lam thé nao? D¢ la thu thap d liéu tryc
tiép hay gian tiép?
a) Dt liéu vé xép hang FIFA ctia bong d4 nam Viét Nam trong thoi gian gan
day.
b) SO liéu vé sy phat trién chiéu cao ctia mot gidng cay mdi theo thoi gian.
Hu6ng dan giai

a) D€ thu thap dw liéu vé xép hang FIFA ctia bong da nam Viét Nam trong
thoi gian gan day, cach tot nhat la ta vao website ctia Lién doan Bong d4 Thé
gioi (FIFA) tai dia chi fifa.com/fifa-world-ranking/vie d€ thu thap. Day la
phuong phap thu nhap dir liéu gian tiép.
b) D€ co s0 liéu vé su phat trién chiéu cao cia mot giong cady mai theo thoi
gian, ta trong cay va dinh ki do chiéu cao, ghi lai két qua. Pay la phuong phap
thu thap dit liéu truc tiép.

B. BAI TAP CO BAN
Bai 1. Em hay dé xuat phwong phap thu thap dit liéu cho cac van dé sau:
1) San lwgng thanh long va ca phé xuat khau cua Viét Nam trong bon ndm gan
nhat.
2) Y kién ctia hoc sinh khdi 8 vé chat lwong bita dn ban tr.
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Bai 2. Lop truong 16p 8A mudn thu thap thong tin vé cac mon thé thao dugc yéu

thich ctia cac ban trong 16p. Theo em, ban 16p trudng cé thé thu thap nhiing
thong tin d6 bang cach nao?

Bai 3. St dung phuwong phap thich hgp dé thu thap dit liéu va lap bang thong ké
dan s& 6 tinh thudc Viing déng bang song Ctru Long: Long An, Tién Giang,
Bén Tre, Vinh Long, Tra Vinh, Hau Giang.

Bai 4. Em hay dé xuat phwong phap thu thap dit liéu va li giai vé viéc 1dy y kién hoc
sinh 16p em d6i voi cac tiet muc van nghé du thi "Giai diéu tudi hong" ctia
16p.

Bai 5. Em hdy cho biét phuong phép thu thap di liéu trong mdi trudng hop sau 1a
tryee tiép hay gian tiép.

1) Nam vao website ctia Tong cuc Thdng ké va ghi lai s6 quan/huyén cua cac
tinh/thanh phd thudc cac tinh Tay Nguyén.

2) Thay giao day Giao duc thé chat da do va ghi lai thoi gian chay cw 1i 100 mét
cuia cac ban hoc sinh khoi 8.

II. PHAN LOAI DU LIEU THEO CAC TIEU CHI
Thong tin v€ 6 ban hoc sinh trong cau lac bo cau 16ng cua Truong Trung hoc co so
Nguyén Gia Thiéu tham gia huwéng dan giai ddu ctia tinh dwoc cho béi bang
thong ké sau:

S6 nodi
. hié i6i Ki thuat '
STT Ho va tén Khoi Chicu G,'IOI ! ) uAa dung
cao tinh phat cau o
thi dau
1 Huynh Tan 7 154 | Nam | Kha 2
Khang
2 Nguyen Quang 6 150 | Nam Tét 1
Quan
Nguyén Ngoc . Trung
162 2
3 Phuwong Han 7 0 Nu binh
4 H6 Dan Bao Thy 7 158 N Kha 3
5 bang Gia Phat 9 167 Nam Tot 3
6 I;/l;;m Thi Hong 8 165 Nit Kha 2

1) Phén loai cac dix liéu trong bang thong ké trén dua trén hai tiéu chi dinh
tinh va dinh luong.
2) Trong s cac dix liéu dinh tinh tim dwoc, dt liéu nao co thé so sanh hon

kém?
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3) Trong sO cac di liéu dinh lwong tim dwoc, dit liéu nao la sd dém?

A.KIEN THUC CAN NHO
Dit lieu dinh tinh dwogc chia thanh hai loai:
- Dt liéu dinh danh la d liéu thé hién cach goi tén. Vi du: gidi tinh, mau sic,
noi 0, noi sinh....
- Dt liéu biéu thi thit bac la dir liéu thé hién sy hon kém. Vi du: mirc 4o hai
long, trinh d¢ tay nghé khai 16p, ...
Dit liéu dinh lwong nhan gia tri thwc va dwgc chia thanh hai loai:
- Loai roi rac 1a dit liéu chi nhan htru han gid tri hoac biéu thi s6 dém. Vi du: c&
giay, sO hoc sinh, s6 ngay cong, s6 vat nudi.
- Loai lién tuc la d@ liéu c6 thé nhan moi gia tri trong mot khoang nao dé. Vi
du: chiéu dai, khéi lwgng, thu nhap, thoi gian.
Vi du 2. Cho cdc loai dit li€u sau day:
- Mon thé thao yéu thich cia mét s6 ban hoc sinh 16p 8C: bong da, bong ro,
béng chuyen, ...
- Chiéu cao (tinh theo cm) ctia mot s6 ban hoc sinh 16p 8C: 152,7; 148,5; 160,2 ;

- Xép loai hoc tap ciia mot s6 ban hoc sinh 16p 8C: tot, chua dat, dat, kh3,

- Diém kiém tra mon Toan ctia mot sd ban hoc sinh 16p 8C: 5; 10; 8; 4; ...

a) Tim dit liéu dinh tinh va dit liéu dinh lwong trong cac dit liéu trén.

b) Trong s6 cac di liéu dinh tinh tim dwgc, di liéu nao cd thé so sanh hon

kém?

c) Trong s6 cac dir liéu dinh lwong tim dwoc, di liéu nao la roi rac? Vi sao?
Hudng dan giai

a) Mon thé thao yéu thich va xép loai hoc tap la cac dit liéu dinh tinh. Chiéu

cao va diém kiém tra mon Toan la cac dit liéu dinh luong.

b) Trong s6 cac du liéu dinh tinh tim dwgc, chi dit liéu xép loai hoc tap co thé

so sanh hon kém.

c) Trong s6 cac dix liéu dinh lwong tim dwoc thi diém kiém tra mon Toan cua

hoc sinh la roi rac Vi né chi nhan httu han gia tri.

B. BAI TAP CO BAN
Bai 1. Cho cac loai dit liéu sau day:

- Danh sach mot s0 loai trai cay: cam, xoai, mit, ...
- Khoi lugng (tinh theo g) cua mot so trai cay: 240; 320; 1200; ...
- D0 chin cta trai cay: rat chin, vira chin, hoi chin, con xanh, ...
- Ham luong Vitamin C (tinh theo mg) c6 trong mot so trai cay: 95; 52; 28; ...
- Mttc d0 twoi ngon ctia trdi cay: loai 1, loai 2, loai 3.
1) Tim di lieu dinh tinh va dit liéu dinh lwong trong cac dix liéu trén.
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2) Trong sO cac di liéu dinh tinh tim dwoc, d liéu nao ¢ thé so sanh hon

kém?
3) Trong so6 cac dix liéu dinh lwong tim duoc, dit liéu nao la lién tuc?
Bai 2. Thong ké vé cac loai I6ng den ma cac ban hoc sinh 16p 8C lam dwoc dé€ trao
tang cho tré em khuyét tat nhan dip Tét Trung thu dwoc cho trong bang d

liéu sau:
STT Tén 16ng den Loai SO lwong Mau sic
1 Con ca Lon 2 Vang
2 Thién nga Vita 6 Xanh
3 Con tho Nho 10 Nau
4 Ngoi sao Lén 2 Do
5 DPen xép Nho 15 Cam

1) Tim d liéu dinh tinh va dw liéu dinh lvong trong bang dit liéu trén.

2) Trong s cac dir liéu dinh tinh tim dwoc, dt liéu nao c6 thé so sanh hon
kém?

3) Trong s6 cac dix liéu dinh lwong tim dugc, dit liéu nao la roi rac?

Bai 3. D€ nang cao hiéu qua kinh doanh, mot siéu thi tién hanh héi nhitng méat hang
ma 50 khach hang du dinh mua khi vao siéu thi. Két qua thu dugc nhu sau:
gao, mi an lién, thit, ca, rau 4, trémg, hoa qua, stta twoi, quan ao, nudc
khoang, nudc giai khat, nuwdc sinh td, xa phong. kem danh rang, bot giat,
xoong noi, bat dia, but viét, vo hoc sinh, cap sach.

1) C6 bao nhiéu mat hang dwgc khach hang duw dinh mua?
2) Hay sap xép cac mdt hang do6 theo nhittng nhom sau:
Nhom 1: Mdt hang thye pham;
Nhom 2: Mat hang d6 uéng:
Nhom 3: Mdt hang d6 dung trong gia dinh;
Nhoém 4: Mat hang van phong pham.

III. TINH HOP LI CUA DU LIEU

Tim nhitng diém chwa hop 1i trong bang di liéu sau:

Thong ké s6 hoc sinh 16p 8A2 tham gia cac cau
lac bo thé thao (mo6i hoc sinh chi tham
gia mot cau lac bo)

Cau lac bo thé thao S6 hoc sinh
Boi 101 15
Bong rd 15

Nhiéu hoc sinh tham

B 4 h A
ong chuyeén gia
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P4 cau

NAM HOC: 2024 - 2025

120 |

C6 thé kiém tra dinh dang cua d@ liéu hoac mai lién hé toan hoc don gian gitta
cac so liéu thong ké d€ nhan biét tinh hgp li caa dix liéu va cac két luan dya
trén cac dix liéu thong ké do.

A.KIEN THUC CAN NHO
Nhan xét: D€ danh gia tinh hop 1i cta dix liéu, ta can dwa ra cac tiéu chi danh gia,
ching han nhu dit liéu phai:
—Dung dinh dang.
— Nam trong pham vi du kién.
— Phai c6 tinh dai dién d6i vdi van dé can thong ké.
Vi du 3: Néu nhan xét vé tinh hop 1i ctia cac dit liéu trong bang thong ké sau.

Théng ké s6 hoc sinh 16p 8/6 tham gia ciu lac bo van nghé
(m6i hoc sinh chi tham gia mét cau lac bg)

Cau lac bo van nghé S0 hoc sinh
Guitar 7

Organ 10

Mua Catol
Hop ca 80

Huwéng dan giai
— Dt liéu Ca to 1: Khong dung dinh dang (d@ liéu phai la sO).
— S0 liéu 80 khong hop 1i vi veeot qua pham vi si s6 ciia mot 16p hoc trong
treong Trung hoc co s&
Vi du 4: Bang thong ké sau cho biét ti sO phan tram lia chon d6i v6i bon nhan hiéu
tap vo trong s6 200 hoc sinh duoc phong van.

Nhan hiéu vé ghi bai Ti s6 phan tram
A 40%
B 45%
C 10%
D 5%

Xét tinh hop li cta cac quang cao sau day doi voi nhan hiéu tap vo A:

a) A la nhan hiéu duoc da s6 hoc sinh lya chon.

b) A la nhan hiéu c6 ti 1é hoc sinh lwa chon cao nhat.

c) A la mot trong nhitng nhan hiéu c6 ti 1¢ dugc chon cao nhat.

Hudng dan giai

a) Quang cao khong hop li so vdi s6 liéu thong ké vi ti 1€ hoc sinh chon A it

hon 50%.
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NAM HOC: 2024 - 2025

b) Quang cao khong hop 1i so véi s liéu thong ké vi ti 1€ hoc sinh chon B

nhiéu hon A.

c) Quang cdo la hgp li vi phan anh dung di liéu ctia bang thong keé.

B. BAI TAP CO BAN

Bai 1. Bang thong ké sau cho biét dit liéu vé hoat dong trong gio ra choi ctia hoc

sinh 16p 8/1 (mSi hoc sinh chi thuc hién mot hoat dong).

Hoat dong S6 hoc sinh

Doc sach 90
On bai 10
Choi bong ro 18
b4 cau 12
Choi co vua 8

Nhay day Tat ca cac

ban

ni

Néu nhan xét ctia em vé tinh hop li ctia cac dit liéu trong bang thong ké trén.
Bai 2. Thi phan cua mot san pham la phan thi truong tiéu thu ma san pham dé
chiém linh so vdi tong s6 san pham tiéu thu cua thi truong. Bang thong ké
sau cho biét ti sO phan tram thi phan cta 4 loai bat trén thi treong.

Loai but Ti s6 phan
tram
But bi 25%
Bt chi 20%
Bat muc 45%
Bt may 10%

Xét tinh hop 1i cua cac quang cao sau day doi véi nhan hiéu but muc
1) La loai bt dwoc moi ngwoi dung lya chon.
2) La loai buit chiém thi phéan cao nhat.

Bai 3. V4i moi cAu hdi sau, LAm d3 hoi bén ban va ghi lai cau tra loi.
1) Nha ban cé bao nhiéu chiéc ti vi? Két qua: 2; 43; 3; 3.

2) Ban méat bao nhiéu thoi gian (don vi: gio) d€ hoan thanh bai tap vé nha? Két

qua: 1,2;1,5; 2,1; 1,8.

Bai 4. V6i mdi cau hoi sau, Linh d3 héi ndm ban va ghi lai cau tra 1oi.
1) Ban nang bao nhiéu kilogam? Két qua: 49; 50; 43; 156; 47.
2) Tén ban c6 bao nhiéu chir cai? Két qua: 5; 6; 3; 4; 5.

Mbi day dit liéu trén thudc loai nao? Chi ra gid tri khong hop 1i néu cé.

Bai 5. Tim diém khong hop li trong nhitng dit liéu cho duwdi day.
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1) Danh sach email ctia cac ban trong doi van ngheé 16p 8/1 Truong THCS Ngo

Quyén, quan Tan Binh nhu sau:

STT Tén Email

1 Do Bao Duy Baoduy99@gmail.com

2 Hoang Minh Phuc Hminhphuc@yahoo.com

3 Phan Nguyén Thao Vy | Phannguyenthao_vy.vn

4 Nguyén Phtic Anh phucanh@gmail.com

5 Lam Hoang Tam Giao | Tamgiao_2009@yahoo.com

2) Két qua 6 bai kiém tra mon Anh van cta ban Tin lan luot la: 9; -5; 8; 7; 9; 8.

C. BAI TAP TU REN

Bai 1. Em hay dé xuat phuong phép thu thap dit liéu cho cac van dé sau:

1) Y kién ctia cha me hoc sinh khéi 8 vé chat luong dong phuc ctia trieong em.

2) Ti s0 gitta s6 lan ra mat sap va s6 lan ra mat ngtra khi tung dong xu 100 Ian.

3) So sanh sd huy chwong nhan dwgc & SEA Games 31 ctua Viét Nam va Thai
Lan.

4) T6ng s6 san pham qudc ndi ctia mdi nwde thudc khdi ASEAN.

Bai 2. Em mudn wdc luong thoi gian tue hoc & nha (don vi: gi0) ctia cdc ban trong
16p. Hay dua ra cach thu thap dit liéu va xac dinh xem dit liéu thu dwoc
thuoc loai nao.

Bai 3. Hay st dung phuwong phap thich hop dé thu thap da liéu va lap bang thong
ké dan s6 cac tinh khu viee mién Dong Nam B cua Viét Nam.

Bai 4. Néu nhan xét vé tinh hop li cua cac dir liéu trong bang thong ké sau:

Théong ké s6 hoc sinh 16p 8C tham gia cau lac b6 v6 thuat (méi
hoc sinh chi tham gia mét cau lac bo)

Cau lac b0 vo thuat S0 hoc sinh

Karate 14

Viovinam 25

Taekwondo Cato3

Judo 30

Bai 5. Bang thong ké sau cho biét su lwa chon cua 100 hoc sinh vé bon nhan hiéu
tap vo
Nhan hiéu tip vo S6 hoc sinh

A 22
B 56
C 13
D 9

Xét tinh hop 1i ctia cac quang cao sau day doi véi nhan hiéu tap vo B :
1) La sw Iira chon ctia moi hoc sinh.
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2) La su lwra chon hang dau cua hoc sinh.

Bai 6. Thong tin vé 5 ban hoc sinh ctia treong Trung hoc so s Tan Binh tham gia
Hoi khoe Phu Bong dugc cho béi bang thong ké sau:

Ho va tén Can nang (kg) | Mon boi sé treong | Ki thuat boi | SO ndi dung
Nguyén Van Hung | 61 Boi éch T6t 3
Tran Van Dtic 56 Boi sai Kha 1
Lé Hoang Phi 48 Boi buém Tot 2
Nguyén Tién Diing | 50 Boi éch Dat 2
Do Hai Ha 48 Boi tu do T6t 3

1) Phan loai cac dix liéu trong bang thong ké trén dwa trén hai tiéu chi dinh
tinh va dinh luong.
2) Trong s cac dix liéu dinh tinh tim dwoc, A liéu nao c6 thé so sanh hon
kém?
3) Trong s6 cac di liéu dinh lwong tim duoc, dit liéu nao la lién tuc?
Bai 7. Dt liéu thu duoc trong mdi cadu héi sau thudc loai nao?
1) Ban cao bao nhiéu?
2) Mang dién thoai ban dang dung la gi?
3) Gia dinh ban c6 bao nhiéu nguoi dudi 18 tudi?
Bai 8. Nén st dung phuwong phép thu thap nao dé€ thu dwge mdi dit liéu sau?
1) Tén ctia 10 qudc gia ¢ dién tich 16n nhat.
2) Y kién ctia cac ban vé dia diém di tham quan tuan toi.
3) Chiéu cao ctia cac cay che giong sau 5 thang trong.

Bai 9. Dé chuan bi cho ndm hoc méi, mot cong ty may thiét ké mau déng phuc cho
hoc sinh ciia mgt truong trung hoc co so. Cong ty da hoi y kién cta 50 hoc
sinh 16p 6 vé mau dong phuc da thiét ké va nhan duoc két qua 1a c6 40 hoc
sinh thich mau dong phuc d6. Tir 46, cong ty dua ra két luan rang cé 80% sd
hoc sinh ctia treong thich mau dong phuc d6. Theo em, cong ty may dua ra
két luan nhu th€ thi ¢6 hop li khong? Vi sao?

Bai 10. Ban Khoa vé biéu d6 hinh
quat tron nhw & hinh bén dé

biéu dién ti 1é cac loai sach
trong thu vién: Khoa hoc (KH)
; Ki thuat va Cong nghé (KT -
CN); Van hoc va Nghé thuat
(VH - NT); Sach khac. Héi
nhtng so liéu ma ban Khoa

néu ra trong biéu d6 hinh quat
tron & hinh bén da chinh xac
chwa? Vi sao?
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Bai 11. Mot truong trung hoc co sd cho hoc sinh khoi 16p 8 dang ki tham gia hoat
dong ngoai khoa. Bang thong ké so lugng hoc sinh dang ki tham gia hoat
dong ngoai khoa cua ting 16p. SO liéu nao trong bang thong ké la khong hop

1i? Visao?
Lop Si  |S6 hoc sinh ding ki tham gia hoat dong ngoai khoa
8/1 38 33
8/2 40 35
8/3 39 40
8/4 39 32
8/5 40 32

Bai 12. Sau khi tim hiéu vé cac chau luc trén Trai Dat tir trang web
https://vi.wikipedia.org, ban Long thu dwgc nhiing dir liéu thong ké sau:

- S4u chau luc 1a: Chau A; Chau Au; Chau Dai Duong; Chau My; Chau Nam
Cuc; Chau Phi.

- Dién tich (don vi: triéu km®) ctia sdu chau luc d6 lan lwot la: 43,82; 10,18; 9;
42,33; 13,72 ; 30,37.

Tim di liéu dinh tinh va d liéu dinh lwong trong cac dit liéu trén.

Bai 13. Sau khi tim hi€u vé cac dai duwong trén Trai Dat tir trang web
https://vi.wikipedia.org, ban An thu dwoc nhitng dit liéu thong ké sau:

- Nam dai dwong 1a: Thai Binh Duong; Dai Tay Duong; An Do Duong; Bac
Bang Duong; Nam Dai Duong.

- Dién tich (don vi: triéu km®) ctia nam dai dwong d6 lan lwot la: 165,25 ; 106,4 ;
75; 14,09 ; 20,3.

Tim dit liéu dinh tinh va d liéu dinh lwong trong cac dit liéu trén.

Bai 14. Dé chudn bi dua ra thi tredong mau xe 6 t6 mdi, mot hang san xuat xe 6 to
tién hanh tham do mau son ma nguoi mua yéu thich. Hang san xuat xe d6 da
hoi y kién cta 100 nguoi mua xe ¢ d tudi tir 20 dén 32 va nhan dwgc két qua
1a: 32 nguoi thich mau den, 48 nguodi thich mau trang, 20 nguoi thich mau
xanh. Ttr 6, hang san xuat xe dwa ra quang cdo sau: $48 \ %$ sO nguroi mua
chon xe mau trang, 20% s& ngrdi mua chon xe mau xanh. Theo em, hang san
xudt xe dua ra két luan nhu trong quang cao trén thi c6 hop li khong? Vi sao?

Bai 15. Mot cong ty kinh doanh vat liéu xay dung c6 bon kho hang, mdi kho hang
c6 50 tan hang. K& toan cua cong ty lap biéu do6 cot kép ¢ hinh bén dudi bi€u
dién s8 luwong vat liéu da xut ban va s6 lugng vat liéu con ton lai trong moi
kho sau tuan Ié kinh doanh dau tién.
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S6 lwgng vt ligu da xuét ban va s6 lwrgng vt li¢u con ton lai trong méi kho

40
35
s
i 30 % 30
7
21 A2
A 7 3
o o
N i 3
ol A3 i 4
Kh Kh Kho 3 Kho 4

% Ton lai

% Xuéit ban

Ké toan da ghi nham s6 liéu ctia mot kho trong biéu d6 cot kép & hinh trén.

Theo em, ké toan da ghi nham s liéu caa kho nao?

BAI 2. LUA CHON DANG BIEU PO DE BIEU DIEN DU LIEU

I. LUA CHON DANG BIEU PO Pf BIEU DIEN DU LIEU
* Bang dudi cho biét s6 lwong cac loai dong vat tai Vwon qudc gia Cac

Phuong.
Loai dong vat Thu Chim Bo sat
SO lwgng (con) 97 137 76

(Theo https://vi.m.wikipedia.org)
- Ban Viét thi néi: Té sé dung biéu d6 cot dé€ biéu dién bang thong ké trén.

- Ban Nam thi néi: Té sé dung biéu do tranh dé biéu dién bang thong ké trén.

Theo cac em, thi ta nén duing biéu d6 nao d€ bidu dién bang thong ké trén?

* Ghép cdp cac muc dich biéu dién dit liéu sau v6i loai biéu d6 phu hop.

Muc dich biéu dién dit liéu

Loai biéu do

1. Thé hién ti 1é phan trdm ctia mdi thanh
phéan d6i tuong so vdi toan thé.

A. Biéu d6 tranh

2. So sanh mot cach tryc quan ting cap sd
liéu ctia hai bo dit liéu cung loai

B. Biéu do6 cot

3. Stt dung céc chiéu cao ctia cac hinh ch
nhat dé biéu dién s liéu

C. Biéu do cot kép

4. Biéu dién su thay d6i s liéu ctia doi
teong theo thoi gian.

D. Biéu d6 quat tron

5. Mudn tao su dé hiéu, don gian va 16i

cuon.

E. Biéu d6 doan thang
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A.KIEN THUC CAN NHO
Biéu do cho chiung ta hinh anh cu thé vé sg liéu. Viéc chon loai biéu d6 phu

hop sé gitup chung ta thé hién s6 liéu thong ké mot cach rd rang, treec quan, dé
doc va dé hiéu.
- Ta thwong chon biéu d6 tranh khi s6 liéu ¢ dang don gian va muon tao sw 16i
cudn, thu hut bang hinh anh.
- V6i nhiing s6 liéu phtic tap hon, s6 liéu 16n, sy sai khac gitta cac sd liéu cling
16n va dé€ thuan tién trong viéc so sanh thi ta thwong chon biéu do cot.
- Néu muon cd su so sanh mot cach truc quan tieng cap so liéu caa hai b d
liéu cung loai, ngroi ta ghép hai biéu do ot thanh mot bieu d6 cot kép.
- bébiéu thi ti 1€ phan tram cua ting loai s liéu so voi toan thé, ta thuwong s
dung biéu d6 hinh quat tron.
- Khi biéu dién su thay d6i sd liéu ctia mot doi tuong theo thoi gian, ta thuong
dung biéu d6 doan thang.

Vi du 1. Bang thdng ké sau day cho biét thoi luong tu hoc tai nha 7 ngay cua ban

Tri.
Ngay trong tuin S6 phut tw hoc

Th& Hai 90

Th Ba 105

Tht Tw 120

Th Nam 150

Thi Sau 60

Tht Bay 50

Chua Nhat 70

Em hay lwa chon dang biéu d6 thich hop dé biéu dién dit liéu tir bang théng
ké trén va vé biéu do do.

Huwdng dan giai
Ta c6 thé dung biéu d6 cot hodc biéu d6 doan thrfmg d€ bicu dién dir liéu trén

i i §6 phiit
36 phit S0 phl’lt hoc trong tuin 50 ] 150
156 140
130 120

120
104 110 105

100 90
78 90
s 80|70
70 60
2 60 50
50

Th2 Th&3 The4 Thk5 Thké Thi7 ChaiNhit The

130

=

=

ChiNhit Th¢2 Tht3 Tht4 The5 Théé The7 The
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Vi du 2. Chon biéu d6 pht1 hop nhat dé bidu dién dit liéu vé tudi tho trung binh &

mot s6 qudc gia / 1anh thd 6 tudi tho trung binh cao nhat thé gidi nam 2020.

Giai thich tai sao em chon biéu d6 do.

Qudc gia/ Lanh tho

Hong Kong

Nhat Ban

Macao

Thuy Sy

Singapore

Italy

Tudi tho trung binh (nam)

85,29

85,03

84,68

84,25

84,07

84,01

Hudng dan giai

Tudi tho trung binh cta cac qudc gia khong phai la cac s6 nguyén nén biéu do6

tranh khong pht1 hop. Ta khong thé duing biéu &6 doan thang dé bidu dién vi

trong dit liéu nay tudi tho trung binh khong thay doi theo thoi gian ma thay

do6i theo quoc gia. Ta nén dung biéu do cot d€ biéu dien di liéu nay.

B. BAI TAP CO BAN
Bai1l. Lua chon dang biéu do thich hgp dé€ biéu dién dix liéu trong cac bang thong

ké sau:

1) Bang thong ké vé can nang (don vi: kg ) cua nam, ni* tai mot s6 nuwdc trong

khoi Asean nhuw sau:

Qudc gia Indonesia Malaysia Thai Lan Viét Nam
Nam 61.4 71.5 69.8 61.2
Nw 56.2 64.4 63.3 54

(nguon: https://worlddata.info)

2) Bang thong ké ti 1€ phan tram s tiét hoc ctua cac ndi dung moén Toan 16p 8:

, Mot s6 yéu to Hoat dong thuc
) SSvadai | Hinhhocvado | 00 °0Yeuto AN
Phan v . thong keé va xac hanh va trai
S0 lwong " -
suat nghiém
Ti 1€ phan tram 43% 36% 14% 7%
Bai 2. Bang thong ké sau day cho biét viéc sit dung thoi gian ctia ban Nam trong

ngay.
Thong ké viéc st dung thoi gian trong ngay cta ban Nam

Cong viéc Thoi gian (gio)

Hoc trén 16p

Ngu

An udng, vé sinh ca nhan

Lam bai ¢ nha

Lam viéc 6 nha

WLIN B IDNINS

Choi thé thao/ Hudng dan giai

tri

Hay biéu dien dit liéu trén vao cac biéu do6 sau:
1) Biéu d6 cot:
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1 cio

g+ Thai gian frong ngay ciia Nam

74

64

5--

L

3_-

2 -

l-- I I

0 . « n
Hoe Anuong Lambai Lamviéc Choi 'rhe Cong viec
trén lép vésinh  &nha nha thao/giai tri

cd nhén

2) Biéu d6 quat tron

Thoi gian trong ngay cia Nam

Hoc trén lop
= o
2% —
— An uéng, vé sinh ca nhéin
oo, i T e i o
B | Lambai o nha
RSN
nnndd % o
u;q,&'w»r,.qfu;:?’ Lam viéc ¢ nha
44 250 s L
i#% Choi the thao/giai tri
BAi 3 ChO biéh d6 H‘lnh bén. S'SL IIIO'IIQ'. Sf) con bédo trén toan c%u
1) Lap bang thong ké cho dit 140
A o aw 130
liéu trong biéu do. 130 1
2) Vé biéu d6 cot biéu dién div 120
liéu nay. Néu ta co dix liéu vé 110
s0 con bao hang nam trén 100 o
toan cau tir ndm 1970 dén nay 90 >
\ 4 A \ « A? AVN A 86
thi c6 nén dung bieu do6 cot 50
~ 7
dé biéu dien khong? 2014 2015 2016 2017 2018 Nam

Bai4. Biéu d6 hinh bén dudi biéu dién s8 leong cac ban 16p 8A tham gia cau lac
bo.
1) Cho biét day 1a biéu d6 gi? Mdi bidu tuong twong ting bao nhiéu hoc sinh?




BOI DUGNG NANG LUC TU HOC - TOAN 8

2) Lap bang thong ké va vé biéu d6 cot biéu dién dir lieu nay.
Tiéng Anh
Vo thuat
Nghé thuat
(Moi

Bai 5. Bang thong ké bén cho biét s liong khach danh gia chat lugng phuc vu mot

tng vdi 5 hoc sinh)

khach san.
béanh gia R&t tot Tot Trung binh Kém
S8 luong 10 20 15 5

1) V& biéu d6 tranh, biéu do6 cot biéu dién bang thdng ké trén.
2) Néu mudn biéu dién ti 16 khach hang danh gia theo cdc mikc danh gia trén,
ta can dung biéu do6 nao dé biéu dién?
Bai 6. Cho biéu d6 hinh dudi.
Hay lap bang thdng ké biéu dién s6 lwong huy chwong cac loai ctia doan thé
thao TP Ha Noi va TP H6 Chi Minh. V& biéu d6 cot biéu dién bang thong ké

na
y-
S0 lrong
O =
Fi
RENERA h -~ A - .
TPHANGI  [{i] TP HG Chi Minh

cooveee
St

304 R
26.0
R
St 24.0
EERRNENY 22 O B -
PR : EREERTRRY 20.0
S Rk ket
St Rt ket
S N e
S A S
St Rt ket
S A S
St Rt ket
St Rt ket ~

-
Vang B &
ang ac Pong Huy Chuong

Bang tong sap huy chwong Pai hoi thé thao toan qudc lan thit VIII nim 2021
Bai 7. Bang sau cho biét khoi lwgng gidy vun cac 16p khai 8 da thu gom duoc.
Lop 8/1 8/2 8/3 8/4
Khdi lwong (kg) 14,5 15,6 13,2 10,8
Lya chon bigu d6 phit hop bidu dién bang thong ké nay. Vé biéu d6 dé.

Bai 8. Bang thong ké sau biéu dién s& huy chuong vang trong hai ki SEA Games 30
va 31 cta doan thé thao Viét Nam, Thai Lan.

SEA Games 30 SEA Games 31

Viét Nam 98 207

Thai Lan 92 92
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(Nguon: Thethaovanhoa.vn)

Hay biéu dien dit liéu trén vao cac dang biéu do sau:

1) V& biéu do hinh cot d€ so sanh s6 huy chuong ctia mdi qudc gia dat duoc
qua hai ki SEA Games.

2) Vé biéu d6 hinh tron so sanh s6 huy chuwong ctua Viét Nam va Thai Lan
trong mdi ki SEA Games.

II. CAC DANG BIEU DIEN KHAC NHAU CHO MOT TAP DU LIEU

A. KIEN THUC CAN NHO

Biéu do6 trong hinh

bén biéu dién dit liu 20%
vé chi tiéu ngan sach 50% ’ Chi tiéu tai chinh
cta gia dinh ban  Chitieuthictyen -m
Thanh. Em hay giup
ban Thanh hoan thanh
cong viéc chuyén div « Hod don tign ich 30%
liéu trén sang dang ,i Chi tiéu c4 nhan
thong ké theo mau
sau:
Muc chi tiéu Liét ké chi tiét Til¢ phan tram
ngan sach
Chi tieu

- Tién an, tién 0, di lai, hoa
thiét N ?
, don tién tich

yéu
Chi tiéu tai
, Tra no, tiét kiém, du phon 20°
chinh : -, dur phong &
Chi tiéu ca ) 20%
nhan ' °

Mot tap di liéu co thé biéu dién cac dang khac nhau. Chuyén do6i d liéu gitta
cac dang giup cong viéc thuan loi va dat hiéu qua hon.
Vi du 2. Hinh bén dudi minh hoa d@ liéu vé chi tiéu ngan sach cua gia dinh ban
Hung.

Cic muc chi tiéu cia

gia dinh ban Hang

I I I |
Chi tiéu thiét yéu Tiét kiém dai han Gido duc Piu tu Huong thy Lam tirthién
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a) Em hay giap ban dy hoan thanh viéc chuyén dit liéu d6 sang dang bang

thong ké theo mau sau.

o Chi tiéu Tiét kién ., " Huwdn Lam tir
Muc chi tiéu v . Giao duc | Pau tw & n
thiét yéu dai han thu thién
Ti & phan tram ? ? ? ? ? ?
b) Héy bicu dién Ti 1¢ phan tram chi tiéu ngan sich cia gia dinh ban Hang

dt liéu trong -

Chi tiéu thidt yéu
hinh trén vao -
i& D 3 Tiet kiém dai b
biéu d6 hinh / iet kiém dai han

quat tron sau:

r

W

Hudng dan giai
a) Chuyén dit liéu trong hinh bén sang dang bang thong ké, ta co:

o Chi tiéu | Tiétkiém | Gido | Dau | Huong Lam twr
Muc chi tiéu o . L
thiét yéu | dai han duc tw thu thién
Ti 1é phan
y 55% 10% 10% 10% 10% 5%
tram

b) Biéu dién dit liéu trong hinh trén vao bi€u d6 hinh quat tron:

Ti 1é phéan tram chi tiéu ngan sach ciia gia dinh ban Hang

Tiét kiém dai han

e Giao duc

23\

331
3
n
=

wEcbetate =

.
" —— - 0 £t
,,,,,,,,,,,, 55%
wo RSN 0
,,,,,,, x
<<<<<<<
>>>>>> an
o
:

] Huong thy

Lam tir thién
Vi du 3. S6 liéu vé s6 16p hoc tap cap Trung hoc co sé cua 6 tinh, thanh phd khu viee
Dong Nam B tinh dén ngay 30/9/2021 duoc cho trong bantg thong ké sau:

Tinh, Thanh Pho S6 16p hoc
Thanh Pho H6 Chi

Minh 11046
Binh Phuwdce 1891
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Tay Ninh 1678
Binh Duong 3082
Pong Nai 4754
Ba Ria Viing Tau 2105

(Ngudn: Tong cuc thong ké)
a) S0 liéu tir bang thong ké trén duoc bidu dién vao bidu d6 cot sau. Hay tim
cac gid tri cua M, N, P trong biéu do6 do.

Sé1ép A

11892 + M

5946
4754

3964 +

3082
P
1891 T
1982+ N I I
I l ~

~

TP H6 Chi Minh Binh Phede  Tay Ninh  Binh Dwong DéngNai  Ba Ria - Ving Tan Tinh (Thanh Phé)

S6 16p hoc tap cap Trung hoc co sé ctia 6 tinh, Thanh phé khu vec Pong Nam B6
b) SO liéu tir bang thong ké trén dwgc cho vao biéu d6 hinh quat trong nhu
sau. Hay tim cac gia tri cia M, N, P trong biéu do.

TP Ho Chi Minh

7/ Binh Phuoc

1% B33l Tay Ninh

E Binh Duwong

i Dong Nai

M Ba Ria - Viing Tau

S6 16p hoc tap cap Trung hoc co sé caa 6 tinh, Thanh phd khu vec Dong Nam B
c) So sanh y nghia ctia hai loai biéu d6 trén.
Hudng dan giai
a) M=11046, N=1678, P=2105
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NAM HOC: 2024 - 2025

b) Tong hop 16p hoc cap Trung hoc co so ctia 6 tinh, thanh phd khu viec Pong

Nam BO la:

11046 +1891+1678 +3082 + 4754+ 2105 = 24556 (16p)
1678

11046

Suy ra M% =———-100% ~ 45%; N% =————-100% =~ 7%
24556 24556

P%zﬁ-IOO%z9%
24556

c) Biéu do cot cho ta thay su so sanh hon kém vé so 16p hoc cdp trung hoc co
sO cua 6 tinh, thanh phd khu vuc Dong Nam B9. Vi du: Thanh Phd H6 Chi
Minh c6 ddng s6 16p hoc nhat, Tay Ninh c6 it s6 16p hoc nhéat va s6 16p hoc cua
Thanh Phé H6 Chi Minh nhiéu hon s6 16p hoc ctia Tay Ninh la

110461678 =9368 (10p).

Trong khi d9, biéu d6 hinh quat ngoai viéc cho biét sy s6 sanh hon kém vé s6

16p hoc cdp trung hoc co sé ctia 6 tinh, thanh phd khu veec Bong Nam B con

cho biét ta 1é€ phan tram sd hoc sinh 16p hoc cua moi tinh thanh so vdi toan thé

khu vge. Vi du: Thanh phd H6 Chi Minh ¢6 s6 16p hoc nhiéu gap 5 lan s6 16p

hoc ctia Ba Ria-Viing Tau va chiém 45% so véi tdng s6 16p hoc ctua khu vuc

bong Nam Bo.

B. BAI TAP CO BAN

Bai 1: Cho bang thong ké s6 tiét hoc cac ndi dung trong mon Toan cua hai khéi 16p

6 va 8 nhu sau:

S8 va dai Hinh hoc Mot s6 yéu to Hoat dong thuc
Phan o va do thong keé va xac hanh va trai
50 luong xuat nghiém
Khoi 6 68 40 23 15
Khoi 8 60 50 20 10

Hay biéu dién tap dit liéu trén dudi dang:
1) Hai biéu d0 cot.

2) Mot biéu d6 cot kép

Bai 2: Thong ké s& huy chwong bén qudc gia dan dau SEA Games 31 dugc cho

trong bang so liéu sau:

Viét Nam 207 446
Thai Lan 92 332
Indonesia 69 241
Philippines 52 227

Hay chuyén dit liéu trén da cho vao trong bang thdng ké theo mau dwdi day

va vao biéu do cot kép tuon tng.
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Quodc Gia Viét Nam | ThdiLan | Indonesia | Philippines
Huy Ch

Y -Hong 207 ? ? 52
Vang
Tong s6 huy ) . ) )
chuong

) Sb huy chwrong ciia bén qué"c gia dan dau
SO h}}ef churong SEA Games 31
500 T
450 1
400 +
350 ?
300 T
2501 241 ?
200 T <.N><>
150 1
100 T o2 ?

446

?

5 [} £  aad
Ett:i
o
0 >

Viét Nam Thai Lan Indonesia Philippines  Quéc gia

4 = - A -
S0 huy chueong vang - Tong so huy chrong

Bai 3: Két qua hoc tap hoc ki 1 cua hoc sinh 16p 84 va 88 dwgc ghi lai trong bang

sau:

Xép loai hoc tap Tot Kha Dat Chua dat
L(l)?p 8A4 5% 45% 44% 6%
L(l)?p 8B 10% 50% 37% 3%

Lwa chon dang biéu d6 thich hop dé biéu dién bang thong ké trén va tra 10i cac
cau hoi sau:
1) So sanh ti 1é hoc sinh xép loai hoc tap T6t va Chua dat ctia hai 16p 84 va 8B.
2) Téng s6 hoc sinh x&p loai hoc tap Tt va Khé ctia 16p 8B bang bao nhiéu
phan tram tong s6 hoc sinh xé&p loai hoc tap Tot va Kha cua 16p 84.
Bai 4: Mot gido vién day Gido duc thé chat da thong ké thoi gian chay 100m (tinh
theo gidy) cua 20 hoc sinh nam va ghi lai trong bang s6 liéu ban dau nhw sau:

15 14 15 16 14 16 16 15 14 15
15 15 16 15 15 15 14 16 14 15
1) Chuyén dit liéu tir bang s6 liéu ban dau ¢ trén sang dang bang thong ké sau
day:
Thoi gian chay (giay) 14 15 16
S0 hoc sinh ? ? ?




BOI DUGNG NANG LUC TU HOC - TOAN 8

Ti 1€ phan tram ? ? ?

2) Hay chuyén dit liéu tir bang thdng ké ¢ cau 1 sang dang biéu d6 cft va biéu
d6 hinh quat tron sau day:
Bi€u d6 hinh quat tron.

S0 il\oc sinh  Thoi gian chay 100 m cia 20 hoc st Ti 1é phén trim chay 100 m cia 20 hoc sinh

-

12 1

0 — >
14 gidy 15 gidy 16 gidy  Thoi gian

Bai 3. PHAN TICH DU LIEU
Ba Hai da ghi lai s0 trai mit ban dwgc theo tirng thang trong ndm trudc nhuw

bang sau:

Thang 1 (2 (3|4 |56 |7 8|9 10 11|12

SO trai mit ban duwoc 34 125 | 65|75 |124 | 180 | 130 | 50 | 55 | 54 | 65 | 38

Tt bang trén, Ba Hai nhan dinh rang: Hang nam, s§ trdi mit ban duoc vao
thang 6 va thang 7 nhiéu hon cac thang con lai. Nho vay, thang 6 nam nay bai
Hai nhdp mit nhiéu hon va ban duoc nhiéu hon cac ndm qua. Hay thao luan
nhém dé tim hiéu cac lgi ich cua viéc phan tich di liéu thong keé.

I. PHAT HIEN VAN DE QUA PHAN TiCH DU LIEU THONG KE

A. KIEN THUC CAN NHO
Phan tich bang thong ké sau dé€ tim s6 hoc sinh ni va tong sd hoc sinh cua 16p
84.

Thong ké mon thé thao yéu thich ctia hgc sinh 16p 8A (mdi hoc sinh
chon 1 mon)

Moén thé thao Nam N

Bong da 17 4

Boéng chuyén 3 2

Boi 101 2 9

Boéng ro 4 4
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Phan tich dit liéu thong ké gitup ta phat hién cac van dé quan tam

Vi du 1: Phan tich bang thong ké ¢ va cho biét mon thé thao nao ¢ chénh léch nam
nit chon cao nhat.
Hudng dan giai
Phan tich bang thong ké ¢ trén ta thay:

Mbon thé thao Nam N Chénh léch
Béng d4 17 4 13
Boéng chuyeén 3 2 1
Boi 16i 1 7 6
Béng ro 4 4 0

Vay béng da 1a mon thé thao ¢ chénh léch nam nit chon cao nht.

B. BAI TAP CO BAN

Bai 1. Hay phan tich bang thong ké ¢ trén, va cho biét mon thé thao nao ¢ ti 1é sO
hoc sinnh nt* chon so vdi s6 hoc sinh nam chon cao nhat.
Bai 2. Phéan tich biéu d6 thong ké bén dudi va cho biét:

Mén thé thao dwoc yéu thich nhit ciia hoc sinh khéi 8

B Bong da

B Béng chuyén

B Bong ban

B Cau léng 17

1) Mon thé thao duoc yéu thich nhat cua hoc sinh khoi 8 ;
2) Ti 1é hoc sinh yéu thich mon bong da so v6i cac mon thé thao con lai cta
hoc sinh khoi 8.

IL. HUONG DAN GIAI QUYET CAC VAN PE QUA PHAN TiCH BIEU PO
THONG KE

A. KIEN THUC CAN NHO
Thay gido day mon Khoa hoc tu nhién 16p 8C thuc hién gido duc STEM tir

thang 10 va biéu dién diém kiém tra ctia nam hoc sinh can giup do cta 16p
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trong thang 9 va thang 10 dwdi dang biéu d6 nhu bén. Em hay doc biéu do

d6 va so sanh két qua hoc tap cta cac ban trude va sau khi thay gido thuc hién
giao duc STEM. Theo em, thay gido cd nén tiép tuc thuwc hién giao duc STEM
khong? Viéc phan tich bidu d6 théng ké gitip ta nam bat thong tin nhanh

chong, ttr d6 cé nhitng lwa chon hodc ra quyét dinh hop li hon.

| . |
.J“““&" [*| Thang 10
Diém
.
\ 80
LR ree
T2 8
6l (1) 'lnll"‘.‘
v EE R i MER R 5 50 50
0 [X*] iiip e o "M e TEadd
I ——— & | 288 # wE SR (‘|t|' v RS
‘ RHEH R R I R S R Vb aad SRR
| 5 :«nt- : 5 5 8 R B SR8 (e
i TN % & | R i R R Tt AR
X2 EE R4 I e R L ‘ R R IR
[rvichaaf fiichaw]  puindeaf  puniyee] [ ILAS :
Vy Hi Lai Tritimg Nam Tén

Vi du 2. Hay tra 1oi cau hoi trong cho thay cac ban hoc sinh déu cé két qua hoc tap
tién bo hon. Vi vay, co thé thay gido sé quyét dinh sé tiép tuc thyc hién gido
duc STEM trong cac thang ke tiép.

B. BAI TAP CO BAN
Bai 3: SO luong gid trai cay ban duoc trong mua he vira qua cua sdu ctra hang duoc

biéu dien trong bi€éu d6 sau:

Ctra hang SO gio trai cay ban duoc

L. ... B
o xor R | =50 gio tréi cay.
Phii Sa R

Xanh Sach o

| FFFFEFE
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Trong tinh hudng nhing ctra hang ban dwgc dwédi 200 gid trai cay budc phai

déng ctra hoac chuyén sang kinh doanh mat hang khac, em hay cho biét d6 c6
thé la ctra hang nao.

Bai 4: Trong tinh hudng ctia bai 3, ¢6 thém thong tin cho biét nhiing ctra hang ban
duoc tir 500 gio trai cay trd 1én du dinh sé dau twe xay mot nha kho bao quan.

Em hay cho biét d6 cé thé la nhitng ctta hang nao.

C. BAI TAP TU REN
Bai 1. Hay phan tich bang thong ké sau dé tim:

Truimg hoc 26403
trurdmg hoc

Lop hoc 511.6
nghin iop hoe

1) S6 hoc sinh binh quan trén mot gido vién;
2) SO hoc sinh binh quan trong mot 16p.
Bai 2. Quan sat bi€u do ti 1€ phan tram sd xe dap moét cira hang da ban dugc theo

mau son trong thang sau day.

Ti 18 phdn trim sb xe dap bin dugc theo miu som

Theo em, chu ctra hang nén dat thém cho xe dap mau gi?
Bai 3. Doc biéu d6 biéu dién s6 may cay co6 trong ndm xa sau day va tra loi cac cau

hoi bén dudi.
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S6 may cay ciia nim xé

S4 mAy chy

4R

0

32

24

XA A XA B XAC XiD XA E Xa

1) Xa nao c6 nhiéu may cay nhat? Xa nao cd it may cay nhat?
2) Trong tinh hudng xa co trén 20 may cay can ddu tw mot tram bao tri va stta
chita riéng, theo em do la nhitng xa nao?

Bai 4. Mot s6 cong ty san xuat dong ho deo tay quang cdo rang dong ho ctia ho
chong tham nudc. Sau khi co quan kiém dinh chét lwong kiém tra, két qua
dwoc cong bo nhw biéu d6 sau:

Két qua kiém djnh chit lwgng ddng hd

86 lugng

2000 200,0

1600

[773 86 dbug bb dunge kifm tra [] S5 ddng bd bi thim nusc

Tt biéu d6 cot kép trén, hay tinh ti s gitra s6 dong ho bi thadm nwdc va sd
dong h6 dem kiém tra ctia mdi loai dong ho va du doan loai dong hd nao
chong tham nudce tot nhat.

BAI TAP CUOI CHUONG

Bai 1. Em hay dé xuat phwong phap thu thap dé liéu cho cac van dé sau:

1) Y kién ctia hoc sinh vé 3 mau logo ctia tredng em.
2) Ti sO gitra s6 lan xuat hién mat c6 s6 chdm 1a s6 chin va s& 13n xuit hién
mat c6 s6 chdm 1a s& 1é khi gieo mot con xtic xac 20 lan.
3) So sanh dan s ba nudc Déong Duong.
4) Luong mua trung binh 12 thang trong nam cua mot dia phwong.

Bai 2. Bang thong ké sau cho biét su lwa chon cua 100 khach hang mua dién thoai di
dong.

Thuong hi¢u di¢n thoai di dong S6 khéach hang chon

N 38
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S 35
H 15
I 12

Xét tinh hop li cia cac quang cao sau day doi voi nhan hiéu dién thoai I:

1) La sw lwa chon cia moi nguwoi dung dién thoai.

2) La su lwa chon hang dau ctua nguoi dung dién thoai.
Bai 3. Sau khi phéng van tham do y kién ctia 100 ban hoc sinh khoi 8 vé chu truong

"Xin phép mdc dong phuc riéng ctia 16p khi di cam trai", ban Thoa da thu dwoc

bang thong ké sau:

Y kién S6 hoc sinh
Pong y 33
Khong dong y 54
Khong c6 y kién 13

Két luan nao sau day co thé dai dién hop li cho dir liéu thong ké trén:
1) Da s6 hoc sinh khoi 8 dong y.

2) Da s6 hoc sinh khoi 8 khong dong y.
3) Pa s0 hoc sinh khoi 8 khong ¢é y kién.

Bai 4. Lya chon dang biéu d6 thich hop dé biéu dién cac thong tin tir bang thong ké

sau:
Thong ké mon thé thao wa thich nhat cua hoc sinh 16p 8B
Mbobn thé thao S6 hoc sinh chon Ti s6 phan tram
Bong da 20 47%
Boéng chuyén 7 17%
Boi 10i 7 17%
Boéng rd 8 19%

Bai 5. Thoi gian tu hoc tai nha ctia ban Nam trong mot tuan duoc biéu dién trong

biéu d6 cot sau day. Em hay vé biéu d6 doan thang twong tng.
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S8 phat
A

Thé&i gian tu hoc tai nha cia ban Nam
140

120
120
100
100 g5
75 80
80
60
60
45

40
20

0

Thir 2 Thir 3 Thir 4 Thir 5 Thir 6 Thi 7 Chi nhat

Bai 6. Bang s0 liéu sau cung cdp gia vé xe buyt gitta cac dia diém (don vi: dong).

Dia diém I II 1 v \Y

I - 10000 5000 15000 10000
II 10000 - 7000 25000 20000
II1 5000 7000 - 20000 15000
IV 15000 25000 20000 - 10000
\Y 10000 20000 15000 10000 -

Hay phan tich dit liéu ttr bang thong keé trén d€ tra 10i cac cau hoi sau:
1) Trong cac tuyén di tir dia diém IV, tuyén nao cé gia vé thap nhat?
2) Hanh khéch tr dia diém II di dén dia diém nao co gia vé cao nhat?

Bai 7. Biéu d0 sau day biéu dién dit liéu vé hoat ddng trong gio ra choi ctia hoc sinh

7
16p 8A.

S8 hoc sinh Hoat déng trong gi® ra choicta hoc sinh |&p 8A

12 FY
10 10
10
8
3
5
5 5
4

g

2

o

Boc sach On bai Béanh cdu long Da cau Choi c&r vua Nhay day Hoat déng
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1) Hay phan tich di liéu tir biéu d6 trén dé so sanh sd hoc sinh tham gia hoat

dong tai cho (doc sach, 6n bai, choi co vua) va hoat dong van dong (danh cau
16ng, da cau, nhay day) trong gio ra choi.
2) Theo em cac ban 16p 8A nén ting ceong loai hoat dong nao d€ cé lgi cho
stec khoe?
Bai 8. Gia tri (triéu USD) xudt khau ca phé va gao cta Viét Nam trong cac nam 2015,
2018, 2019, 2020 dwoc cho trong bang thong ké sau:

Nam 2015 2018 2019 2020
Ca phe 2671 3536,4 2863,8 2742
Gao 2796,3 3060,2 2806,4 3120

(Nguodn: Tong cuc Thong keé)
1) Lwa chon dang bidu d6 thich hop dé biéu dién bang théng ké trén.

2) Tim cac ndm gia tri xuat khau ca phé vuot gia tri xuat khau gao.

CHUONG 5: HAM SO VA PO THI
Bai 1. KHAI NIEM VE HAM SO
I. KHAI NIEM HAM SO

a) Nhiét do co thé d (°C) ctia bénh nhan theo thoi gian h (gio) trong ngay

duwoc ghi trong bang sau:

h (gio) 7 8 9 10 11 12 13 14 15

d(°C) 3 | 37 | 36 | 37 38 | 37| 3 | 39| 39

Ung vi moi gio em duoc bao nhiéu s chi nhiét d§?

b) Thoi gian t (gio) d€ mot vat chuyén dong déu di hét quang duong 180 km

2 A . 7. A ~ 2 4 A Vs 180
ti 1é nghich véi van toc v(km/h) cua no theo cong thirc: t=—.
A%

b1) Tinh va 1ap bang cac gia tri tuong ting cta t khi v Ian luot bang
10;20;30;60;180 .
b2) Ijng véi moi gid tri cua dai lvong v em tinh dwgc bao nhiéu gia tri

ctua dai lwong t ?
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A.KIEN THUC CAN NHO
Néu dai lwong y phu thudc vao mot dai lwong thay ddi x sao cho véi mébi gia tri

cua x taludn xac dinh duoc duy nhat mot gia tri twong ng cta y thiy duoc goi
la ham sG ctia bién s6 x.
Vi du 1. Hay chi ra cac dai lwong la ham s6 va bién s trong a) va b) o trén.
Hudng dan giai:
Dai lwong d 1a ham s& cua bién s6 h.
Dai lwong t 1a ham s6 ctia bién s v.
Vi du 2. Quang duong di duoc S(km) ctia mot xe may chuyén dong véi van toc
60 km/h dwoc cho bdi cong thitc S=30t, trong doé t (gio) la thoi gian xe may di
chuyén.
a) Tinh va 1ap bang cac gid tri twong tng cua S khi ¢ nhan cac gia tri lan luot
la 1:2:3;4 (gio).

b) Vi mdi gia tri ctia ¢, ta xac dinh duoc bao nhiéu gid tri twong tng ctia S ?
Hu6ng dan giai

a) Véi t=1 thi $=30.(1)=30
Véi t=2 thi $=30.(2)=60

Véi t=3 thi $=30.(3)
Véi t=4 thi $=30.(4)=120

90

Bang gia tri tvong ting

t (gid) 1 2 3 4

S(km) 30 60 90 120

b) V6i moi gia tri cua 7, ta xac dinh duwoc duy nhat moét gia tri twong ting cua

S.

Vi du 3. Cac gia tri twong ttng cta hai dai luong x va y dwoc cho boi cac bang sau.

Dai luong y c6 phai la mét ham sd cua dai lwong x khong?

a)
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y 4 5
b)

X ] ] 2 3

y ) 1 4 6 2

Hudng dan giai

NAM HOC: 2024 - 2025

a) Dai luong y 1a ham s ctia x vi véi moi gid tri cta x(x e{-4-31; 2;3;5}), ta

ludn xac dinh dugc chi mot gia tri trong ttng ctia y.

b) Dai lugng y khong phai la mot ham s6 ctia x vi vdi x=-3 ta xac dinh dwoc

hai gid tri tvong ting ctia y(y=-2 va y=2).

B. BAI TAP CO BAN

Bai 1. Nhiét d¢ T(°C) tai cac thoi diém t (gio) cua Thanh phd H6 Chi Minh vao mot

ngay duoc cho trong bang sau:

T (gio)

0

12

16

T(°C)

23

23

24

26

27

1) Hay cho biét nhiét d6 cia Thanh phé H6 Chi Minh vao thoi diém 12 gio

trea ngay hom do.

2) Véi mdi gid tri cta ¢, ta xac dinh dwoc bao nhiéu gia tri tuong ting ctia T ?

Bai 2. Viét cong thirc tinh thoi gian di chuyén ¢ (gio) cia mot 6 t6 chuyén dong trén
quang duong dai 120 km vdi van toc khong doi v( knmvh ). Thoi gian di chuyén

t c6 phai la mot ham s& ctia van t6c v khong? Tinh gia tri cua t

khiv =40( km/h ).

Bai 3. Mo ta cac dai luong la ham s6

Doanh thu cta ctra hang va bién s6 trong cac mo hinh sau:
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300 ‘ 250

200
150
\ 100
100 ?
\ I
1 2 3

1) Biéu d6 cft chi doanh thu y (triéu dong) cua mot cira hang trong thang x.

4

2) Quang duwong s (km) di duoc trong thoi gian ¢ (gio) cia mot chiéc xe chay
véi téc do khong ddi bang 40 km/h .

3) SO tién y (dong) ngwroi mua phai tra cho x quyén vé co gia 10000
dong/quyeén.

Bai 4: Khi do nhiét d9, ta c6 cong thire doi tir don vi
do6 C (Celsius) sang don vi d6 F (Fahrenheit) it
nhu sau: F=1,8C + 32. Theo em, F c6 phaila 1l
ham s6 theo bién s6 C hay khéng? Giai thich.

Bai 5. Cac gia tri twong ting ctia hai dai lvong x va y duoc cho trong bang sau:

X -6 3 9

y 1 5 10 9 7 5 3 1

Dai luong y cé phai la ham sd cua dai luong x khong? Giai thich.
Hudng dan giai:
Dai luong y khong 1a ham s6 cuia dai luong x vi vdi gia tri cia x=-6 ta xac
dinh dwoc hai gia tri cta y 1a 10 va 3.

Bai 6. Cac gia tri trong ting cuia hai dai luong x va y duoc cho trong bang sau:

X -4 -3 -2 -1 1 2 3 4

y 15 13 14 12 1 2 3 4

Dai luong y ¢ phai la ham s0 cuia dai lwong x khong? Giai thich.

Bai 7. Cac gia tri trong ting ctuia hai dai luong x va y duoc cho trong bang sau:
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Dai luong y cé phai la ham sd cua dai luong x khong? Giai thich.

Bai 2: GIA TRI CUA HAM SO

Cho biét dai lwong y dwoc tinh theo dai lwong xnhw sau: y =2x+3
X 1 2 3 4
y=2x-4 ) 0 2
a) Tinh y khi x=4.

b) Cho xmot gia tri tuy y, tinh gia tri trong tng cta y.

Cach cho mot ham s6
Ham s6 ¢6 thé dugc cho bang bang, biéu d6 hoéc bang cong thic,...
Néu y 1aham s ctia x ta cé thé viet y = f(x), ¥ = g(x),... chang han, voi ham

s0 dwoc cho boi cong thire y =2x+3, ta con cd thé viét y = f(x)=2x+3.

A.KIEN THUC CAN NHO
Choham sd y = f(x), nfutng véi x=a ta cd y = f(a) thi f(a)duoc goi la gia
trictiahamsd y=f(x) tai x=a.

Bang s0 liéu sau day duoc goi 1a mot béng gia tri cia ham s y = f(x)

b

y=s) f(a) f(®) f(e)

Vidul: Chohamso y=f(x)=—4x+5
a) Tinh f(2),f(-4).
b) Lap bang gia tri cia ham s6 xIlan luot b:?mg -3;-2:0;1;3.
Huwdng dan giai
a) Thay x=2va x=-4 vao f(x) taco:
f(2)=—4.(2)+5=-8+5=-3
f(~4)=—4.(-4)+5=16+5=21

b) Cho x Ian luwot bf?mg -3;-2:0;1;3 ta co béng gia tri cia ham sd:

x -3 -2 0 1 3
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y=f(x)=-4x+5 17 13 5 ] —7

B. BAI TAP CO BAN
Bai 1: Cac gia tri twong tng ctia hai dai luong x va y duoc cho trong bang sau:
x -3 —2 -1 1 2 3
y —6 —4 —2 2 4 6
Dai luong y c6 phaila ham s6 cta dai luong xkhong?
Bai 2: Cho ham s6 y = f(x)=x"
1. Tinh f(2); f(-4).

2. Lap bang tri cia ham s véi x lan luot bf?mg -3;-2:-1;0;1;2;3
Bai 3: Cho ham s6: y = f(x) =2x" -3
1) Tinh f(=1); f(-3)
2) Lap bang gia tri cua ham s véi x lan luot b%mg: -2:0;1;2:3
Bai 4: Goi C = f(d) la ham s6 md ta m6i quan hé gitra chu vi C va duong kinh d

ctia mdt duong tron. Tim cong thire f(d) va lap bang gid tri ciia ham s ting
voi d Tan luot béng I; 2; 3;4 ( theo don vi cm).

Luu y: Khi xthay d6i ma yludn nhan mot gia tri oy v 3
A Ao \ < 1> \ M ’ YYYYYYYS®S
khong doi cthi y dwoc goi la ham hang, ki —~ :

hiéu y = f(x) =c.

Vi du 2: Nhiét d0 N ctia mot may ap tring ga duoc
cai dat ludn bang 37,5°C khong thay d6i theo
thoi gian . Em hay viét cong thiic xac dinh
ham s6 N(¢) cia nhiét d6 theo thoi gian.

Hudng dan giai
Vi nhiét do khong d8i va ludn bang 37,5°C véi
moi gid tri ctia bién s8 # nén ta cé hang hang:
N(t) =375

C. BAI TAP TU REN
Bai 1: Cac gia tri trong ttng ctia hai dai lwong xva y dwoc cho trong bang sau:
x 1 2 3 4 5 6 7 8

y 9 9 9 9 9 9 9 9
Dai lwong y c6 phai la ham s6 ct dai lwgng xkhong? Giai thich.

Bai 2: Cac gia tri twong ting cua hai dai lvong xva y dwoc cho trong bang sau:
x =5 -3 -1 0 1 3 5

Y 25 9 1 0 1 9 25
Dai lwong y c6 phai la ham s6 ¢t dai lwgng xkhong? Giai thich.
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NAM HOC: 2024 - 2025

Bai 3: Cac gia tri trong ting cua hai dai lwong xva y dwogc cho trong bang sau:

X

-3

-8

—6

—2

3

-8

—6

9

Y

1

5

10

9

7

5

3

1

Dai luong y c6 phai la ham s6 ctt dai lwong xkhong? Giai thich.

Dai lwong y khong la ham s6 ctia dai lwong x vi vdi gid tri cua x =—6 ta xac

Hudng dan giai

dinh dwoc hai gid tri ciala yla 10va 3

Bai 4: Cac gia tri twvong tng cta hai dai lwong xva y dwoc cho trong bang sau:

X

—4

-3

—2

-1

1

2

3

4

Y

15

13

14

12

1

2

3

4

Dai lwong y c6 phai la ham s6 ¢t dai lwgng xkhong? Giai thich.

Dai lwong y c6 phai la ham s6 ct dai lwgng xkhong? Giai thich.

X

0

4

6

Y

1

3

5

7

7

5

3

1

X

1

2

3

4

5

6

7

8

Y

9

9

9

9

9

9

9

9

Bai 5: Cac gia tri twrong tng cta hai dai lwong xva y dwoc cho trong bang sau:

Bai 6: Cac gia tri trong ting cta hai dai lwong xva y dwoc cho trong bang sau:

Dai lwong y c6 phai la ham s6 ct dai lwgng xkhong? Giai thich.
Bai 7: Cac gia tri twong tng cua hai dai luong xva y duoc cho trong bang sau:
x -5 - - 0 1 3 5

Y 25 9 1 0 1 9 25
Dai luong y c6 phaila ham s6 ct dai lwong xkhong? Giai thich.
Bai 8: Choham s0 y= f(x)=4x

1) Tinh: f(1); f(=2); f5); G}f (_?Sj

2) Lap bang cac gia tri twong tng cta y khi xIlan lwgt nhan cac gia tri:

-3; =2: -1, 0;1; 2; 3

Bai 9: Cho ham s§ y = f(x) =x* ~3y. Tinh: f(=3); £(-2); f(~1;; £(O) f(2); f(4)
Bai 10: Khoi lwong m(g) cia mot thanh sit co khoi lwong riéng 1a 7,8kg / dm’® ti 1é
thuén véi thé tich V (cm’) theo cdng thirc m =7,8V . Dai lwgng m ¢b phai la

ham s6 cua dai lwong 7 khong ?Néu cd, tinh
m(10),m (20),m(30),m(35),m(40),m(50),m(60) .




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 11: Thoi gian ¢ (gi0) cia mot vat chuyén dong déu 204m ti 1€ nghich véi van toc

v(km/ h) ctand theo cong thirc ¢ = @ Tinh va lap bang cdc gia tri trong ting
v

cua ¢ khi vIan luwgt nhan cac gia tri 5;10;20;25;40;80.
Bai 3. TOA PO CUA MOT PIEM VA PO THI HAM SO.

I. TOA PO CUA MOT PIEM
Trén bién c6 mot con tau 6 vi tri A va mot hon dao ¢ vi tri B . Hay mo ta vi tri caa
con tau va vi tri cia hon dao so véi vi tri cua hai truc Ox va Oy.
Trong thuec t&, c6 nhiéu tinh hudng ching ta can phai xac dinh vi tri cua cac diém
trén mat phang.

Y alkm)
Bac | -
3 Lo
S 3 'é.
-3 2 1 O 1 2 3 z'km)
-1
Nam

A.KIEN THUC CAN NHO
Mat phéng toa do

Trén mat phang, ta vé hai truc Ox va Oy vuong géc véi nhau tai gdc O ctia mdi
truc, khi &6 1a co hé truc toa dj Oxy

Cac truc Ox, Oy goi la cac truc toa dj. Ox goi la truc hoanh va thuong dwgc vé nim
ngang, Oy goi 1a truc tung va thuong duoc vé thang ding. Giao diém O duoc goi
la gdc toa dg.

Mat phéng o hé truc toa &6 Oxy goi la mqt phﬁng toa d0 Oxy . Hai truc Ox, Oy chia
mat phzfmg toa d6 Oxy thanh bon gbc, goc phan tw tha L, 11, 111, IV.

Cac don vi dai trén hai truc toa d¢ thuong duoc chon b:?mg nhau (néu khong noi gi
thém).
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N
X
~N

-3 =2 —1 01l

Ir v

Toa d0 cia mot diém trén mat phéng toa do
Ta xac dinh vi tri mdt diém P trong mat ' y
phang toa d6 Oxy bang cach dung hai

s0 thye nhw sau: Tie P vé cac duong b P
vuong goc voi cac truc toa do cit truc
hoanh tai di€ém a va truc tung tai di€ém
b.Khi do cdp s6 (a;b)goi la toa do cua
diém P va ki hiéu P(a;b). S0 agoila
hoanh d6 va s6 b goi la tung d6 cua
diém P.

Chua y: Trén mat phéng toa 0, mdi diém P
xac dinh dung mot cdp sd (a;b).

Vi du 1: Tim toa d0 cua cac diém 4,B,C v

trong hinh bén 3 4

Hudng dan giai . x
Qua 4 ké cac duong thang vudng goc
voi hai truc toa d9, cac dwong nay 3
cit Ox tai 2 diém va cit Oy tai 3 77777777
diém. Ta duoc toa d6 diém A(2;3) €
Tuong ty, ta co: B(5;-3);C(-1;-5)

IL. XAC PINH MOT PIEM TREN MAT PHANG TOA PO KHI BIET TOA PO
CUA NO




BOI DUGNG NANG LUC TU HOC - TOAN 8

Dé xac dinh mot diém P cé toa dd la (a;b), ta
thuce hién cac budc sau:

- Tim trén truc hoanh diém a va vé
duong thang vudng goc véi truc nay tai
diém «a

}’

NAM HOC: 2024 - 2025

Ve

- Tim trén truc tung diém b va vé duong
thang vuong goc véi truc nay tai diém
b

- Giao diém cta hai duong thang vira vé
cho ta diém Pcan tim.

Cht y: Trén mit phang toa d6, mdi cip sd
(a;b) xac dinh mot diém P duy nhat

Vi du 2: Vé mot hé truc toa d6 Oxy va
déanh dau cic diém
M(2;3), N(—4;1),T(0;-1)
Hudéng dan giai

Cac diém M (2;3),N(—4;1),T(0;—1) dwoc xac
dinh trén mat phéng toa d6 Oxy
nhuw hinh sau:

B. BAI TAP CO BAN
Bai 1: Tim toa d0 cta cac diém O,E,F
trong hinh vé bén
Bai 2: Vé mot hé truc toa d6 Oxy va danh c

dau cac diém

A(2;0),B(0;-3),C(3;—4), D(1;3). g

rrrrrrr

Bai 3: Vé mot hé truc toa d6 Oxy va 43 2 -

déanh dau cac diém
E(=3;0),F(0;2), M (2;1), N(3;1)

I1L. PO THI CUA HAM SO

Lam thé& nao dé biéu dién ham s6 y = f(x) trén mit phang toa do?

A. KIEN THUC CAN NHO

Nguoi ta cé thé biéu dién ham s6 y = f(x)médt cach triec quan bang cach vé

cac diém cé toa do (x; y) trong mat phéng tao do.
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D06 thi ctia ham s6 y = f(x) trén mat phéng toa do Oxy la tap hop tat ca cac

diém M (x; f(x)) trong mit phang toa do.
Vi duy 3: V& d6 thi ctia ham s6 y = f(x)cho bang bang sau:
X 10 12 14
y=fx) 10 44 86
Hudng dan giai
D0 thi ham s6 1a tap hop cac diém 6 toa do (10;10),(12;44),(14;86) duoc vé

trén mit phang toa d6 (Hinh a).

A ° A
y y
90 9l
80 i 8
70 7
60 6
50 5
40! 4 b
30 3
20 b 2
10 | 1
X : x
o| 10 20 30 10| 1 2 3
-1
Hinh a) Hinh b)

Vi du 4: Lap bang gia tri cua ham s6 ¢6 do6 thi nhuw hinh b
Hudng dan giai
Ta c6 bang gia tri cia ham s6 da cho nhu sau:
X 1 2 3
y 1 4 9

B. BAI TAP CO BAN
Bai 1: V& d6 thi ctia ham s8 y = f(x) cho bang bang sau:

x | 2 |21 o |1 2
y |2 1 o | -1 | 2
Bai 2: V& d6 thi cia ham s8 y = f(x) cho bang bang sau:
X -2 -1 0 1 2
y 2 1 0 -1 =2
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Bai 3: Cho ham sd y = f(x)cd d6 thi nhuw y
hinh bén. Hay hoan thanh bang gia 4

tri cia ham sd sau day:

X ) 1 0 1 2
y ? ? ? ? ? L N
BAI TAP LUYEN TAP

Bai 1: V& mdt hé truc toa do Oxy va danh dau cac diém 4(-2;0),B(3;0),C(4:0).
1) Em hay nhan xét gi vé cac diém 4,B,C?
2) Em hay cho biét mot diém bat ki trén truc hoanh ¢é tung do béng bao
nhiéu.

Bai 2: V& mét hé truc toa do Oxy va danh ddu cac diém M (0;-2),N(0;1), P(0;4)

1. Em cé nhan xét gi vé cac diém M,N,P?
2. Em hay cho biét mot diém bat ki trén truc tung c6 hoanh d6 b:?mg bao
nhiéu?

Bai 3: V& mot hé truc Oxy va danh dédu cac diém A4(-3;3), B(3;3),C(3;-3), D(-3;3).
Néu nhan xét vé cac canh va cac goc cua t& giac ABCD.
Bai 4: V€ d6 thi ham s6 duwoc cho boéi bang sau:

X -3 -1 0 1 2
Y —6 —2 0 2 4
Bai 5: Trong nhitng diém sau, tim diém thudc d6 thi cia ham sd y = 4x
M (~1;—4) N (1-4) pG;lj
Bai 6: Cho yla ham s ctia bién s6 x. Gia tri tuong tng x, y dwgc cho trong bang
sau:
X —2 -1 0 1 2
y -6 -3 0 3 6

1)Vé hé truc toa d6 Oxy va xac dinh cac diém, biéu dién cac cap gid tri (x;))
twong tng co trong bang trén
2) Em c6 nhan xét gi vé cac diém vira xac dinh trong cau 1.




BOI DUGNG NANG LUC TU HOC - TOAN 8

Bai 7: SO quyén vo xvasd tién y ( v

nghin dong) phai tra ctia ban
Hang, Thing, Long duoc bidu e .
dién Tan lwot boi ba diém T |
H,T,L trong mat phéng toa do

Oxy nhu hinh bén.

1) Tim toa d6 ctaa cac diém »

=N W A
1
1
1
i
4

Q
¥
Wl ___
IS
o

H.T,L B )

2) Hoi ai mua nhiéu quyén

vo nhat?

BAI4:HAM SOBACNHATy=ax+b (a#0)

C6 mot cdi bé da chira sdn nuwde. Nguoi n 3m’ [ h
ta bat dau moé voi nwdce cho chay vao
bé&, moi gio chay dwoc 3m’. Hay tinh:

a)  Luong nudc chay vao bé sau 1 gio
b) Luong nudc chdy vao b€ sau x
gio

c) Lwgng nudc y cb trong b€ sau x
gio 6m

I. HAM SO BAC NHAT

A.KIEN THUC CAN NHO
Trong thyec t& ching ta thuwong gdp cdc md hinh dan dén nhitng ham s& ¢6
dang nhu:y =3x+4;y=-2x+3;y =3x;...
Nhitng ham s nay dwgc goi la ham s6 bac nhat. Vay ham s6 bac nhét co
dang nhu thé nao?
Ham s6 bac nhat 1a ham s duoc cho boi cong thic y =ax+b (a# 0) védi a,b la
cac sO cho trude.
Vidu 1: Tim céc sd bac nhat trong cadc ham sd sau day va chi ra cac hé sd a,bcta
ham s6 d6 ?
y=-3x+Ly=-2x;5=3v+6; P:9,8m+3,l;y=\/§x+\/§;y =3x>+2
Hudng dan giai
Cac ham sO sau la ham s6 bac nhat:
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y=-3x+1voi a=-3;b=1

y=-2x voi a=-2;b=0
s=3v+6v0oi a=3;b=6

y:x/§x+\/§ voi a=+5;b=~2

B. BAI TAP CO BAN
Bai 1: Tim cac ham s& béac nhdt trong cac ham s6 sau day va chi ra cac hé s6 a,b cua
cac ham s6 do:

y=5x—6; y=-2x"; y=-3x+4; y=2x; y=

4.
2

y=3x2—l; y=3v+9; y:32x—15; P=9,8m+10
Bai 2: Mot hinh chir nhat ¢6 cac kich

A o 15 m x
thudce la 9m, 15m. Goi yla chu

vi ctia hinh ch® nhat mai sau

khi tang chiéu dai va chiéu 9m
rong thém x (m). Hay ching to

yla mot ham sd bac nhat theo

bién sO x . Tim cac hé so a,b

cta ham s6 nay.

Bai 3. Mot hinh chir nhat ¢6 cac kich thudcla 8 m va 12 m. Goi y la chu vi ctia hinh
ch* nhat méi sau khi tang chiéu rong thém x (m) va chiéu dai thém 2x (m).
Hay ching to y 1a mot ham s6 bac nhat theo bién sd x. Tim caché sd a, b
ctua ham s6 nay.
12m 2x

8m

IL. BANG GIA TRI CUA HAM SO BAC NHAT

A.KIEN THUC CAN NHO
Lwong nudc y (tinh theo m’) ¢ trong mot bé nuwdc sau x gio moé voi cap
nwdc duoc cho boi ham sd y =2x+6. Tinh lwgng nuwde co trong bé sau 0 gio;
1 gio; 2 gio; 3 gio; 6 gio va hoan thanh bang gia tri sau:

X 0 1 2 3 10
y=/f(x)=2x+6 |2 |2 ? ?
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Dé lap gia tri cia ham s6 bac nhaty =ax+5 ta lan luot cho x nhan cac gia tri

X5 % X5 ... (X Xy, x;; ... tang dan) va tinh cac gia tri twong Gng ctia y roi

ghi vao bang co dang sau:

X X Xy X3

y=ax+b Vi Vs Y3 ?

Vi du 2. Lap bang gia tri ciia cac ham s6 bac nhat y = f(x)=3x-4 va y=g(x)=-2x+5
voi x l‘énlu’otbﬁmg -3;-2;-1;0;1;2; 3.
Hudng dan giai
Bang gia tri cia ham s0 y = f(x) =3x—4:
X 3 ) -1 0 1
y=f(x)=3x-4 -13 ~10 -7 4 -1

Bang gid tri cia ham s y = g(x) =—2x+5:

X -3 -2 -1 0 1 2
y=g(x)=-2x+5 11 9 7 5 3 1
Chu y: Trong bang gid tri cia ham s6 bac nhat y = ax+5, khi gid tri cua x ting dan:

- Néu a >0 thi gid tri cia y tang dan.

- Néu a <0 thi gia tri ca y giam dan.

B. BAI TAP CO BAN
Bai 1. Lap bang gid tri ciia mdi ham s8 bac nhat sau y = f(x)=5x-2va
y=h(x)=-0,4x+6vHi xIan luot béng -3;,-2;-1,0;1;2; 3. Trong mdi bang
vira lap, khi x tang thi y tdng hay gidm?
Bai 2. Mot xe khach khéi hanh tir bén xe Mién Dong téi phia Bac buu dién Thanh
phd H6 Chi Minh dé€ di ra thanh phd Phan Thiét véi toc dd 40 km/h.

-

L -

Buu dign TR.HCM Bén xe Mién Dong méi Thanh phé Phan Thiét

!__-.—-—
1)  Biét rang bén xe Mién Dong méi cach buu dién Thanh phd H6 Chi Minh
24km. Sau x gio, xe khach cach buu dién Thanh phd H6 Chi Minh y km.
Tinh y theo x.
2)  Chting minh rang y 1a mot ham s bac nhat theo bién s8 x .
3) Hoan thanh bang gia tri cia ham s6 ¢ cau 2) va giai thich y nghia cta
bang gia tri nay:
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I1I. PO THI CUA HAM SO BAC NHAT

PO THI CUA HAM SO y=ax (a#0)

A.KIEN THUC CAN NHO
Lam mua x mét day dién va phai tra so tién la y nghin dong. Gia tri twong

ung gitta x va y duwgc cho bdi bang sau:

X 1 2 3 4
Y 2 4 6 8
Hung vé cac diém A(1;2), B(2;4), M(3;6), N(4;8) trén mat phéng toa do Oxy
nhu sau.

Hay dung thudc thang dé kiém tra cdc diém 0, 4, B, M, N c6 thang hang
hay khong.
Nguoi ta chitng minh dwoc rang: D6 thi ctia ham s y=ax (a#0) la mot
duong thang di qua goc toa do6 0(0;0) .
Dé vé d6 thi cia ham sd y = ax, ta thuong thuwc hién cac bude sau:
Budc 1: Xac dinh mot diém M trén d6 thi khac gdc toa d6 O, chéng han M(1;a).
Budc 2: V& duong thang di qua hai diém 0 va M.
Chti y: D6 thi ctia ham s8 y =ax con duoc goi la duong thang y =ax.
Vi du 3. Vé d06 thi ctia cdc ham s0 sau:
a) y=2x b) y= i x
Hudng dan giai
a)Cho x=1tacod y=2.Tavé di€m M(;2)
Db thi ctia ham s§ y=2x la duong thang di qua cac diém 0(0;0) va M(1;2)
(Hinh a).
b) Cho x=4 tacd y=1.Ta vé diém N(4;1)
D6 thi ham s6 y = %x la duong thang di qua cac di€ém 0(0;0) va N(4;1) (Hinh
b).
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L=}

y =2z
/’Lﬂ'
1

[ A ——

Hudng dan giai

NAM HOC: 2024 - 2025

a) Duong thang trong hinh a) di qua cac diém 0(0;0) va 4(-1;3) nén la d6 thi

ctaham s6 y=ax.Cho x=-1tacd y=a(-)=>a=—y nén a=-3 .

Vay do thi ¢ hinh a) 1a d6 thi cia ham s6 y =-3x.
b) Puong thang trong hinh b) di qua cac diém 0(0;0) va B(1;4) nén la &o thj
cuaham s y=ax. Cho x=2tacd y=a nén a=4.

Vay do6 thi 6 hinh b) 1a d6 thi cia ham s6 y = 4x.

B. BAI TAP CO BAN
Bai 1. Vé cac do thi ctia cac ham so:

1

1) y=x; 2)y=-2x; 3)y=5x;

4)y=-3x; 5)y:%x.
Bai 2. Cac d6 thi sau day la d6 thi cia ham s6 nao?

I

2f--4A

]

[a] H x 1

a) b)
PO THIHAM SO y=ax+b (a#0, b=0)

A. KIEN THUC CAN NHO
Bai 3. Chohaiham s6 y= f(x)=-x va y=g(x)=-x+2

c)
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a) Thay ddu ? bang sd thich hop.

b -2 -1 0 1 2
y=/f(x)=—x ? ? ? ? ?
y=/f(x)=—x+2 ? ? ? ? ?

b)  Trén cung mot mat phéng toa d6, vé d6 thi ham sd y = f(x) va biéu dién
cac diém c6 toa do thda man ham s6 y = g(x) co trong bang trén.
¢)  Kiém tra xem cac diém thuoc do thi ham s8 y = g(x) vé & cau b c6 thang
hang khong?
Va c6 quan hé nhu thé nao véi d6 thi ham s y = f(x)?
Ta suy ra tinh chat cua d6 thi ham s6 bac nhat nhw sau:
D6 thi ciaham s6 y=ax+b (a#0, b=0).
Db thi ciaham s8 y=ax+b (a#0, b=0)1a mot duong thang:
- Cat truc tung tai diém c6 tung d6 bang »;
- Song song véi duong thang y=ax.

Céach vé do6 thi ctaham s6 y=ax+b (a#0, b=0)
Ta da biét d6 thi ctia ham s y = ax+b 1a mot duong thang. D& vé d6 thi ham
sO noi trén ta chi can xac dinh dwoc hai diém phan biét tuy y thudc d6 thi roi
vé duong thang di qua hai diém d6.Thong thuong |
ta xac dinh hai diém dac biét la giao diém ctia do thi

véi hai truc toa do.
Budc 1: Cho x=0 thi y=»5, ta duwoc diém A4(0;b) trén Oy.

Cho y=0 thi x=-2, ta duoc diém B(_é;oj trén -

a a HVQ -1 0 1 2 3
Ox . -1

Budc 2: Vé duong thang di qua hai diém 4 va B, ta dugc
d6 thi cia ham s6 y=ax+b.

Chu y: D6 thi cia ham s6 y=ax+b con goi la duong
théng y=ax+b.
Vi du 5. Vé d6 thi ctia cac ham s sau:
a) y=—x+2; b)y=-2x+2.
Hudng dan giai
a) Véiham s6 y = —x+2;
Cho x=0 thi y=2;cho y=0 thi x=2.
D6 thi ctia ham s§ y = —x+2 la duong thang di qua hai diém 4(0;2) va B(2; 0)
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b) Véi ham s y=-2x+2

Cho x=0 thi y=2;

Cho y=0 thi x=1.

Db thi ctia ham s8 y =—2x+2 1a duong thang di qua hai diém P(0;2) va Q(1;0).

B. BAI TAP CO BAN

Bai 4. Mot 10 xo ¢ chiéu dai ban dau khi chwa treo vat nang la 12
cm. Cho biét khi treo thém vao 10 xo mét vat nang 1 kg thi
chiéu dai 10 xo tang thém 3 cm.

1) Tinh chiéu dai y (cm) caa 10 xo theo khéi luwong x
(kg) cta vat.
2)  Vé d6 thihams6 y theo biénso x.
BAI TAP LUYEN TAP

Bai 1. Tim cac ham s6 bac nhat trong cac ham s6 sau day va xac dinh hé s6 a, b caa

ching.

1) y=3x-7. 2)y=-3x+4. 3)y=4-2x. 4)y=-6—x.

5)y=2x"-7. 6)y=-3+x". 7)y=3x. 8)y=-0,5x.

9) y =2x-3. 10)y=2x"-1.  11)y=5-3x. 12) y=(5+Dx-7.
Bai 2. Vi gié tri ndo ctia m thi mbi ham s& sau day 14 ham sd bac nhat?

Dy=(m-2)x+3 2)y=(m-T)x+5.

3)y=(2m+8)x—-3m+1. 4)y=(6m-1)x+4m.

5)y=6-2mx 6) y=3m—1+(2m—5)x.

7)y=(010-5m)x—2m+1. 8)y=(%m—8jx+2.

9)y=(Tm-4)x+2024. 10)y:(%—3mjx+3—m.

Bai 3. Cho ham s6 (D)):y=3x-1; (D,):y=x+3. V& (D)) va (D,) trén cung mat phéng
toa do.
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Bai 4. Cho hai ham s8 y=2x—5 c6 o thi (d,) va y:—%x c6 d6 thi (d,) V& (d,) va

(d,) trén cing mat phang toa do.

Bai 5. Vé do thi cadc ham s6 sau day trén cung mot mat phé’mg toa do: y=2x-1;
y=-x+5.

Bai 6. V& d0 thi cac ham s& sau day trén cing mot mat phang toa dd: y=x; y=x+2;
y==x,y=—x+2.

Bai 7. D€ do6i nhiét do tir d0 F (Fahrenheit) sang d¢ C (Celsius), ta dung cong thiic

C=§(F—32).

1)  C c6 phaila ham s6 bac nhat theo bién s6 F khong?
2) Haytinh C khi F=32 vatinh F khi C=100.

Bai 8. Goi C va r Ian luot 1a chu vi va ban kinh ctia mot dwong tron. Hay ching to
C la mot ham s6 bac nhat theo bién sd ». Tim hé s6 a, b ctia ham s6 nay.

Bai 9. Mot nguoi di bo trén duong thang véi téc d6 v (km/h). Goi s (km) 1a quang
dudng di duoc trong ¢ (gio).

1)  Lap cong thitc tinh s theo ¢.
2)  Vé do thi cia ham s6 s theo bién sd ¢ khi v=4.

Bai 10. Mot xi nghiép may can thanh ly 1500 bo quan 4o. Biét mdi ngay xi nghiép dé
ban duoc 50 bd quan do. Goi x la s6 ngay da ban, y la s6 bd quan ao con lai
sau x ngay ban duoc.

1) Hay lap cong thirc biéu thi y theo x.
2) Xi nghiép can ban trong bao nhiéu ngay thi sé thanh ly hét s6 by quan ao

trén.
Bai 11. D€ d6i nhiét do tir 46 F (Fahrenheit) sang d C (e meraossi [ )
(Celsius), ta dung cong thitc C = S(F -32) | camace [
1) Tinh nhiét &6 C khi biét nhiét d6 F 1a 30°F .
2) Tinh nhiét d6 F khi la biét nhiét d6 C la 20°C. ” e

100
30 :g
20 70
60
10 Nhiét dé s0

0 == 0°C--32°F

nwéce da dang
tan

10

30 20

Bai 12. Nguoi ta thdy ap sudt khi quyén cang lén cao cang giam theo cong thttc:
P= 760—%%1, trong d6 P la ap sudt khi quyén tinh theo don vi mmHg, # la

d6 cao trén muc nee bién tinh bang m. (0< 4 <9120)

1) Em hay xem ¢ Thanh phd H6 Chi Minh 4p suat khi quyén la bao nhiéu?

Biét rang do cao & Thanh phd ngang voi mue nude bién?
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2) DBinh Fansipan duwoc goi la “ndc nha cia Pong Dwong” vi la ngon nui cao
nhit Pong Duong. O day ban An dung ap ké thiiy ngan do duoc ap suét la
497,75 mmHg. Em hay tinh xem dinh Fansipan cao bao nhiéu mét?

Bai 13. Riing ngdp man Can Gio (con goi la riing Sac), trong chién tranh bom dan va
chat ddc hoa hoc da lam noi day tré thanh “vung dat chét”; dugc trong lai tir
nam 1979, nay da trd thanh “1a phoi xanh” cho Thanh phé H6 Chi Minh,
dwgc UNESCO cong nhan 1a khu dy tre sinh quyén cua thé gidi dau tién &
Viét Nam vao ngay 21/01/2000. Dién tich ritng phu xanh duwoc cho béi ham so
S =3,14+0,05¢, trong d6 S tinh béng nghin héc ta, ¢ tinh b.’?mg sO nam ké tir
nam 2000.

1)  Hay tinh dién tich ritng Sac dwoc phu xanh vao nam 2000.
2)  Dién tich ritng Sac dwoc phu xanh dat 4,04 nghin héc-ta vao nam nao?
Bai 14. Dudi nuwdce bién, khi d0 sau tang 1én 10 m thi ap suat nuwdc bién sé tang thém

1 atmosphere (ky hiéu atm). Do d6 ¢ d0 sau d (m) thi ap suat p (atm) tuwong
tng duogc cho boi cong thirc: p = %d +1 vOi 0<d <40.

1) Néu 6 d¢ sau 25 m thi ap suat cua nudc bién la bao nhiéu?

2) Néu ap sudt cua nudc bién la 3,6 atm thi do sau tuwong tng la bao nhiéu?
Bai 15. Khéi lwgng P ctia mot loai mdy bay hang nhe duoc tinh phu thudc vao

leong xang mang theo bdi cong thitc sau: P=ax+5b. Trong do: P la mot ham

sO bac nhat ctia bién so x; va P dwoc tinh béng don vi pound; x la s6 gallon

xang mang theo. Biét rang khdi lwong ctia may bay khi can nhién liéu xang la

2512 pounds, va khi chd 20 gallons xang thi khdi lwong may bay la 2632

pounds. Hay xac dinh hé s6 a va b.
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Bai 16. Mot ctra hang ban giay thé thao nhap mot don hang va ngay dau tién ctra
hang nhanh chéng ban duoc 40 do6i giay. Hom sau mo ctra, ctra hang tiép tuc
ban gidy thé thao; va s§ doi gidy thé thao binh quan mdi ngay ctta hang ban
ra duoc tinh theo cong thirc: G=kx+m va duoc bi€u dién minh hoa boi biéu
d6 bén; trong d6 G la s6 doi giay ctta hang ban dwgc va x la s6 ngay ban.

1) Dwa vao hinh bén, xac dinh hé s6 k& va m.
2) Néu luc dau ctra hang nhap vé 250 do6i giay thé thao thi sau 15 ngay ctra
hang con lai bao nhiéu do6i?

Bai 5. HE SO GOC CUA PUONG THANG

A.KIEN THUC CAN NHO
Khi nao hai duong théng y=ax+b (a#0) va y=a'x+ b' (a'#0) song song véi
nhau, trung nhau, cit nhau?

a) Trong méat phang toa do Oxy, cho duong thang y =ax+b (a #0)cat Ox tai
diém 4 va T 1a mot diém trén duong thang y=ax+b (a#0) c6 tung dd duwong
( Hinh bén).

Ta goi a = x4t 1a gdc tao boi duong thang y =ax+b (a #0)va truc Ox. Hay néu
nhan xét ctia em vé sd do ctia goc @ va hé s a trong hai treong hop dudi
day.
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y=x+2 3
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b) Hay so sanh cac hé s§ a ctia cac dwong thang y =ax+b (a #0) trong mdi
hinh ¢ hinh bén trén va so sanh cac goc a hodc cac géc f# tao bdi cac duwong
thang d6 véi truc Ox.

Ta nhan thay:

-Khi hé s8 @ duong (a>0) thi géc « tao boi dudong thang y=ax+b va truc
Ox 1a géc nhon. Hé s§ a cang 16n thi géc o cang 1én nhung van nho hon 90°.

-Khihé s8 @ am (a<0) thi géc S tao boi duong thang y=ax+b va truc Ox la
gbc ti. Hé s6 a cang 16n thi goc B cang 16n nhung van nhé hon 180°.

Hé s8 a 1a hé s8 gdc ctia duong thang y=ax+b (a #0)
Vi du 1. Tim hé s6 gdc ctia duong thang sau day:
a) y=0,5x. b) y=2x-2024.

C) y:—%x+2025. d) y=-2x+3x+5

Hudng dan giai
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a) Duong thang y=0,5x c6 hé s6 géc a=0,5.

b) Drong thang y=2x-2024 c6 hé s8 géc a=2.
\ g 3 7 AN 7 _3
c) buong thang y = _Zx+2025 cdhé s goc a= R

d) Duong thang y=-2x+3x+5= y=-x+5 cd6 h& s6 géc a=-1.

B. BAI TAP CO BAN
Bai 1. Hay chi ra ba cip duong thang cat nhau va cac cap duong thang song song
véi nhau trong cac duong thang sau:

(dl):y:4x+1. (dz):y:—8x+3. (d3):y:4x—0,5.
(d,): y=—6x+3. (dy):y=3x-7. (dy):y=-Bx+5.

Bai 2. Mot mo t6 va mot 6 t6 khoi hanh cung luc va cung tdc do 40km/ h, mo to bt
dau xudt phat tir M, 6 to bat dau xuat phat tir N va cting di vé phia B.

A 2,5km M 25km N

oy

y =1fx)

y = g(x)
>

1) Viét cong thikc ctia hai ham s6 biéu thi khoang cach tir 4 dén mdi xe sau x
gio.

2) Chitng t6 d6 thi ctia hai ham s6 trén 1a hai duong thang song song.

C. BAI TAP TU REN
Bai 3. Cho ham s bac nhat y =ax+3.

1) Tim hé s8 goc a biét rang d6 thi ham s8 di qua diém 4(-1;4).
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2) Vé d6 thi cia ham s0.

Bai 4. Cho ham s0 bac nhat y=mx+m-3.
1) Tim hé s8 géc m biét rang &6 thi ham s6 di qua diém B(2;3).
2) V& d6 thi cua ham so.

Bai 5. Cho ham s0 bac nhat y = kx -2k -3.
1) Tim hé s8 goc k biét rang d6 thi ham s& di qua diém C(2;-3).
2) Vé d6 thi ciia ham sé.

Bai 6.

1) V& d6 thi cia hai ham s y=-x va y=-x+2 trén cung mot mat phéng toa
do.

2) Dung thudc do géc dé tim goc tao boi hai duong thang y = —x va y=-x+2
vOi truc Ox.

Bai 7. Hay chi ra ba cip duong thang cat nhau va cac cap duong thang song song
véi nhau trong cdc duong thang sau:

(d,):y=0,2x. (d,):y=-2x+3. (d,):y=0,2x-0,5.
(d,):y=-Tx—4. (dy):y=~2x-3. (dy):y=~2x—3.

Bai 8. Tim hé s6 géc & d& hai duong thang y=kx—3 va y=7x-5 song song voi
nhau.

Bai 9. Cho dwong thang: (d): y = x+2025. Hay viét phuong trinh hai dwong thang

song song voi (d).

Bai 10. Cho duong thang: (d):y = —x—2024.. Hay viét phwong trinh hai dwong thang
cat (d).

Bai 11. Mot xe khach khéi hanh tir bén xe phia Nam buu dién thanh phd Da Néng

d€ di vao thanh phé Nha Trang véi toc 40 45km/ h.
TRANG: 169
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1) Cho biét xe cach buu dién thanh phd Da Nang 5km. Sau x gio, xe khach
cdch buu dién thanh phd Da Néng y km. Tinh p theo x.

2) Tim hé s6 gbc ctia duong thang 1a &6 thi ham s6 y & cau 1).

Bai 12. Mot ngudi bat ddu md mot voi nude vao mot cai bé da chiva san 4m’ nudc,
moi gio chay duoc 1m’.

1) Tinh thé tich y(m’) ctia nwdc o6 trong bé sau x gio.
2) V& d6 thi cia ham s@ y theo bién sd x.

BAI TAP CUOI CHUONG
CAU HOI TRAC NGHIEM

Cau 1. Vé mot hé truc toa d6 Oxy va danh dau cac diém A4(1;1), B(4;1), C(2; 1), D(-1;1).

Tk gidc ABCD la hinh gi?
A. Hinh binh hanh. B. Hinh thang can.
C. Hinh vuodng. D. Hinh chit nhat.

Cau 2. Do dai canh 4B cua ti¢ gidc trong cau trén la:

A.3. B. 5. C. 3. D. +5.

Cau 3. Mot nguoi bat dau md mot voi nude vao mot cai bé da chira sdn 2m’® nuwdc,
mdi gid chay duoc 4m’ nude. Thé tich y(m’) ctia nwde b trong bé sau x gio
bang.

A. y=2x+4. B. y=4x+2. C. y=28x. D. y=x+8.

Cau 4. Trong cac diém sau, diém nao thudc do thi cia ham s6 y=6-2x?

A. (2-2). B. (60). C. (0;6). D. (-3;0).

Cau 5. Trong cac diém sau, diém nao thudc do thi cia ham s6 y=-x+47?

A. (-2;2). B. (2;2). C. (-2:6). D. (-4;0).
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Cau 6. Trong cac diém sau, diém nao thudc do thi cia ham s6 y=3x-67?

A. (2,0). B. (4;6). C. (-2;0). D. (-1;-9).

Cau 7. Duong thang song song véi duong thang y =3x va cat truc tung tai diém c6
tung d6 bang 2 1a:

A. y=3x-2. B. y=-3x-2. C. y=3x+2. D. y=6-3(1-x)
Cau 8. Cho hai duong thang y=—%x+2 va y:%x+2. Hai duong thang da cho:

A. Cat nhau tai diém c6 hoanh d@61a 2.  B. Song song véi nhau.
C. Cat nhau tai diém c6 tung do 1a 2. D. Trung nhau.

BAI TAP TU LUAN
Bai 1: Cho ham s6 y=f(x)=3i.
X

1>Tﬁﬁ1fasxfx§xfcsxfx§>

2) Hay tim cac gia tri twong tng ctia ham sd trong bang sau:

1
-3 -2 -1 > 4

=== | 2 ’ ’ ) ) , )
3x

Bai 2: Cho ham s6 y = f(x)=—x"+4. Tinh f(-4); f(=3); /(=2); /(=1); £ (0); S (1);  (2).

Bai 3: Vé mot hé truc toa d0 Oxy va danh dau cac diém 4(-2;0), B(0;4), C(5;4), D(3;0).
T gidc ABCD la hinh gi?

Bai 4: Viét hai ham s6 c6 do thi la dueong thang song song véi d6 thi ham sd
y=-3x+5.
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Bai 5: Mot nguoi di bd véi van tdc khoang 4km/h. Goi s (km) 1a quang duong di
duoc trong t (gio).

1) Lap cong thitc tinh s theo 7.
2) Vé d6 thi ham sd s theo bién so ¢.

Bai 6: Tim m d€ cac ham s bac nhat y =3mx-5 va y=—6x+4 cd do6 thi la nhitng
duong thang song song véi nhau.

Bai 7: Tim & d€ cac ham s6 bac nhdt y=4kx-3 va y =8x-3 c6 d0 thi la nhiing
duong thang triing nhau.

Bai 8: Tim a dé€ cac ham sd bac nhat y=ax—2 va y =5x+1 c6 d6 thi la nhiing duong
thang cat nhau.
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CHUONG 6. PHUONG TRINH
Bai 1. PHUONG TRiINH BAC NHAT MOT AN

A.KIEN THUC CAN NHO
I. Phwong trinh mot an:

Phuong trinh véi an x ¢6 dang A4(x) = B(x), trong dé vé trai A(x) va vé phai

B(x)la hai biéu thirc ctia cung mot bién x.
Vi du: 4x+4=x la phwong trinh véi an x;
3t-5=4(5-1)-7 la phuong trinh véi an .
Nguoi ta thuong dung phuwong trinh khi néi vé viéc tim x, d€ A(x,) = B(x,) .
Gid tri ctia bién lam cho hai v& cia phuong trinh c6 gia tri bang nhau goi la
nghiém ctia phuong trinh dé.

II) Phwong trinh bic nhat mét 4n va cach giai:

Pinh nghia: Phwong trinh ¢6 dang ax+5=0, v4i ava bla hai s6 da chova a =0,
dwoc goi la phuong trinh bac nhat mot an.

Viéc tim cac nghiém ctia mot phwong trinh goi la giai phuwong trinh do.
Cac quy tac bién d6i d€ giai phuong trinh:
a) Chuyén mot hang tir tir v& nay sang vé kia va ddi dau hang ttr 6 (quy tac
chuyén vé).
b) Nhan ca hai v& véi cing mdt s6 khac 0 (quy tic nhan mot s6).
c) Chia ca hai vé& cho cting mot s6 khac 0 (quy tac chia mot s6).
Céch giai phuwong trinh bac nhit mot an:
Phwong trinh ax+b=0 (a #0) dwoc giai nhu sau:

ax+b=0

ax=-b (Chuyén b tir v€ trdi sang v€ phai va d6i ddu thanh -5).
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x==2 (Chia hai v& cho a).
a

Vay phuong trinh c6 nghiém x = - .
a

Vi du: Giai phuong trinh 4x-8=0

Giai:

4x—-8=0=4x=8=>x=2

Vay phuong trinh c6 nghiém x=2.

Cht ¥: Qud trinh giai phwong trinh c6 thé dan dén truong hop déc biét 1a hé s6 cta

dn bang 0 . Khi &6, phurong trinh c6 thé khong cé nghiém (v6 nghiém) hodc

nghiém dung véi moi x.

B. BAI TAP CO BAN

Bai 1. Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh bac nhat mot

an? Xac dinh cac hé sd a va b ctia phuong trinh bac nhat mot an do.

1) 9x+ﬂ=0
9

3) 0¢+8=0

Bai 2. Giai cac phuong trinh sau.

1) 6x-36=0

3) 3x+2x+30=0

5) 5x+9-3x=18+6x—1

Bai 3. Giai cac phwong trinh sau.

1) 8—(x—15)=2(3—2x).

3
2) 2y-5=4
)2y

4) x*+7=0

2) 5-3x=9

4) 2x-5+4x-7=16

6) Lx+loxs2
3743

2) 6x—3(x+2)=5x-4
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3) 7Tx+6=2(x-9)—2

5) 5—(x-6)=4(3-2x)

7) 42x+7)=153x—7)

4) 5(x+2)—8="7(2x—3)

6) 5—3x=2x+4(1-2x)

8) (y+35)(y—5)—-(y-2)"=-5

NAM HOC: 2024 - 2025

Bai 4. Giai cac phuong trinh sau.

1) 5x—3=x+2 2) 9x+5=1_6+3x
4 3 6 8
3) 2x—l+xz5—x_1 4) 4_x+1=5 2x
6 3 3 5
-2 2x- -1 4 4 2
5) X _2x 3:x 8 6) 4x x4 _._2
4 3 6 3 15 5
-1 1 -1 -2 2x- -1
7) X X+ _X 8) X X 3=x 8
2 3 4 4 3 6

e N o« A N A A \ . 1 A . A A, ” 7 e 1 \ 1
Bai 5. Tim x, biét rang néu lay x trir di 5 roi nhan két qua véi —thi duoc —.

Bai 2. GIAI BAI TOAN BANG CACH LAP PHUONG TRiINH
A. KIEN THUC CAN NHO

1. Biéu dién mot dai lwgng béi bi€u thirc chira 4n

Trong thuc t€ doi sdng cling nhu trong toan hoc nhiéu dai luong phu thudc
1An nhau néu ky hiéu mot trong cac dai lwong ay 1a x thi cac dai lwong khac
c6 thé dwoc bidu dién dudi dang mot biéu thie chira bién x.

Vi du: Mot 6 to khéi hanh tie thanh phd 4 dén thanh ph6 B véi van tdc 50 km/h.
Khi tir B quay vé 4 xe chay vdi van t6c 45 km/h. Goi x (km) la chiéu dai
quang duong 4B . Viét biéu thic biéu thi:

a) Thoi gian 6 to di tit 4 dén B.

b) Tong thoi gian 6 to ditr 4 dén Bva tlr B vé 4.
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Hudng dan giai

a) Thoi gian 6 to di tir 4 dén Bla: % (gi0).

b) Téng thoi gian 6 to di tir 4 dén Bvatir B vé 4la: %+%(gib).
2. Giai bai toan b;‘?mg cach lap phuwong trinh bac nhét.

Tém tat cac budc giai bai toan bang cach 1ap phuong trinh:
Budc 1: Lap phuong trinh.

- Chon an s6 va dét diéu kién thich hop cho an sé.

- Biéu dién cac dai leong chura biét theo an va cac dai luong da biét.

- Lap phuong trinh biéu dién mdi quan hé gitta cac dai lwong.
Budc 2: Giai phuong trinh.
Buoc 3: Tra 1oi.

- Kiém tra xem trong cac nghiém ctia phuong trinh, nghiém nao thdéa man
diéu kién cta an, nghiém nao khong.

- Két luan.

B. BAI TAP CO BAN

Bai 1. Mot nhan vién giao hang trong hai ngay da giao duwgc 95 don hang. Biét s&
don hang ngay thtt hai giao dugc nhiéu hon ngay thit nhat 15 don. Tinh s6
don hang nhan vién d6 giao dugc trong ngay thit nhat.

Bai 2. Anh Binh tiéu hao 14 calo cho méi phtt boi va 10 calo cho mdi phut chay bo.
Trong 40 phut vdi hai hoat dong trén, anh Binh da tiéu hao 500 calo. Tinh
thoi gian chay b¢ ctia anh Binh.

Bai 3. Mot ctrta hang ngay thit nhat ban dugc nhiéu hon ngay thit hai 560 kg gao.
Tinh s6 gao ctra hang ban duoc trong ngay thit nhat, biét rang néu ngay thi
nhat ban duoc thém 60 kg gao thi sé gap 1,5 lan ngay thi hai.
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Bai 4. MOt xe tai dittr A dén B véi tdc dd 50 km/h. Khi tir B quay vé A xe chay
voi tdc d6 40 km/h . Thoi gian ca di 1an vé mat 5 gio 24 phit khong ké thoi
gian nghi. Tinh chiéu dai quang duong AB.

Bai 5. Bac Nam gui tiét kiém mot sd tién tai mot ngan hang theo thé thire ki han mot
nam véi i suat 6,2%/nam, tién 1ai sau moi ndm gri tiét kiém sé duwoc nhap
vao tién von dé tinh 1ai cho ndm tiép theo. Sau hai nam gii bac Nam ruat hét
tién vé va nhan duwgc ca von 1an 1ai 1a 225568800 dong. Hoi s6 tién ban dau
bac Nam gui tiét kiém la bao nhiéu?

Bai 6. Tong s6 hoc sinh khoi 8 va khoi 9 ctia mot treong la 580em, trong d6 256em 1a
hoc sinh gioi. Tinh s& hoc sinh mdi khdi, biét rang s6 hoc sinh gioi khdi 8
chiém ti 1é 40% s6 hoc sinh khdi 8, s6 hoc sinh gioi khoi 9 chiém ti 16 48% s6
hoc sinh khoi 9.

Bai 7. Mot lo dung dich chira 12% mudi. Néu pha thém 350 g nwdce vao lo thi duoc

mot dung dich 5% mudi. Tinh khéi lwong dung dich trong lo ltic dau.




BOI DUGNG NANG LUC TU HOC - TOAN 8
CHUONG 7 PINH LI THALES

Bai 1. PINH LI THALES TRONG TAM GIAC

A.KIEN THUC CAN NHO

L. Ti SO HAI POAN THANG
Dé tinh ti s§ ctia hai doan thang, ta phai dua ching vé cing mot don vi do.
Ti s6 ctia hai doan thang khong phu thudc vao don vi do do dai doan thang.

Vidu 1.
a) Cho hai s6 5 va 8. Hay tinh ti s6 gitra hai s6 da cho.
b) Hay do va tinh ti sO gitra hai d¢ dai (theo mm )
ctia hai doan thang AB va CD trong Hinh 1

Vi du 2. Tinh ti s8 ctia hai doan thang AB va CD trong

’ Hinh 1
cac

Hinh 1 treong hop sau:
a) AB=15cm,CD =30 cm
b) AB=150 mm,CD=2 cm.

Huwong dan giai:

AB 15 1
a)Taco: —=—=—
CD 30 2

b) Ta c6: CD=2 cm =20 mm.

AB_150 15

CD 20 2

II. POAN THANG Ti LE
Vi du 3. So sanh ti s& hai doan thang AB va CD véi ti s6 clia hai doan thang
HK va MN trong Hinh 2.
Hai doan th:fmg AB va CD duoc goi la ti I¢ voi hai doan théng HK va MN
néu:
AB HK AB CD
e~ MN "V HK T MN

Tt nay, do dai cac doan théng dwoc coi nhw cung mot don vi do néu khong ndi gi
thém.

Vi du 4. Trong Hinh 2, chitng minh rang hai doan thang

, Ae—e——opR
AB va CD tilé vdi hai doan thang HK va MN.
X ens C D
Huwong dan giai:
, AB 2  HK 4 2 H K
Taco: —==va —=—==.
CD 3 N 6 3 v v

Su raAB—HK

y D MN’ Hinh 2

Vay hai doan théng AB va CD tilé vdi hai doan
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/" N\
/ ; Ne

a) Hinh 5 b)

thing HK va MN.

III. PINH LI THALES TRONG TAM GIAC
Trén mot to gidy ké ca ro cd cac dwong ké ngang song song va cach déu nhau.
a) Vé mot duong thang d cat cac duwong ke ngang cta to gidy nhu trong hinh
5a. Hay so sénh do dai cac doan thang AB,BC,CD va DE.

Vé mot tam gidc ABC rdi vé mot duong thang song

song vdi canh BC va cit hai canh AB,AC [an lwot tai
D,E. Trén canh AB, lay doan AH lam don vi do tinh
ti s6 AD va DB; Trén canh AC 1dy doan AK lam don

vi do tinh ti s6 AK va KC (Hinh 5b ). b £
[ ., . ~AD  AE AH . AK DB . CE /
So sanh cac ti sO va ; va ; va .
AB AC HB KC AB AC B c
Hinh 6

PHAT BIEU DINH LI THALES
Néu mot duong thang song song véi mot canh ctia tam giac va cat hai canh
con lai thi né dinh ra trén hai canh d6 cdc doan thang twong g ti 18.

GT| AABC,DE//BC(DeAB;E € AC)

AD _AE AD _AE BD _EC
AB AC’'DB EC AB AC

Vi du. Tinh d¢ dai x trong Hinh 7, cho biét 4
MN//BC.
Hudng dan giai: 2 8
Xét AABC, ta co: o ~
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MN //BC(gt)
M € AB; N € AC(gt)

MB_NC
MA NA
x 4 124

=>—=—=x 6
12 8 8

PHAT BIEU HE QUA DINH LI THALES
Né&u mot duwong thang cat hai canh ctia mot

tam gidc va song song voi canh thit ba thi
tao ra mot tam gidc moi c6 ba canh twong /\
tng ti 1€ voi ba canh ctia tam gidc da cho D E
GT AABC,DE//BC(D e AB;E € AC) 10 5
AD AE DE
AB AC BC
Vi du. Hay tinh DE trong Hinh 8 . Cho biét Hinh 8 ‘
BC//DE.
Huwong dan giai:
Trong AABC, ta co BC//DE (gt)
Theo hé qua dinh li Thales ta co:
AD DE 4 5
AB BC 14 BC

Vay BC:#:H,S

Cht y: Hé qua cta dinh Ii Thalés van dtng cho truong hop duong thang a song
song voi mot canh ctia tam gidc va cit phéan kéo dai cta hai canh con lai.

w

Hinh 9

(Hinh 9)

PHAT BIEU PINH Li THALES PAO
Néu mot duong théng cit hai canh ctia mot tam gidc va dinh ra trén hai canh
&y nhung doan thang twong tng ti 18 thi duong thang d6 song song véi canh

con lai ctia tam gidc.
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GT AABC,DEAB;EEAC;£=£
DB EC

KL DE//BC.

Vi du. Quan sat Hinh 10. Chttng minh: DE//BC va EF//AB.
Huwong dan giai:
., AD 3 1 . AE 5 1
Taco: —===—va —="=—= =—.
DB 6 2 EC 10 2 DB EC
Xét AABC, ta co:
DeAB;E e AC(gt)
AD AE
— =—(cmt)
DB EC

AD _AE

= DE//AB Tuong tu ta cing co %:% Suy ra EF//AB.

B. BAI TAP CO BAN

Bai 1. Quan sat hinh bén, chitng minh: E E'
1) DE va EF tilée véi DE 'va E 'F.
2) DFvaD'F'tilévéi DE va D'E .

Bai 2. Hay tim cac doan théng ti 1 trong hinh vé so &6 mot

gbc cong vien o hinh bén:

Bai 3. Hay do chiéu dai va chiéu rong cai ban hoc cua em va tinh ti s6 hai kich thudc
nay.
1)  Quéng duong tit Thanh phd H6 Chi Minh di My Tho la 70 km, quang
duong tit Thanh phd H6 Chi Minh di Ca Mau la 350 km. Tinh ti s6 gitta hai
quang duong nay.

2)  Chobidt MN_2 \N=18 em. Hay tinh
HK 4

HK.

Bai 4. Cho tam giac ABC ¢6
AB=6 cm,AC=8 cm,BC=10 cm (Hinh bén). Lay
diém D trén 4B sao cho AD=2cm.Qua D vé
duong thang song song véi BC cat AC tai E.

C
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NAM HOC: 2024 - 2025

1) Tinh AE.
2)  Qua E vé duong thang song song véi AB va cat BC tai F. Tinh BF,DE.
3)  Tinh va so sanh céc ti so: A—D,ﬁ,%.

AB AC BC

Bai 5. Tim x trong hinh bén dudi

F
x 8 10
x 7 J
D E 85 x 10

20 L q

5/ 6
v
B C G H M
a) b)

o

Bai 6. Vi s6 liéu dugc ghi trén hinh bén. Hay tinh khoang cach CD tir con tau dén

tram quan tric dat tai diém C.

7.2/ .2
/f! \\
/ .
D/ N E
48 / “6
!J/ \\\\\
"/ .
B C
Bai 8. Tinh cac d¢ dai x,y trong hinh bén duwdi.
A
F o
6
D X E X
3 I 7,2 J
14 6,4 \?’6
B C G H
a) b)

c)
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Bai 9. Quan sat hinh bén dwdi, chi ra cdc cip duong thang song song va chiing minh

diéu ay.
4
IaN
%j “\ 4 / \
s N / O\ 6
D/ \E VAR .- K
/ /
/ \ 10/ / \
o 5\ // Al
;?‘ \ // \
/ AN /f'
B F ' ¢ H 4y 20 I
a) b)

Bai 10. Cho hinh thang ABCD(AB//CD) c6 hai duong chéo AC va BD cit nhau tai

O. Ching minh: 04.0D =0B.OC
Bai 11. Cho hinh thang ABCD(AB//CD). Dudng thang song song véi AB cat
AD,BD,AC va BC theo tht tu tai cac diem M,N,P,Q. Chttng minh: MN =PQ.
a-h

Bai 12. Quan sat hinh bén va chttng minh x =

PINH LI THALES THUAN

Bai 1. Cho tam giac ACE nhon. Trén doan AC ldy diém B, trén doan AE 13y diém
D sao cho BD//CE. Biét AB=5cm,BC=6 cm,AD=7,5 cm. Tinh DE.

Bai 2. Cho tam giac ABC trén doan AB lay diém D, trén doan AC 14y diém E sao
cho DE//BC. Biét AD=2,5 cm,AE=5 cm,AC= 8 cm. Tinh AB.

Bai 3. Cho tam giac AMN trén doan AM 13y diém E, trén doan AN ldy diém F sao
cho EF//MN. Biét EM =3 cm,AF=6 cm,FN= 9 cm. Tinh AN,AM..

Bai 4. Cho tam giac ABC trén doan AB 1dy diém K, trén doan BC 14y diém Q sao
cho KQ//AC. Biét BK =4,5 cm,KA= 2,5 cm,BQ= 13,5 cm. Tinh BC.

Bai 5. Cho tam giac ABC c6 MN//BC. Biét AM =4 cm,AN=5 cm,NC= 3,5 cm. Tinh
MB ?

Bai 6. Cho tam giac AEF c6 PQ//EF, biét DF =24 cm,QF =15 cm,DP =6,3 cm . Tinh PE

Bai 7. Cho tam giac MNK trén doan MN 14y diém E, trén doan NK 1ay diém F sao

cho EF//MK . Biét NE=5 cm,MN=7,5 cm,FK= 2 cm. Tinh NF.
TRANG: 183
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Bai 8. Cho tam giac ABC. Trén doan AB lay diém K, trén doan AC 1dy diém H sao
cho KH//BC. Biét AC=18 cm,HC=12 cm,AK= 3 cm. Tinh AB.

Bai 9. Cho tam giac DEF nhon, DE<DF. Lay M thudc canh DE,N thu{c canh DF
sao cho MN//EF. Cho biét DM =3 cm;DE =4 cm .
1)  Tinh d6 dai doan thang ME.

2)  Tinhtisg ME ME
DE DM
3) Tinhtis§ o NE
DF DN

Bai 10. Cho tam giac DEF nhon, DE <DF. Lay K thudc canh DE, I thudc canh DF

sao cho KI song song vdi canh EF. Cho DK =2 cm,KE=2 cm,DI=4 cm.

1)  Tinhtisg 22
KE

2)  TinhIF

Bai 11. Cho x4y nhon, trén canh 4x 14y B va C sao cho B nam giita 4 va C.Trén
canh Ay 1ay hai diém D va E sao cho BD//CE. Tt E vé duong thang song
song véi DC cat tia Ax o F. Chiing minh:

1) AD_AB

AE AC
2) AC’=AB-AF.

Bai 12. Cho tam gidc ABC c6 AB=4cm.Diém D trén canh AB sao cho AD=3 cm.
Lay diém E trén canh AC sao cho DE//BC. Gia st AE+AC =14 cm. Tinh ti s0
gitta AE va AC roi tinh d¢ dai cua AE,AC,EC.

Bai 13. Cho tam gidc ABC c6 AB=5cm.Diém D trén canh AB sao cho DB=1,5cm.
Lay diém E trén canh AC sao cho DE//BC. Gia st AE+AC =13 cm. Tinh ti s0
gitta AC va EC ro6i tinh AC, EC, AE.

Bai 14. Cho tam gidc ADE ¢ AD =5 cm.Kéo dai 4D thém mot doan DB=3 cm. T
B ké tia song song véi DE va cat tia AE tai C.Gid sit AE~EC =3 cm. Tinh
AE.EC va AC.

Bai 15. Cho tam giac ABC c6 AB=6 cm.Diém D trén canh AB sao cho AD=4 cm.
Lay diém E trén canh AC sao cho DE//BC. Gia st AE—EC =3 cm. Tinh ti s§
gitta AE va EC ro6i tinh AE,EC va AC.

Bai 16. Cho tam giac ABC.Diém D trén canh 4B sao cho AD=2DB.Lay diém E
trén canh AC sao cho DE//BC. Gid st AE+AC =15 cm. Tinh ti s6 gitta AE va
AC 10i tinh AE, AC,EC.

Bai 17. Cho tam giac ABC. Diém D trén canh AB sao cho 3AD =2DB. L4y diém E
trén canh AC sao cho DE//BC. Gid st AC+EC=16 cm. Tinh AC,EC va AE.
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Bai 18. Cho doan thang AB=5 cm chita di€m O sao cho OA =3 cm . Puodng thang xy
qua O.Lay diém C trén tia Ox va D trén tia Oy sao cho AC//BD. Gia st
OC-O0D=1,5cm. Tinh ti s6 gitta OC va OD r6i tinh OC,0D va CD.

Bai 19. Cho hinh thang 4BCD(4B//CD).Lay I trén canh 4D va K trén canh BC
sao cho IK//AB. Ching minh: % = % (Goiy: ndi BD catIK tai E roi dung
dinh ly Thales trong hai tam gidc).

Bai 20. Cho tam gidc ABC c6 hai dwong duong trung tuyén BD va CE cat nhau 6
trong tam G. LAy diém M,N thuoc doan thang BC sao cho GM//AB,GN//AC.
Tinh 2M NC 155 chitng minh: BM=MN =NC.

BC BC

Bai 21. Cho 2ABC. Duong thang song song véi BC cat AC ¢ E va duong thang keé
tlr C song song voi AB cat duong thang triede tai F. BF cat AC tai S. Chiing
minh: SC* =SE-SA .

Bai 22. Cho tam giac CAB va diém P trén canh AC sao cho PC=3PA. Tk P ké
duong thang song song véi 4B cat CB & Q. Tt B ké tia song song voi AC cat

PQ tai R.TisoO % b.%mg ti sO nao trén canh BC ? Tinh %

Bai 23. Cho tam gidc ABC. Tt diém D trén canh BC, ké cdc duong thang song song

v0i cac canh 4B va AC, chung cit cac canh AC va 4B theothttu tai F va E
. Chttng minh: AE AR
AB AC

Bai 24. Cho tam giac ABC. Lay diém I trén canh AB. L4y diém K trén canh AC va

diém D trén canh BC sao cho IK//BC va ID//AC. Chiing minh: g—g+%=l.

CA
Bai 25. Cho tam gidc ABC vudng can & A c6 hai duong trung tuyén BM va AH cat
nhau & G. KEAE L BM o E va cat BC tai F. Diém G la gi d8i v6i aABC va
2ABF ? Chttng minh: FB=2FC.
Bai 26. Cho tam gidc 4BC c6 diém O bén trong. 4O cat BC tai 4,BO cat CA tai B,
va CO cat AB tai C,. K& OD//AB(D eBC)va OE//AC(E € BC). Chting minh:
DA, EA DE

1) A=
BA, CA BC

2 04 0B OC_
A4, BB, CC,

3 A0 BO cO_,

AA, BB, CC,
Bai 27. Cho tam gidc 4ABC c6 D thudc canh 4B,E thudc canh 4AC sao cho DE//BC.
Ttr dinh ly Thales thuan, hay chitng minh hé qua I : cdc canh cta AADE
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tuong tng ti 1€ vdi cac canh cia AABC, nghia la AD_AE _DE Chtng minh
AB AC BC

két qua tong tu khi D va E nam trén tia d6i ctia tia AB, tia d&i ctia tia AC

(Goiy: 1dy F thudc duong thang BC sao cho EF//AB ).

HE QUA PINH LI THALES.

Bai 1. Cho tam gidc ABC ¢6 M thudc canh AB. Tl M vé duong thang song song
v6éi BC va cit canh AC tai N. Tt N vé duong théng song song voi AB va
cit canh BC tai K .

AN

AC

2) Tk gidc MNKB la hinh gi

3) Chiing minh 4 _ AN _ MN

AB AC BC

Bai 2. Cho tam gidc 4BC. Trén tia d6i ctia tia AC 1dy diém P, tit P vé duong thang

1) So sanh AM va
AB

song song véi BC va cat duong thang 4B tai Q. Tir Q vé duong thang song
song véi AC va cat duong thang BC tai D.

2). Tt gidc PODC 1a hinh gi

h AQ PO AP
AB  BC AC
* Sau khi hoc sinh lam xong 2 bai trén thi gido vién giang bai h¢ qua cua dinh I thales

3) Chttng min

r6i cho hoc sinh viét lai cich trinh bay cua hé qua vao vo bai tdp lop
Bai 3. Cho tam giac ABC c6 AB=6cm, AC=5cm.Trén AB, AC lan luwgtlay D, E

sao cho AD =2cm, AE = gcm .

1) Tinh céc ti s6 Q, ﬂ
AB  AC
2) Qua D vé duong thang song song véi BC cat AC tai F. Tinh AF
3) So sanh AF va AE.
4) Hay nhan xét vé vi tri caa F,E, vi tri ctia hai duong théng DE vaDF

Bai 4. Vi s6 liéu do dac ghi trén hinh bén. Hay tinh bé rdng CD ctia con kénh.

3m

Bai 5. Vé x4y nhon. Lay diém B va D thudc tia Ax sao cho AB=5cm, AD =2cm.
Lay C thudc 4y sao cho BC =7,5cm.Ké DE [/ BC (E thudc doan AC).

Tinh DE.
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Bai 6. Cho tam giac ABC c6 AB=12cm. Trén canh 4B 1ay diém D sao cho

DH
BD=4cm.Ké DH va BK cung vudng goc voi AC tai H va K. Tinh 3K

Bai 7. Cho tam giac MNP . Trén canh MN lay diém K sao cho MN =5NK . Qua K
ké duong thang song song véi NP cat MP & T . Gia sit NP =20cm. Tinh KT |

Bai 8. Cho tam giac MBC. Trén canh MB c6 diém A4 sao cho MA=2A4B.Qua A4 ké
duong thang song song véi BC cat MC & D.Gia st AD =18cm. Tinh BC .

Bai 9. Cho tam giac ABC. Trén canh AB c61ay diém D sao cho DB=34D.Qua D
ké duong thang song song v6i BC cat AC & E . Gia st BC=40cm. Tinh DE.

Bai 10. Cho tam giac ABC c6 DE [/ BC.Biét BC =7,5¢cm,DE =3cm,AD =2cm . Tinh
DB?

Bai 11. Cho tam giac 4BC. Trén canh AB c6 1ay diém E sao cho 2AE =3EB . Qua
E ké duong thang song song véi BC cat AC & F.Gia st BC=15cm. Tinh
EF.

Bai 12. Cho tam gidc ABC vudng tai 4 c6 AB=15cm,AC =20cm . Trén hai canh 4B

v AC 1an luot 14y hai diém M va N sao cho AM =4BM va CN = %AN.

1) Chiing minh MN // BC 2) Tinh d6 dai MN
Bai 13. Cho hai tia 4x va By c0 dinh, song song va cung chiéu. Diém M di dong

trén tia Ax va diém N di dong trén tia By sao cho % = % Chttng minh:

duong théng MN di qua mot diém c6 dinh (Goi y: Diém c6 dinh la giao diém
cua MN véi AB)

Bai 14. Cho tam giac ABC.Diém M trén canh BC sao cho MB=2MC .Diém N
trén canh AC sao cho CA=3CN.

1) Ching minh: 4B =3MN
2) AM cat BN tai G.Chting minh: GA=3GM .

Bai 15. Cho tam giac ABC c6 D, E Tan lugt thudc canh 4B, AC sao cho DE // BC.
Trung tuyén AM ctia tam giac ABC cat DE & N.Chtng minh: N 1a trung
diém cua DE.

Bai 16. Cho tam giac ABC c6 trung tuyén AM , MD la duong phan giac trong cta
AMAB . Tt D ké duong thang song song véi BC cat AM va AC Tan luot tai
N vaFE.

1) MN la duwong gi caia ADME ?
2) AMND, AMNE, AMDE la cac tam giac gi ?
3) Chting minh: MD la duwong phan giac cia AAMC.
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Bai 17. Cho tam giac 4BC nhon, cac duong cao 4D, CF citnhau tai H.Vé

DI Bl
DN 1 A4B tai N.Goi [ 1a giao diém cua BH va DN . Chtng minh —=—
CH BH
5 DI _CH
NI FH'

Bai 18. Cho hinh thang ABCD (4B // CD) c6 AC cat BD tai O.Goi M la trung
diém ctia CD. MO cit AB tai K . Ap dung hé qua ctia dinh li Thales trong
AOMC va AOMD, hay cho biét ti s6 g_AIfI bang v6i nhitng ti s8 nao trén hai
day hinh thang? Diém K c6 gi ddc biét? Vi sao?

Bai 19. Cho hinh thang ABCD (4B // CD) va AB<CD). AC cat BD tai O, BC cét
AD tai I, M va K Tan lwot la trung diém cua CD va 4B.

1) Chitng minh duong thang MO di qua K.
2) Chtng minh MI cting di qua K.
3) C6 nhan xét gi vé bon diém 1, K, M, O.
Bai 20. Cho hinh thoi AEDF c6 chiéu dai canh 1a x. Duong thang qua D cat AF

kéo dai tai B, cit AE kéo dai tai C. Chitng minh: 2< >

=— . Tinh x néu
AC AB

AB=10cm, AC =15cm.

DINH LI THALES DAO.
Bai 1. Hay chi ra cac cdp duong thang song song v6i nhau trong moi hinh bén day.

Z |
l‘."\
Z\\\;
— Y
\ 4 8
\
\ | / N
P

12

Bai 2. Cho diém C thudc doan 4B sao cho B _ l Tinh Ac, B—C?.
AC 2 AB’ AB
Bai 3. Cho diém E thudc doan KN sao cho 3EN =2EK . Tinh % ﬂQ
KN’ KN

Bai 4. Cho diém 4 thudc doan MN sao cho AM = ;MN Tinh % A—M

AN
Bai 5. Cho x4y nhon. Trén Ax c¢6 AB="7,5¢cm, AD =5cm. Trén tia Ay cb

AE =2cm, EC =1cm.(E nam gitta 4 va C). Tinh j—i va chitng minh: DE //

BC
Bai 6. Cho tam giac 4BC nhon (AB < AC ), trén canh AB 1dy diém D sao cho

AD =1cm, BD =3cm; trén canh AC 1dy E sao cho AE =2cm, EC = 6cm.
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1) Chiing minh: AD = ﬂ 2) Chttng minh: DE // BC'.
BD CE

Bai 7. Cho tam giac DEF nhon (DE < DF ), trén canh DE 1dy diém M sao cho

DM =2cm, DE =5cm; trén canh DF 1ay N sao cho DN =6cm, DF =15cm.
1) Chttng minh: DM _ DN 2) Chting minh: MN // EF'.
DE DF

Bai 8. Cho tam gidc MNP nhon (MN < MP), trén canh MN 1dy diém K sao cho

MN =5cm, KN =3cm; trén canh MP 1dy I sao cho MP =15cm, IP =9cm.
1) Chiing minh: @ = @ 2) Chttng minh: KI // NP
KN IP

Bai 9. Cho tam gidc KIJ nhon (KI < KJ), trén canh KI 1ay diém M sao cho

AM_ i, trén canh KJ 1dy N sao cho KN =0,25cm, NJ =1cm.

M

1) Chitng minh: 25 _ VK 2) Chting minh: MN // 1J
MI . NJ

Bai 10. Cho tam giac ABC c6 AB=6cm, AC =12cm. Trén canh AB, AC lan luot 1ay
diém M,N sao cho AM =4cm, AN =8cm . Chtiing minh MN // BC
Bai 11. Cho tam gidc 4BC nhon (4B < AC), trén hai canh 4B va AC lan luot lay

hai diém M,N sao cho BM =2AM, AN = %CN. Chting minh MN // BC

Bai 12. Cho xBy <90°. Trén Bx c6 hai difm 4,D (4 ndm gitta B va D) sao cho
DB 3

DA =%. Trén By c6 hai diém C,E (C nam giita B va E) sao cho CB =g ke

Tinh % va chteng minh AC // DE.

Bai 13. Cho t& gidc ABCD. Qua diém E trén canh 4D ké duong thang song song
véi DC vacat AC 0 G.Qua G ké duong thang song song véi CB va cat 4B
o H.
1) Tiso % bang nhiing ti s8 nao? 2) Chting minh HE // BD

Bai 14. Cho t& gidc ABCD ¢6 A=C=90°. T diém M trén BD,ké ME 1L AD ¢ E,
MF 1 CD ¢ F.Ching minh: EF /| AC
1) Cho tam giac ABC nhon, c6 AM la duong trung tuyén. O la diém bat ki
thudc doan AM . Trén tia d6i cua tia MA 1dy diém K sao cho MK = MO . Goi
E la giao diém ctia BO va AC.Goi F la giao diém cua CO va 4B. Ching
minh: t& gidc BOCK la hinh binh hanh.
2) Chttng minh: AF = 40 .

AB  AK

3) Chiing minh: EF // BC
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4) Cho tam giac 4BC nhon, c6 40 la duong trung tuyén. T la di€m bat ki

thudc tia d6i ctia tia OA4. Trén tia d6i cuia tia OT 1ay di€ém K sao cho
OK =0T . Goi N la giao diém cua BT va AC.Goi M la giao diém cua CT va
AB . Chttng minh: t&t gidc BKCT la hinh binh hanh.

5) Ching minh: AC_ &
AN AT

6) Chitng minh: BC // MN .
Bai 15. Cho tam giac 4BC nhon, c6 AD,BE va CF la ba dwong cao cit nhau tai H .

Vé DK 1 AB tai K, DN L AC tai N.

1) Chttng minh: Ar_ ﬁ 2) Chttng minh: EF // KN .
AK 4D

Bai 16. Cho t& gidc ABCD. Lay diém [ trén canh 4D sao cho Al =2ID.Lay diém
K trén canh BC sao cho BC =3BK . Lay diéem M trén canh CD sao cho IM
/I AC . Chtng minh: MK // BD.

Bai 17. Cho diém O thudc mién trong ctia AABC . Goi D,E,F lan luot thuoc doan

théng OA,0B,OC sao cho DE /| AB, DF || AC.Tiso g—j be\”mg nhiing ti s6

nao? Chitng minh: EF // BC.
Bai 18. Cho tam gidc 4BC c6 ba goc nhon, cé ba duong cao 4D, BE va CF cat nhau
tai H.Goi M,N,K lan lwot 1a hinh chiéu cta D 1én AB,AC va BE
1) Chtmg minh: X~ — A7 o8 £F 1y v
AM  AD

2) Chimg minh: 22~ 8D o5 vk jy EF.
BF BC

3) Chting minh: M,K,N thang hang.

Bai 2. PUONG TRUNG BINH CUA MOT TAM GIAC

A.KIEN THUC CAN NHO
Dinh nghia: Duong trung binh ctia tam giac la doan thang ndi trung diém hai canh

cla tam giac.

Tinh chat: Duong trung binh ctia tam gidc thi song song véi canh thit ba va bang
ntra canh ay

Cht y: Duong thang di qua trung diém mot canh ctia tam gidc va song song voi
canh thit hai thi di qua trung diém canh thi ba.

Vi du 1: Trong hinh bén, tim cac duong trung binh ciia A4BC
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¥ 4
D E
t \ \/ AL
- e e -
P C

Huo6ng dan giai:

Vi D,E Tan luot 1a trung diém cua 4B va AC nén DE la duong trung binh
ctia A4ABC . Tuong tw, ta cing c6 DF,EF la cac dwong trung binh cia AABC
Vi du 2. Trong hinh 6, cho biét BC =24cm.

a) Chttng minh HK // MN .

b) Tinh d6 dai MN va HK .

Hudng dan giai
a) Xét AABC ta co:
H la trung diém ctia AC (gt)
K la trung diém ctia 4B (gt)
= HK la duong trung binh A4BC.

1
= HK |/ BC va HK =—BC (1)

Tuwong tw MN la duong trung binh ABCD
Suy ra MN /[ BC va MN = %BC (2)
Tt (1) va (2) suy ra HK /| MN
b) Ta c6 HK = MN = %BC = %.24 =12(cm)
B. BAI TAP CO BAN
Bai 1. Cho tam gidc 4BC, vé& duong thang d di qua trung diém D ctia canh 4B,
song song véi canh BC va cat AC tai E.Chting minh E 1a trung diém ctia
AC B C
Bai 2. Tim d6 dai doan thang BC trong hinh bén 10
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Bai 4. Cho M, N lan luot la trung diém caa hai canh 4B va AC ctia AABC
AM AN

1) Tinh cac ti s6 —,— 2) Chtng minh: MN // BC
AB  AC

3) Chttng minh MN = 1

BC 2

Bai 5. Trong hinh bén cho biét 4B =10cm, DE =6,5¢cm,EC =3,7cm . Tinh
AD,EF,DF ,BC
D )\ E
H
. t v # c

Bai 6. Cho DE la duong trung binh ctia mdi tam gidc 4ABC trong hinh bén dudi.
hay tinh gid tri x trong mdi hinh

o B 21
N x+1 2x-3
D \f\ D D fad c
6 . : /
g 3 S € : A
a) b) )
Bai 7. Cho biét moi canh 6 vudng bang 2cm . Tinh d6 dai cac canh ctia AABC va

ADEF

Bai 8. Cho hinh thang ABCD (AB // CD) c¢6 E va F Tan luot la trung diém cua AD
va BC.Goi H la giao diém cta AF va DC.
1) Chitng minh A4ABF = AKCF 2) Chting minh EF // CD //
AB

3) Chitng minh EF = M

Bai 9. Cho tam giac 4BC nhon cé D,E,F lan
lwot 1a trung diém cua 4B,BC,CA.Ké AH
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la dwong cao. Chitng minh DHFE la hinh thang can
Bai 10. MOt mai nha duoc vé lai nhw hinh bén.

Tinh d6 dai x trong hinh mai nha

C. BAI TAP TU REN

Bai 1. Cho tam giac ABC ¢6 AE,BF,CK la ba duong trung tuyén. goi / 1a trung
diém cua AE.

1) Chiing minh: K/ va KF cung song song véi BC .
2) Chting minh K,/,F thang hang.

Bai 2. Cho tam giac ABC c6 AB=5cm,AC =7cm,BC =9cm.Kéo dai 4B 1ay diém D
sao cho BD = BA, kéo dai AC 1ay diém E sao cho CE =CA . Kéo dai duong
trung tuyén AM cua tam giac ABC 1ay MI = MA. Chting minh:

1) Tinh do dai cac canh tam giac ADE 2) Chting minh: DI //
BC
3) Chitng minh: Ba diém D,,E thang hang.

Bai 3. Cho tam giac MNP ¢6 MN =4cm,MP =6cm, NP =8cm . Kéo dai MN 13y diém
I sao cho NI = NM , kéo dai MP 14y diém K sao cho PK = PM . Kéo dai
dwong trung tuyén MO cua tam giac MNP 18y OS = OM . Chting minh:

1) Tinh d6 dai cac canh tam gidc MIK
2) Chiing minh: Ba diém D,I,E thing hang.
Bai 4. Cho t& gidc 4BCD (4B // CD). Goi E,F,K theo thtt tu la trung diém cta
AD,BC,AC.
1) So sanh cac d0 dai EK va CD, KF va AB.
2) Chttng minh: EF = M
Bai 5. Cho tam gidc 4BC c6 D la trung diém ctia 4B .Tia Dz // BC cat AC tai E.
Chtng minh: £ la trung diém cua 4C
Bai 6. Cho tam giac 4BC 1ay 7 thudc canh 4B sao cho /4= IB.Qua 7 ké duong
thang song song véi BC cat AC tai K.
1) Chting minh X la trung diém cua 4C
2) Chting minh /K la duong trung binh cua tam giac 4BC.
Bai 7. Cho tam giac 4ABC ¢6 d¢ dai BC =a va M la trung di€m cua AB . Tia Mx //
BC cat AC tai N
1) Chting minh N la trung di€ém ctaa AC.
2) Tinh dd dai doan thing MN theo a.
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Bai 8. Cho tam gidc ABC cantai 4 ¢6 M la trung diém BC.Ké Mx // AC cat AB
tai £,Ké My /| AB cit AC tai F. Chtng minh:

. . 1
1) E,F la trung diém ctua 4B va AC 2) EF :EBC

3) ME = MF = AE = AF .
Bai 9. Cho tam giac 4BC c6 AH la duong cao. Ldy E va K lan luot la trung diém
cta 4B va AC.
1) Chiing minh: EK la duong trung binh ctia tam gidc ABC
2) Duong thang EK cat AH tai I.Chting minh: / 1a trung diém ctia 4H
3) Biét BC =10cm . Tinh EK .
Bai 10. Cho hinh thang 4BCD (AB // CD). Qua trung diém M cua 4D vé duong
thang song song véi 4B cat AC tai N va BC tai K.
1) Chting minh N la trung diém cua AC va K la trung diém cua BC

2) Cho 4B = %DC va DC =20cm . Tinh d6 dai 4B, MN, NK, MK .

BAI 3. TINH CHAT PUONG PHAN GIAC CUA TAM GIAC

A. KIEN THUC CAN NHO
Trong mot tam gidc, duong phan gidc trong (hay duong phan gidc ngoai) cta

mot goc chia canh ddi dién thanh hai doan théng ti 1é vdi hai canh ké hai
doan ay.

GT ‘ AD la phan giac, D e BC

DC  AC

KL DB 4B
5 : T
Vi du 1. Cho AABC c¢6 AB=10cm, AC =16cm. Duong phan giac ctia goc 4 cat AC
tai D.Biét DB=8cm, Tinh DC.
Hudng dan giai

Xét AABC, ta co: 16

10/

AD la dwong phan giac

DB AB . e L 3
— —— = — (Tinh chat dwong phan giac tron
DC - AC ( g phang g)

B\
SLZESDCzﬁzuﬁ(cm)
DC 16 10

Vi du 2. Tinh ti s& hai doan thang DB va DC ‘ i

Hudng dan giai 3 e
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Xét AABC, ta co:

AD la duong phan giadc

DB AB , ]
—= —— =" (Tinh chat duvong phan giac tron
DC - AC ( g phan g g)

DB 5
=>—==.
DC 3
Vi du 3. Tinh d6 dai cac doan théng BC,DA,DC
Hudng dan giai
Xét AABC vuong tai A4 ta co: A
BC? = AB* + AC? (dinh li pythagore) e
=6"+8 =100

= BC=10

Xét A4ABC co:
BD la duong phan giac
ZD)_?? = B—é (tinh chdt duong phan giac trong)

DA 6 __ DA DC DA+DC AC 8 _

D4_6 1
DC 10 6 10  6+10 16 16 2

DA_1
6 2 DA=3
—
pc_1 7 |pe=s
10 2

B. BAI TAP CO BAN
Bai 1. Cho A4BC c6 duong phan giac 4D . Vé duong
thang qua B song song véi 4D va cat duong
thang AC tai E (Hinh bén).
1) Chttng minh: AABE can tai A.

2) Chtng minh: DB _AE _AB

DC AC AC’
Bai 2. Tinh d¢ dai canh PN ctia APMN trong hinh bén dwdi:
P
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Bai 3. Tinh d¢ dai x trong hinh bén dwdi.

P R
) _ 10
36 5
10 ; 24 20
12

- . b S' X U' T

/ N \ - X
v X Q43 - z x

a) b) )

Bai 4. Cho A4BC c¢6 AB=12cm, AC =16cm, BC =20cm.Duong phan giac géc BAC cat
canh BC tai D.
1) Tinh DB va DC.
2) Tinh ti s dién tich gitta AADB va AADC.

Bai 5. Cho A4BC c& AB=30cm, AC =40cm, BC =50cm . Duong phan giac gbc 4 cat
canh BC tai D. Qua D vé DE// AB(E thudc 4AC).
1) Tinh d6 dai cdc doan thang DB, DCva DE.
2) Chttng minh A4BC vudng va tinh dién tich A4BC.
3) Tinh tinh dién tich cac tam gidc ADB, ADE, DCE .

Bai 6. Cho A4BC vudng tai 4cd AB=3cm, AC =4cm. Duong phan giac gbc 4 cat
canh BC tai D.
1) Tinh BC, DB, DC.
2) Vé duong cao 4H . Tinh AH, HD, AD.

Bai 7. Cho A4BC c6 trung tuyén AM . Duong phan giac goc AMB cat 4B tai P va
duong phan giac gbc AMC cat AC tai Q. Chting minh: PQ// BC.

C. BAI TAP TU REN

Bai 1. Cho A4BC cd 4D la dwong phan giac trong. Tt B ké tia song song véi AC va
cat AD tai M .
1) Dung hé qua cta dinh 1i Thales d6i véi ADAC thi ti sO g—g bang véi ti s6

nao?
2) A4BM la tam giac gi? Chitng minh hé qua 2 cta dinh li Thales: dwong phan
gidc 4D clia A4ABC chia canh d4i dién thanh hai doan thang twong tng t 18 v6i
hai canh ké cua hai doan théng do, nghia la DB _ 4B .
DC AC

Bai 2. Cho A4BC khong can tai 4 (d€ dé vé hinh nén vé géc & dinh B tl) va cé 4E la
duong phan giac ngoai (E thudc duong thang BC). Tl B ké tia song song
v6i AC va cit AE tai M .

1) Theo hé qua cta dinh li Thales trong AEAC thi ti s6 % bang vdéi ti s6 nao?
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2) AABM la tam giac gi? Chirng minh: EB _AB
EC AC
Bai 3. Cho A4BC c6 Al la duong phan giac trong (/ thudc canh BC). Cho 4B = 5cm,
AC =2cm; BC =6cm.
1) Tinh ti s§ 2.
1C
2) Tinh d6 dai doan théng IB,IC.
Bai 4. Cho A4BC c6 AD la duong phan giac trong (D thudc canh BC). Cho 4B =4cm,
AC =9cm; BC =10cm .
1) Tinh ti s8 2Z..
DC
2) Tinh d6 dai doan thang DB, DC.
Bai 5. Cho A4BC c6 Al la duong phan giac trong (/ thudc canh BC). Cho 4B =9cm,

AC=Tcm; BC=14cm.
. IB

1) Tinh tis6 —.
1IC
2) Tinh d6 dai doan thang 1B, IC.
Bai 6. Cho A4BC c6 AD la duwong phan giac trong (D thudc canh BC). Cho 4B =12cm,
AC =15¢m; BC =21cm. Tinh dd dai doan thang DB, DC .
Bai 7. Cho AMNP c6 MI la duong phan giac trong (/ thudc canh ~NP). Cho
MN =15¢cm, MP =9cm; NP =12cm . Tinh d0 dai doan théng IN,IP.
Bai 8. Cho A4BC vudng tai 4cd 4D la duwong phan giac trong. Biét 4B = 6cm,
BC =10cm . Tinh d6 dai doan thang DB, DC .
Bai 9. Ké phan gidc 4D ctia A4BC. Gia st AB=8cm, AC=12cmva CD—BD =5cm . Tinh
dd dai doan thang DB, DC .
Bai 10. Cho A4BC vudng tai 4cd BE la duwong phan giac trong. Biét 4B =12cm,
BC =20cm. Tinh d0 dai doan théng EA,EC, BE.
Bai 11. Cho A4BC vudng tai 4cd CK la dwong phan giac trong. Bi€t AC = 4cm,
BC =5cm. Tinh d6 dai doan thang K4,KB,CK .
Bai 12. Cho ADEF c6 DK la dwong phan giac ngoai (K thudc duong thang EF ).
Cho DE =5¢m, DF =6cm; EF =8cm.

1) Tinh ti s6 5L .
KF

2) Tinh d6 dai doan thefmg KE ,KF .
Bai 13. Cho A4BC c6 4K 1a duong phan gidc ngoai (K thudc duong thang BC). Cho
AB=10cm, AC =16¢cm ; BC =12cm .
1) Tinh ti s6 KB
KC
2) Tinh d6 dai doan théng KB ,KC.
Bai 14. Cho ADEF c6 DK la dudng phan giac ngoai (K thudc duong thang EF ).
Cho DE =7¢m, DF =12cm; EF =10cm .
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1) Tinh ti s6 AL .
KF
2) Tinh dd dai doan thang KE, KF .
Bai 15. Cho ADEF c6 DN la dudong phan gidc ngoai (N thudc duwong thang EF).
Cho DE =9¢m, DF =4cm; EF =6cm .
1) Tinh ti s6 2.
NF
2) Tinh d6 dai doan thang NE, NF .
Bai 16. Cho ADEF c6 DK la dudng phan giac ngoai (K thudc duong thang EF ).
Cho DE =5cm, DF =12cm; EF =10cm . Tinh &6 dai doan thang KE, KF .
Bai 17. Cho A4BC c6 AI la duong phan gidc trong, 4B =9cm.

1) AC=12c¢m; BC =18cm . Tinh ti sO %.

2) Tinh d6 dai doan thang IB, IC.
3) Cho 4K la dwong phéan giac ngoai ciia A4BC. Tinh ti s& g—g
4) Tinh &6 dai doan thang KB, KC.
5) Tinh d6 dai doan thang IK .
Bai 18. Cho A4BC c6 Al la duong phan giac trong, 4B=12cm; AC =15¢cm; BC =21cm ..
1) Tinh ti s§ 2.
1C
2) Tinh d6 dai doan thang 1B, IC.
3) Cho 4K la dwong phan giac ngoai. Tinh ti s0 g—g .
4) Tinh &6 dai doan thang KB, KC.
5) Tinh d6 dai doan thang IK .
Bai 19. Cho A4BC c6 Al la duong phan giac trong, AB=4cm; AC =12cm; BC =9cm .

1) Tinh ti s6 2.
c

2) Tinh d6 dai doan thefmg IB,IC.
, KB

3) Cho 4K la duwong phan giac ngoai. Tinh ti so Yok
4) Tinh d6 dai doan thefmg IK .
Bai 20. Cho A4BC c6 Al la duwong phan giac trong, AB=10cm; AC =5cm; BC =12cm .
1) Tinh d0 dai doan thefmg IB,IC.
2) Cho 4K la dwong phan giac ngoai. Tinh do dai KB, KC.
3) Tinh d6 dai doan thang /K .
Bai 21. Cho A4BC c6 Al la duong phan giac trong, 4B =2cm; AC =3cm; BC =4cm.
1) Tinh d6 dai doan thang /B, IC.
2) Cho 4K la dwong phan giac ngoai. Tinh do dai KB, KC.
3) Tinh d6 dai doan théng IK .
Bai 22. Cho A4BC c6 Al la dwong phan giac trong, 4B =6cm; AC=12cm; BC =14cm.
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1) Tinh d0 dai doan théng IB,IC.
2) Cho 4K la duwong phan gidc ngoai. Tinh do dai KB, KC.
3) Tinh d¢ dai doan thang IK .
Bai 23. Cho A4BC c6 AI la duwong phan giac trong, 4B=13cm; AC=17cm; BC =20cm .
1) Tinh d6 dai doan thang /B, IC.
2) Cho 4K la duong phan gidc ngoai. Tinh d¢ dai KB, KC.
3) Tinh d6 dai doan thang IK .
Bai 24. Cho A4BC c6 Al la duong phan gidc trong, 4B =8cm, AC =14cm; BC =20cm.
Cho 4K 1a duong phan giac ngoai. Tinh d9 dai doan thang /K .
Bai 25. Cho A4BC c6 AI la duwong phan gidc trong, 4B =6cm, AC =9cm; BC =10cm .
Cho 4K la dwong phan gidc ngoai. Tinh d¢ dai doan théng IK .
Bai 26. Cho A4BC c6 Al la dwong phan giac trong, 4B =10cm, AC =15cm; BC =18cm .
Cho 4K la duong phan gidc ngoai. Tinh d6 dai doan thang IK .
Bai 27. Cho tam gidc nhon 4BC c6 4D la duong phan gidc trong. Gid st 4B =8cm,
AC =12cm va CD—BD =6cm . Tinh 0 dai doan thang DB, DC .
Bai 28. Cho A4BC cb& AB=6cm, AC =9cm; BC =10cm . Vé tia Ax la tia d0i ctia tia AC.
V€ 4D va AE lan luot 1a duwong phan giac trong va duong phan giac ngoai.

1) Chttng minh: DAB = %BAC va EAB = %BAx :

2) Chting minh: DAB+ EAB =90° va tam gidc ADE vuoOng tai 4.

3) AM la duong trung tuyén cua tam giac ADE . Tinh DB va EB.

4) Tinh DE va AM . A
BAI TAP CUOI CHUONG

CAU HOI TRAC NGHIEM D
Chon phuong 4n dung
Cau 1. Cho A4BC, biét DE//BC . Bi€t AE =6cm, EC =3cm;
DB =2cm (Hinh bén). D9 dai doan thang 4D la: A
A. 4em . B. 3cm.
C. 5cm. D. 3,5¢m.
Cau 2. Cho A4BC, biét DE// BC (Hinh bén). Trong cac D

khang dinh sau, khang dinh nao sai?

AD AE AD AE I e
== B. —=—. B

DB EC AB  AC M 4

AE _DE D, DB _DE v
" AC BC’ " AB BC

vl
]

Cau 3. Cho hinh bén, biét AM =3cm, MN =4cm, AC =9cm.
Gia tri cua biéu thitc x-y la:
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dem .
3cm .

—3cm.

SN =

. —4dcm.

Cau 4. Cho tam giac MNP c6 MD la tia phan gidc caa goc M (D thudc NP). Trong
cac khang dinh sau day, khang dinh nao ding?

DN _DP g, DN _MP
"MN MP "MN DP’
. DN _Mp. D, MV _DP.
DP MN MP DN
Cau 5. Cho hai doan théng AB=12¢m, CD =18cm . Ti s0 ctia hai doan théng AB va CD
la:
AL B.>. c 2. D. 2.
3 4 3 2

Cau 6. Cho hinh vé bén, biét MN // DE, AN =4cm, NC =S8cm,
MN =10cm . Do dai doan thang BC 1a:
A. 25cm . B. 22cm.
C. 30cm. D. 20cm .

Cau 7. Cho hinh vé bén, biét MN // DE, MN =6cm,

P
MP =3c¢m, PE =5cm. D0 dai doan thang DE la: 10
A. 22cm. B.21em. b E
C. 23cm. D. 20cm .

Cau 8. Cho tam giac 4BC, mot duong thang song song véi BC cat 4B va AC lan
lwot tai D va E.Qua E ké duong thang song song véi CD cat 4B tai F . Biét
AB=25, AF =9, EF =12.D0¢ dai doan CD la:

A. 22em . B. 21lem. C. 23cm. D. 20cm .
Cau 9. Cho tam gidc ABC cé 4D la dwong phan gidc. Trong cac khang dinh sau day,
khang dinh nao ding?
(D _AB B. 22 _5D c. 4D_A8 p. 22_4D
DC AC DC AC DC AC DC AC
BAI TAP TU LUAN

Bai 1. Cho tam giac ABC va diém D trén canh 4B sao cho 4D =13,5cm, DB=4,5cm.

Tinh ti sO cac khoang cach tir D va B dén canh AC.
Bai 2.
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1) D% cao 4N va chiéu dai bong néng ctia cac doan théng AN, BN trén mat dat
duoc ghi lai nhu trong hinh bén. Tim chiéu cao 4B cua cai cay.

2) Mot toa nha cao 24m, d6 bong nang dai 36m trén duong. Mot ngudi cao 1m6
mudn ding trong bong ram cua toan nha. Hoéi nguoi d6 ¢ thé dang cach toa
nha xa nhat bao nhiéu mét?

mom
|(mOm
mon
C L 1.6m
- x:“m =

Bai 3. Cho tam giac ABC ¢ BC =20cm. Trén duwong cao 4H 1ay cac diém K, I sao
cho 4K =KI=1IH.Qua [ va K vé cac dwong EF//BC, MN// BC
(E,M € AB;F,N € AC).
1) Tinh d6 dai cdc doan thang MN va EF .
2) Tinh dién tich t& gidc MNFE biét rang dién tich tam gidc 4BC 1a 0,8m’.
Bai 4. Tinh d¢ dai x trong hinh bén dwdi:

P H
6 10 x 13
16
T 0 p
;
Q_l . I [ \-L
b) C)

L

a) b)




BOI DUGNG NANG LUC TU HOC - TOAN 8 T S

Bai 6. Cho t( gidc ABCD c6 AC va BD catnhau tai 0. Qua O ké duong thang song
song v6i BC cat 4B tai H, ké duong thang song song véi CD cat 4D tai K.
1) Chttng minh: HK //BD.
2) Tt O ké duong thang song song v6i 4B cat BC tai G va duong thang song
song v6i AD cat CD tai I . Chtng minh: CG.DI = BG.CI
Bai 7. Cho hinh binh hanh 4BCD.
DPuong thang d di qua 4 cat BD, A B
BC, cD lanlwottai M, N, P.
Chttng minh:
1) MA* = MN.MP
1 1

2) L_—-f-—
AM AN AP

Bai 8.
1) Quan sat hinh bén, chitng minh 4H la duwong
phan gidc ctia goc 4 trong AABC.
2) Dya vao két qua cau 1, hay néu cach vé duong
phan gidc ciia mot goc trong tam giac bang thudc E
ké va é — ke.
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CHUONG 8. HINH PONG DANG.
Bai 1. TAM GIAC PONG DANG.

A.KIEN THUC CAN NHO
Néu nhan xét vé hinh dang va kich thwdc cta ting cap hinh: Hinh a va Hinh
b, Hinh ¢ va Hinh d, Hinh e va Hinh g.

Hai hinh trong mdi cép hinh trén goi la hai hinh dong dang.

Trong bai nay ta chi xét cac tam gidc dong dang.
Pinh nghia:

AABC goi la dong dang v6i ADEF néu:
AB BC (A
DE EF FD
Ki hiéu: A ABC » ADEF (cac dinh phai viét

A=D,B=E,C=F va

theo thit tue twong tng)
Ti s0 cac canh twong tng

AB BC CA v
—=——=—=k goilatiso dong
DE EF FD o

dang.
Vi du 1. Cho biét A ABC » AHKT .
a) Hay viét cac cdp goc bang nhau.

b) Cho HK =30cm, AB=12cm, tinh ti s& B c
Hr
AC’

Huwéng dan giai:
a) Vi AABC»AHKT nén A=H,B=K,C=T
AB BC CA _

b) Vi AABC»AHKT nén —=—==——=
HK KT HT

* Tinh chat:
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- Mbi tam gidc dong dang véi chinh né theo ti s8 k=1
~N ? ~N AY 2 N 1 1 AY
- Néu AABC»ADEF theo tisO k thi ADEF »AA4BC theo ti sO e Tanoi A4BC va
ADEF dong dang véi nhau.
- Néu AABC» ADEF va ADEF @ AHKT thi AABC > AHKT
Vi du 2: Cho AABC» ADEF © AMNP . Biét 4=50°. Tinh M
Huwéng dan giai:
Ta c6: AABC» AMNP (gt)
= A=M ma A=50° nén M =50°
Pinh ly:
Néu mot duong thang cat hai canh ctia mot tam giac va song song véi canh
con lai thi né tao ra mot tam giac méi dong dang véi tam giac da cho.
4

D E
B c
Vi du 3: Quan sat hinh bén, cho biét DE// BC,EF // AB . Chting minh: AADE » AEFC
A
D E
VARRVAN

Huwéng dan giai:
Ta cé: DE//BC nén AADE > AABC
EF [/ ABnén AEFC» AABC
Do d6 AADE » AEFC
* Ch y: Dinh Iy trén cling dting trong truong hop duong thang a cat phan kéo dai
cta hai canh ctia tam giac va song song véi canh con lai (Hinh a, b).

A D E a
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B. BAI TAP CO BAN
Bai 1. Trong khéng dinh sau, khéng dinh nao dung, khé’mg dinh nao sai? Tai sao?

1) Hai tam gidc bang nhau thi d6ng dang véi nhau
2) Hai tam giac dong dang véi nhau thi bang nhau.
Bai 2. Cho tam giac 4BC, hay vé mot tam gidc dong dang véi tam gidc ABC theo ti

s6 dong dang & =%

1) Trong hinh bén, cho biét: AABC > ADEF . Viét cac ti sd cua cac canh twong

tng va chi ra cdc cap goc twong tng.

D
A /\
BAC . i

2) Trong hinh bén, cho biét AABC»ADMN . Tinh s6 do géc D, géc N .

A
D 57°
/\ /
M N B C

3) Trong hinh bén, cho biét A4BC»ADEF . Tinh d6 dai cic don thang 4B,DF

D

1) Chiing minh: AYBC» ADEC
2) Tim x

Bai 4. Cho AABC»ADEF theo ti s6 dong dang k :%
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1) Tinh ti s6 chu vi cua hai tam giac da cho
2) Cho biét hiéu chu vi cuia hai tam giac trén la 36¢m, tinh chu vi ctaa mdi tam
gidc.
Bai 5. Nguoi ta iing dung hai tam giac dong dang dé€ do khoang cach BC ¢ hai dia
diém khong thé dén duoc (Hinh bén). Biét DE// BC

1) Chttng minh: AUDE» AABC
2) Tinh khoang cach BC

BAI 2. CAC TRUONG HOP PONG DANG CUA HAI TAM GIAC.

* Treong hop 1: canh — canh - canh
DPinh ly: Néu ba canh ctia tam giac nay ti 1é vdi ba canh cuia tam gidc kia thi hai tam

giac d6 dong dang
AABC,ADEF
GT AB _BC (A
DE DE FD
KL AABC » ADEF

Vi du 1: Cho A4BC va ADEF c6 kich thwdc cdc canh nhw hinh bén. Chitng minh:
AABC» ADEF

20 30
8 12

FB 14

Huwéng dan giai:
Xét AABC va ADEF ta co:
AB_8 2.4C _12 2 BC 14 _2 4B _AC_BC
DE 20 5'DF 30 S5'EF 35 5 DE DF EF
* Nhan xét: Néu tam gidc AABC dong dang vdi tam giac ADEF theo ti sd k thi ti sO
chu vi ctia hai tam gidc nay ciing bang &

= AABC» ADEF (c—c—¢)

* Treong hop 2: canh — goc — canh
DPinh ly: Néu hai canh ctia tam gidc nay ti 1¢ vdi hai canh ctia tam giac kia va hai goc
tao bdi cac cdp canh d6 bang nhau thi hai tam gidc d6 dong dang.
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A
/\ D
B C E F

AABC,ADEF
GT | 48_dAC
DE DF
KL AABC «» ADEF

Vi du 2: Cho hai tam gidc AABC va ADEF co
DE =3cm, DF =5cm, AB =9cm, AC =15¢cm, A= D (Hinh bén).

B
D 9
3 5
A
E F 15
C

Chtng minh: AdBC«» ADEF
Huwéng dan giai:
. AB 9 AC 15 AB  AC
—3 =23 o

Taco: —==-=3,—= =
DE 3 DF 5 DE DF
Xét AABC va ADEF ta co:
A=D(gt)
AB AC = AABC» ADEF (c.g.c)
—=——(cmt)
DE DF

* Nhan xét: Néu A4BC dong dang v6i ADEF theo tisO k thi ti s6 hai duwong trung
tuyén tong ting ctia hai tam giac d6 ciing bang &
* Treong hop 3: goc — goc
Dinh 1y: Néu hai goc ctia tam giac nay bang véi hai gdc ctia tam giac kia thi hai tam
giac d6 dong dang véi nhau
A

D

AN

B C E
AABC,ADEF
GT | A=D,B=E
KL | A4ABC»ADEF
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Vi du 3: Trong hinh bén, cho biét 4B//CD;DE// BC . Chting minh: AABC » ACDE

A

Huéng dan giai:
Xét AABC va ADEF ta co:
BCA = DEC (hai goc so le trong, DE// BC')
BAC = DCE (hai goc so le trong, 4B//CD)
= AABC» ACDE (g.g)
* Nhan xét: Néu A4BC dong dang voi ADEF theo ti s k thi ti sO cua hai duwong
phan gidc tuong tng ctia hai tam gidc d6 ciing bang &

B. BAI TAP CO BAN
TRUONG HOP PONG DANG THU NHAT (CANH - CANH - CANH)
Bai 1.
1) AAEF va AMNG 6 hinh bén c6 dong dang khong? Vi sao?
2) Biét AAEF c6 chu vi bang 30cm. Tinh chu vi AMNG

A
M
2a 2c /\
a C
E b F N b G

Bai 2. Tam gidc 4BC c6 d6 dai 4B =4cm, AC =12cm, BC =18cm. ADEF »AABC va
ADEF ¢6 chu vi bang 66,5cm . Hay tinh d6 dai cic canh ctia ADEF

Bai 3. Mot cong vién c6 hai duwong chay b hinh tam gidc dong dang nhw hinh bén.
Kich thudc ctia con duong bén trong lan lwot 1a 300m,350m,550m . canh ngan
nhat ctia con duwong bén ngoai 1a 600m . Nam chay 6 vong trén con duwong bén
trong, Hung chay 4 vong trén con duwong bén ngoai. So sanh quang dwong
chay dwoc cta hai ban.

Bai 4. Chtiing minh: tam giac 4BC dong dang voi tam gidc DEF va viét cac cap goc
bang nhau, néu biét mot trong cac trudong hop sau:
1) AB=4cm, BC =6cm, AC =5cm, DE =10cm, DF =12cm, EF =8cm
2) AB=24cm, BC =2lcm, AC =27cm, DE =28cm, DF =36cm, EF =32cm
3) AB=DE =12cm, AC = DF =18cm, BC =27cm, EF =8cm
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4)A_B:B_C AC _, DE_EF _DF 4 ;1 )
4 5 34 5

Bai 5. Cho tam gidc 4BC vuong tai 4 va tam gidc 4'B'C' vuong tai 4' co
BC=10cm, AC =8cm,B'C'=5cm,A'C"'=4cm
1) Tinh AB va A'B'
2) Chttng minh: AB _ AC _ BC
A'B" A'C' B'C'
3) Chttng minh: AABC»AA'B'C'

Bai 6. Cho tam giac 4BC vuong tai 4 va tam gidc 4'B'C' vuong tai 4'co
4B _ BC ———=2. Chttng minh:
A'B' B'C'
1) AC _ 2
A4'C'

2) AABC»A4'B'C'
Bai 7. Cho hai tam gidc AABC va A4'B'C' c6 kich thudc nhu trong hinh dwdi day:
A

B 12 c B 8 ¢
1) AABC va A4'B'C' c6 dong dang v6i nhau khong? Vi sao?
2) Tinh ti s6 chu vi cta hai tam giac do.

Bai 8. Tam gidc ABC c¢6 d0 dai cac canh la 4B =3cm, AC =5cm, BC =7cm . Tam giac
A'B'C' ddng dang véi tam gidc 4BC va c6 chu vi bang 55¢m. Hay tinh d6 dai
cac canh cta tam giac 4'B'C' (két qua lam tron dén hang phan tram)

Bai 9. Cho diém O nam trong A4BC.Goi M,N,P lan luot 1a trung diém cta
0A4,0B,0C . Chttng minh: AMNP« A4BC

‘s : i Cr o O b P
Bai 10. Cho hai tam gidc dong dang co ti s6 chu vi la 7 Ve hiéu do dai hai canh

twong tng ctia chung la 12,5. Tinh hai canh d6.
TRUONG HOP DPONG DANG THU HAI (CANH - GOC - CANH)
Bai 1. Xét xem cdc cdp tam gidc nao trong Hinh a, b ¢ dong dang hay khong?
M

50

20

50°
N 16 P Q 8 K

b)
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Bai 2. Trong hinh bén, cho biét: DE =12c¢m, EF =15,6cm, NP = 26¢m, NM = 20cm
E=N,P=42°.Tinh F

Bai 3.
1) Cho ABC c6 AB=24cm, AC =30cm,BC =36. Trén canh 4B ldy E sao cho
AE =20cm . Trén canh AC 18y F sao cho 4F =16cm (Hinh a). Tinh d¢ dai doan

thang EF
M
A A
F
E
B e B D C E

a) b)
2) Trong (Hinh b), cho biét FD = FC,BC =18cm, DE =24cm, AC =30cm, MD = 40cm .
Chtng minh: A4BC«» AMED

Bai 4. Cho gbéc xOy. Trén tia Ox 18y cac diém 4 va C, trén tia Oy 1ay cac diém va.
Chting minh rang: tam giac 40B dong dang véi tam gidc néu biét mot trong
cac truong hop sau:

1) 04_ 08
oD OC
) 04_0C
OB OD
3 04_0D
OB OC
4) 04.0C = OB.OD
5) 0A.0D = 0B.OC
6) C la trung diém cua 04, D la trung diém ctia OB
Bai 5. Cho tam giac ABC c6 AB=12cm, AC =15¢m, BC =18cm . Trén canh AB ldy diém

M sao cho AM =10cm, trén canh AC 1dy di€ém N sao cho AN =8cm. Tinh 40
dai doan thang MN .
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Bai 6. Cho géc xOy. Trén tia Ox 1ay cac diéfm M va P, trén tia Oy 1ay cac diém N

va Q. Chting minh rang: tam gidc OMN déng dang véi tam giac OPQ va tinh
do dai doan PQ, néu biét mot trong cac truong hop sau:
OM ON 2

1) =—=——==; MN =3,6cm
Oo°P 00 3

2) O_M:O_N:ﬂ; MN =3,2cm
o0 OP 5

3) OM =12cm, ON =10cm, MN =9cm, OP =20cm, OQ =24cm
Bai 7. Cho A ABC nhon, cac dwong cao 4D,BE,CF cit nhau tai H
1) Chttng minh: AMEB» AAFC va AE.AC = AF.AB
2) Chting minh: AAEF » AABC r6i suy ra AEF = ABC
3) Chiing minh: ABDA« ABFC va BD.BC = BF.BA
4) Chttng minh: ABDF »ABAC r6i suy ra BDF = BAC
5) Chttng minh: CE.CA=CD.CB
6) Chtng minh: ACDE > ACAB r6i suy ra CDE =CAB
Bai 8. Cho A ABC nhon, c6 ba dwong cao 4D, BE,CF cit nhau tai H.Chitng mih:
1) BH.BE = BD.BC 2) ABCH ® ABED
Bai 9. Cho A ABC, trén tia d6i cua tia 4B 1dy diém D, trén tia d0i cua tia AC 14y
diém E.Chting minh rang: tam giac 4DE dong dang véi tam gidc ABC va
tinh d¢ dai doan DE néu biét mot trong cac truong hop sau:
AD AE 3

1) —=—==; BC=15cm
AB AC 5

2)A—D=£=2;BC=6,5cm
AC AB 12

3) AB=36cm, AC =10cm, BC =39cm, AD =24cm, AE =20cm
4) AB=3,2cm, AC =2,8cm, BC =2,4cm, AD =3,5cm, AE =4cm

Bai 10. Cho hinh thang 4BCD ¢6 4=D=90°. Trén canh 4D ldy diém 7. Chtng
minh: tam gidc 4B/ dong dang véi tam giac DIC va BIC =90° néu biét mot
trong cac treong hop sau:

1y 4B _ AL
DI DC

2) AB.DC = Al.DI
3) AB=6cm, CD =12cm, Al =8cm, DI =9cm
4) AB=2,4cm, CD =4,5cm, Al =3cm, DI =3,6cm
5) AB=10cm, AD =10cm, CD =18cm, Al =12cm
Bai 11. Cho A 4BC nhon ¢6 4H la dwong cao. Qua H vé HM 1 AB tai M, HN L AC
tai N.Ching minh:
1) AH? = AM.AB
2) AM.AB= AN.AC va AANM < AABC
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Bai 12. Cho tam giac ABC ¢6 4B =6cm, AC =9cm . Trén canh AC ldy diém E sao cho
AE =4cm . Chtig minh: 4BE = ACB
Bai 13. Cho tam giac 4BC vudng tai 4(AB < AC) c6 AH la duong cao.
1) Chiing minh: AABC» AHAC va CA* =CH.CB
2) Trén tia d6i cua tia 4B 1dy diém D batki. V& 4E L CD tai E. Ching minh:
ACHE » ACDB

C. BAI TAP TU REN
Bai 1. Cho AABC c6 ba géc nhon va ba dwong cao 4D, BE,CF cit nhau tai H.
Chting minh:
1) BD.BC = BF.BA
2) ABDF »ABAC va suy ra BDF = BAC
3) CDE = BAC
4) DH la tia phan gidc caa FDE
Bai 2. Cho A ABC c6 ba géc nhon va ba dwong cao 4D, BE,CF catnhau tai H .
1) Chiing minh: 4H.4AD = AF.AB
2) Chiing minh: AADF »AABH va suy ra HDF = ABH
3) Chttng minh: ADE = ACH va ABH = ACH
4) Chtng minh: H la giao diém cuia ba dwong phan giac trong cta tam giac
DEF
Bai 3. Cho hinh thang vudng 4BCD (A=D=90°). Biét 4B =6em, CD =12cm, AD=17cm

. Trén canh 4D 1dy diém K sao cho 4K =8cm
1) Chiing minh: 4BK = DKC
2) Chiing minh: KB 1 KC
Bai 4. . Cho AABC vudng tai, c6 AH la duong cao. Goi I va K Ilan lwot la hinh
chiéu ctia H 1én 4B va AC
1) Chting minh: AH’AI.AB
2) Chttng minh: AA4/K « AACB
3) Biét BC =10cm, AH =4,8cm , tinh S, ?
Bai 5. Cho A ABC nhon, c6 ba dwong cao 4D, BE,CF cit nhau tai H
1) Chttng minh: CH.CF =CD.CB
2) Ching minh: ABCH « AFCD
3) Goi K la giao diém ctia EF va AH .Chung minh: FH la duwong phan giac
trong cia AFDK va AD.HK = AK.DH
Bai 6. Cho A4BC vuong tai 4 c6 4AH la duong cao. Biét 4B =15c¢m, AC =20cm
1) Chting minh: AHBA* AABC . Suy ra AB* = BH.BC
2) Tinh BC, AH,BH,HC
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3) Puong phan giac BAC cat BC tai M .Ké ME 1 4B tai E.Chting minh:
BE.BA= BH .BM
4) Tinh BHE
Bai 7. Cho A ABC nhon, hai dwong cao BE,CF cit nhau tai H.
1) Ching minh: AACF « AHCE
2) Chiing minh: AE.CF = AF.BE
3) Ching minh: AEF = ABC
4) Cho BAC =45°. Chtng minh: S, =S,
Bai 8. Cho tam giac 4BC vuong tai 4 (4B < AC)cd AD la duong cao. V& DH vuong
goc vOi 4B tai H va DK vudng goéc voi AC tai K
1) Ching minh: ADAB« ADCA
2) Goi £ la trung diém cua CD, N la giao diém ctia 4D va HK . Chiing minh:
AANB» ACEA, r6i suy ra ANB = CEA
Bai 9. Cho tam giac 4BC vuong tai 4 ¢6 AH la duong cao (H thudc BC). Biét
AB =15cm,AC =20cm . Tk H ké HE,HF lan lugt vuong goc vai 4B, AC tai E va
F
1) Tinh BC, AH
2) Chting minh: AMEH »AAHB . Suy ra AH® = AE.AB
3) Chttng minh: AABC > AAFE
4) Tinh dién tich t& gidc BCFE
Bai 10. Cho tam giac 4BC vudng tai 4 (4B < AC), duong cao AH
1) Chting minh: AHBA« AABC . Suy ra AB® = BH.HC
2) Qua B vé duong thang song song véi AC cat AH tai D.Chtng minh:
HA.HB = HC.HD
3) Chting minh: AB* = AC.BD
4) Goi M, N lan lwot 14 trung diém ctia BD, AC . Chung minh: M,H,N théng
hang
Bai 11. Cho tam giac 4BC vudng tai 4 (4B < AC) c6 AH la duong cao
1) Chiing minh: AABC» AHBA va suy ra AB*> = BH.BC
2) Chting minh: AdHB» ACHA va suy ra AH’ = HB.HC
3) Chon diém E nam trong tam gidc A4HC sao cho BE = BA. V& BK la duong
cao cua tam giac BEC . Goi S la giao diém ctia BK va AH . Chtng minh:
ABKC» ABHS va suy ra AB* = BK.BS
4) Chting minh: BE 1 SE
Bai 12. Cho AABC c6 ba goc nhon, hai dudng cao AM va BN cat nhau tai H.
1.  Chting minh: AAMC d6ng dang ABNC.
2. Chtng minh: CMN = CAB.
3. Vé CK L AB tai K. Chttng: CH.CK = CM.CB.
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Bai 13. Cho AABC vudng tai A(AB<AC) ¢6 AH la duong cao (H thudc BC).

1. Chtng minh: AABH ~ABAC, tit d6 suy ra BA> =BH.BC.
2. Lay 2 diém M, N lan luot thudc canh 4B, AC sao cho:

AMz%AB,CNz%AC.

Chtng minh: AAMH ~ACNH, tit d6 suy ra AMNH vudng tai H.

Bai 14. Cho A4BC vudng tai 4 c6 AB=15cm,AC=20cm.Vé AH | BC tai H.
1. Ching minh: AHBA dong dang AABC.
2. Tinh d6 dai cac canh BC,AH.
3. V@ tia phan gidc ctia goc BAH cat canh BH tai D. Tinh d6 dai cic canh
BD,DH.
4. Trén canh HC 1y diém E sao cho HE=HA, qua E vé duong thang
vuong gdc voi canh BC cat canh AC tai M, qua C vé duong thang vudng gdc
v6i canh BC cat tia phan gidc ctia géc MEC tai F. Chiing minh: ba diém
H,M,F théng hang.

TRUONG HOP PONG DANG THU BA (GOC-GOCQ).
Bai 1. Cho hinh bén, biét DE/ /BC,DB//AC.
1. Chtng minh: ABED -~ AABC.

2. Tinh C.

Bai 2.
1. Trong Hinh a bén dudi, cho biét
N=E,M=D,MP =36 cm,DF =48 cm,EF =32 c¢cm, NP= a+3 cm. Tim a.
2. Cho hinh thang ABCD AB//CD (Hinh b bén dwoi). Ching minh:
AMB =CMD. Tim x,y.
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D
M
48
36
E F
N at3 £ 64

Hinh a)
A 16 B
20 15
D X C
Hinh b)

Bai 3.
1. Trong Hinh a cho biét HOP =HPE, HPO = HEP, OH =12 cm,HE =8 cm.
Tinh d6 dai doan thang HP
2. Trong Hinh » cho biét AME = AFM. Chtng minh: AM* = AE- AF

O

12

b)

Bai 4. Duong di va khoang cach tlt nha anh Thang (diém M ) dén cong ty (diém N )
duoc thé hién trong hinh bén. Hay tim con duong ngan ngat d€ di tir nha anh
Thang dén cong ty.
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A
A
4,73km bl
J06IM, / Ao ca
4,27km
7.8km

Bai 5. Chttng minh tam gidc ABC va tam giac DEF dong dang véi nhau va viét ti s6
dong dang, néu biét mot trong cac treong hop sau:

ABC = DEF,ACB =DFE.

BAC = DEF,ABC =EDF.

BAC = 60", ABC =80°, DEF = 60°, FDE =80°.

BAC =50",ABC=70",DEF =70°,FDE = 60°.

BAC=39",ABC=101°,DFE =40",FDE =39°.

ABC = ACB =40",DEF =100°, DFE =40°.

BAC ABC ACB
2 3

N Ok b=

,EDF = 60°, DEF = 40°.

EDF DEF DFE
4 6

Bai 6. Cho tam giac ABC, trén canh AB 1dy diém D, trén canh AC 1ay diém E sao
cho DE//BC. Chiing minh: AADE ddng dang vdi AABC va viét ti s6 dong
dang.

Bai 7. Cho AABC c6 3 géc nhon. Ba dudng cao AD,BE,CF cat nhau tai H. Chting
minh: tam gidc AEB dong dang véi tam gidc AFC. Tinh ti s6 dong dang voi
AB=8cm;AC=12cm.

Bai 8. Cho tam gidc ABC, trén tia d6i cta tia AB 1dy diém D, trén tia d6i cua tia AC
1ay diém E sao cho DE//BC. Ching minh: tam giac ADE d6ng dang v6i tam
giac ABC va viét ti s6 dong dang.

Bai 9. Cho tam gidc OPQ c¢6 MN//PQ. Biét PQ=6,5 cm; ON =2 cm;MN = 2,6 cm.
Tinh OQ.

8. 2-BAC=3-ABC=4-ACB,
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Bai 10.Cho tam gidc ABC c6 AB< AC. Trén canh AC lay diém D sao cho
ABD =ACB.
1. Chiing minh: AABD dong dang véi AACB.
2. Chtng minh: AB’ =AD-AC.
Bai 11. Cho tam giac ABC c6 AB> AC. Trén canh AB ldy diém D sao cho
ACD = ABC. Chting minh: AC* = AD-AB.
Bai 12. Cho tam giac ABC, trén canh 4B lay diém D, trén canh AC 1ay diém E sao
cho ADE = ACB.
1. Chiing minh: tam gidac ADE dong dang voi tam giac ACB va viét ti sO

dong dang.
2. Chttng minh: AD-AB=AE-AC.
Bai 13. Cho tam giac ABC nhon (AB < AC), ba dwong cao AD,BE,CF cit nhau tai H.
1. Chtng minh: AAFH -~ AADB.
2. Chtrng minh: AF-AB=AE-AC.
Bai 14. Cho tam giac 4BC, trén tia d0i cuia tia 4B 1dy di€m D, trén tia d06i cta tia
AC 1ay diém E sao cho ADE = ACB.
1. Chiing minh: tam gidc ADE dong dang vdi tam giac ACB va viét ti s&
dong dang.
2. Chttng minh: AD-AB=AE-AC.

C. BAI TAP TU REN

Bai 1. Cho tam gidc ABC c6 ba goc nhon va ba duong cao AD,BE,CF.
1. Chiing minh: tam gidc 4BE dong dang tam giac ACF va suy ra
AF-AB = AE.AC
2. Chttng minh: BF-BA =BD-BC.
3. Chttng minh: CD-CB=CE-CA.

Bai 2. Cho tam gidc ABC c6 ba géc nhon va ba duong cao AD,BE,CF cat nhau tai H.
1. Chtng minh: tam giac AHE dong dang tam giac BHD va suy ra
HA-HD =HBHE.
2. Chttng minh: HA.HD = HC.HF.

Bai 3. Cho tam gidc ABC c6 ba géc nhon va ba duong cao AD,BE,CF cat nhau tai H
1. So sanh: HBD va CAD va chitng minh: DB-DC = DA-DH.
2. Chttng minh: EA.EC = EB.EH .
3. Chting minh:FA.FB = FC.FH .

Bai 4. Cho tam giac ABC c6 ba géc nhon va ba duong cao AD,BE,CF cat nhau tai H.

Chttng minh:
1. AF-AB=AH-AD =AE-AC.
2. BF-BA =BH-BE =BD-BC.

Bai 5. Cho tam gidc ABC c6 ba géc nhon va ba dwong cao AD,BE,CF . Chitng minh:
BF-BA + CE-CA = BC® va viét hai hé thiic twong tu.
Bai 6. Cho tam gidc ABC c6 ba géc nhon va ba duong cao AD,BE,CF cat nhau tai H.
Chting minh: BH-BE +CH-CF = BC? va viét hai hé thtic tvong tu.
TRANG: 217



http://ea.ec/
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Bai 7. Cho tam gidc ABC vuong tai A, duong cao AH.
1. Chang minh: AABC dong dang AHBA.
2. Chtng minh: AH* =BH.HC.
3. Ching minh: AHAB dong dang AHCA.
4. ChoBH =9 cm,HC =16 cm. Tinh HA.
Bai 8. Cho tam giac ABC vuong tai A,AC =8 cm,BC =20 cm . Prong trung truec ctia
doan BC cit duong théng AC tai D, cit BC tai I.
1. Chttng minh: ACAB - ACID.
2. Tinh d0 dai doan CD.
Bai 9. Cho tam gidc ABC vuodng tai A(AB <AC) va cé duong cao AH(H thuoc BC).
1. Chtng minh: AABH -~ ACBA;ABAH -~ AACH.
2. Puong phan gidc cia ABC cat AH tai M va cit AC tai K. Chttng minh:
BA-BM =BH-BK va BA-BK =BC-BM.
Bai 10. Cho tam giac 4BC vuong tai 4(4B < AC) c6 AH la dwong cao. K thudc
doan HC. Tt K vé KE L AC tai E. Ching minh:
1.  AB’=BH-BC.
2. AH’=BHCH.
3. CE.CA=CK.CH.

Bai 3. CAC TRUONG HOP PONG DANG CUA TAM GIAC
VUONG.

A.KIEN THUC CAN NHO

Dinh nghia:

- Néu tam giac vudng nay c6 mot goc nhon bang géc nhon ctia tam gidc vudng kia
thi hai tam giac vuong d6 dong dang véi nhau

- Néu tam gidc vudng nay c6 hai canh goc vuong ti 1€ véi hai canh goc vudng cta
tam gidc vudng kia thi hai tam gidc vudng d6 dong dang véi nhau

- Néu canh huyén va mét canh gdéc vudng ctia tam gidc vudng nay ti 1€ véi canh
huyén va mét canh géc vudng ctia tam gidc vudng kia thi hai tam giac vudng
do6 dong dang

Vidul.
1.  Cho AABC vudng tai A, dudong cao AH (Hinh a). Chting minh rang
AABC -~ AHBA
2. Tam gidc vudng DEF va tam gidc vudng MNP co cac kich thudc nhw Hinh 2 b

c6 dong dang khong?
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C
H
A B
Hinh a)
D 10 F p
5
20
E
u N
10
Hinh b)
Hudng dan giai:
1. AABC vuong tai A va AHBA vuong tai H co6 B chung nén
AABC -~ AHBA (g.8).
2. ADEF vudng tai D va AMNP vudng tai M co E:E[: l] nén
MN MP( 2

ADEF -~ AMNP (c.g.c).

Vi du 2. Cho hai tam gidc vudng ABC va ADE c0 kich thuwdc nhu hinh bén. Ching
minh: AABC - AADE.
Huwéng dan giai:
Xét AABC va AADE co:
AC 24 BC 40 AC BC
AE 12 DE 20 AE DE
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B
E
D C
4 24
Vay AABC - AADE (ch-cgv).
Chuay:
Ti s8 hai dwong cao tiong ting ctia hai tam gidc d6ng dang bang ti s6 dong

dang.

Ti s6 dién tich ctia tam gidc dong dang bang binh phuwong ti s6 dong dang.

B. BAI TAP CO BAN
Bai 1. Trong hinh bén dwdi, tam gidc nao dong dang voi tam gidc ABC ?

E
B Q
G
16
- _ ,
D 32 F P 20 KH 10 I

A 12 c
Bai 2. Hay tim cap tam giac vudng dong dang trong hinh bén dudi.

H
NGt )
A B D
N R S
Mlz NG MIS
P IM LI i Q 20 R

Bai 3. Cho tam gidc ABC vuong tai A cd AH la duwong cao. Chiing minh:
AB’ =BH-BC.
Bai 4. Quan sat hinh bén.
1. Chtng minh: AABC - AHBA.
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2. Chtng minh: AB’=BH-BC.
3. Biét BC =30 cm,BH =9 cm. Tinh AC.

C

A B

Bai 5. Trong hinh bén, biét MB =20 m,MF =2 m, EF =1,65 m. Tinh chiéu cao AB cua

ngon hai dang.
1, A
ai

20m

6m A

Bai 7. Trong hinh bén, cho biét B=D,BC =50 cm. AB =40 cm.DE =30 cm. Tinh CD.
Bai 8. Quan sat hinh bén. Chtrng minh:

NAM HOC: 2024 - 2025

1. AADG ~ AFCD.
,, DC_DE
' DH DA’
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C

A p ¢
Bai 9. Mot nguoi do chiéu cao cia mot toa nha nho mét coc chon xudng dat, coc cao
6 m va ddt cach xa toa nha 54 m. Sau khi nguoi ay lui ra xa cach coc 0,8 m thi
thay dau coc va dinh toa nha cung nam trén mot duwong théng. Hoi toa nha
cao bao nhiéu mét, biét rang khoang cach tir chan dén mat nguoi dy 1a 1,8 m.
Bai 10. Cho tam gidc ABC vuong tai A c6 duong cao AH.Ké HM L AB tai M.
1. Chtng minh: AAMH -~ AAHB.
2. Ké HK L AC tai K. Chtrng minh: AM-AB=AK-AC.
3. Chttng minh: AAKM -~ AABC.
4, Cho biét AB =18 cm,AC =24 cm. Tinh dién tich AAMK .

BAI TAP LUYEN TAP
Bai 1. Cho tam giac 4BC vuong tai 4 va tam gidc 4’'B'C’ vuong tai 4’ cd
AB BC
P T
1. Chttng minh: jg, =k.

2. Chutng minh: AABC dong dang vdi AA'B'C'.
Bai 2. Cho tam giac ABC va tam giac 4A’'B’C’ la hai tam gidc nhon c6 cac duong cao
lan luot 1a AH,A'H’ . Biét rang: AR ﬂ va ACB=A'C'B’.
AB A'B
1. Chtng minh: tam giac 4BH dong dang v6i tam giac 4'B'H’.
2. Chtng minh: tam giac 4BC dong dang vdi tam giac 4'B'C’.
Bai 3. Cho tam giac 4BC vuodng tai 4 va tam giac 4'B'C’ vuong tai 4" ¢ cac duong
cao lan luot 1a AH,A'H’ . Biét rang: A ﬂ Chting minh:
AB AB
1. AABH dong dang voi AA'B'H.
2. AABC dong dang v6i AA'B'C.
Bai 4. Cho hai tam gidc nhon ABC va A'B'C’ ¢6 cac duong cao lan luot 1a AH,A'H'.
Biét rang: AH _ AB _ AC
A/H/ A/B/ A/c/
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1. Chiing minh: AABH dong dang véi AA'B'H’ va AACH dong dang véi
AA'C'H’
2. Ching minh: AABC dong dang véi AA'B'C’ va
AH AB AC BC
A'H' T AB T A'C BT
3. Chting minh: —aac — Afl;'jfc,.
Bai 5. Tam gidc ABH vudng tai H c6: AB=20 cm,BH =12 cm. Trén tia d6i cta tia HB

AA'B'C’

lay diém C sao cho AC= gAH. Chting minh:

1. Tam gidc 4BH dong dang voi tam giac CAH
2. BAC =90°
Bai 6. Cho tt gidc ABCD c¢6 BAD =90°,CBD =90°,AB=4 cm,BD =6 cm,CD=9 cm.
Chtng minh:
1)AABD ~ ABDC.
2) Tk gidc ABCD la hinh thang vudng.
Bai 7. Cho AABC dong dang véi ADEF. Ké cac duong cao AH va DK
1. Chiing minh: tam gidac ABH dong dang v6i tam giac DEK.
AH AB AC BC

2. Chttng minh: — = — = —=—_. Tt d6 rtit ra nhan xét gi?
DK DE DF EF

2
3. Chttng minh: Sac _ [Q] . Tte d6 rait ra nhan xét gi?
ADEF E
Bai 8. Cho AABC va ADEF c6 20 = A6 _BC

DE DF EF
1. Chiing minh: AABC doéng dang véi ADEF.
Chiing minh: AABH doéng dang véi ADEK .

’ . AH AY 14 7 Pay 7 \
3. Chtng minh: DK k. Tte d6 rat ra nhan xét gi?

=k >0.Ké cidc dwong cao AH va DK.

N

4. Chtng minh: Saasc _ 1 Tir d6 rat ra nhan xét gi?
ADEF
Bai 9. Cho tam giac ABC dong dang v6i tam giac DEF. Ké cac duong trung tuyén
AM va DN. Chtrng minh:
L BM_AB
EN DE
2. Tam giac ABM dong dang voi tam gidac DEN va AM_ @
DN ED
Bai 10. Cho AABC dong dang vdi ADEF . Ké cac duong phan giac trong Al va DK.
1.  Chatng minh: AABI dong dang v6i ADEK .
Al AB

2. Chting minh: —=—.
DK DE

Bai 4: HAI HINH PONG DANG.
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A. KIEN THUC CAN NHO
HINH PONG DANG PHOI CANH:
Hinh bén 1a hai bttc anh chan dung

A
ctia mot cau bé vdi kich thudc 2x3 o

(hinh T) va 4x6 (hinh T") dwoc dat A" e
canh nhau theo chiéu thang dtng,. P -
Ta thay cac dwong thang AA’, BB’ Os........ N \\{ 3
nodi cac diém tuong ting trén hai birc BHm',; P | : ‘-'\

chan dung cung di qua mot diém O.

Duing thudc thang, em hay kiém tra xem mot duong thang ndi hai diém twong
tng tuy y trén hai hinh (vi du C va C’) ¢6 di qua O khong ?
Ta cling n6i hinh b la hinh phéng to ctia a véi ti s6 6 : 3 =2, hinh a la hinh thu

nhé ctia hinh b v6i t s3 3 : 6 = %

Nhan xét:

- C4c cap hinh phong to — thu nho twong tu nhw trén dwoc goi la cadc hinh
dong dang phdi canh. Diém dong quy O trong mdi hinh duoc goi la tam phdi
canh cta cac cap hinh. Trong Hinh bén, ta ndi hinh a d6ng dang phdi canh
v6i hinh b theo ti s6 dong dang & = % =2
- Trong cdp hinh phong to - thu
nho, néu thay doi vi tri cia mot

hinh di thi chting vin c6 hinh e
dang giong nhau (Hinh bén). I \ (»
Khi dé chting dwoc goi 1a hinh -~ ... w Yavy
dong dang. “Vemas ’*

-
Sao
-
-

Hinha Hinhb

Vi du 1: Trong Hinh bén, Hinh a 1a hinh phdng to cuia hinh b.
Vi du 2: Trong cac hinh dwdi day, Hinh a dong dang véi Hinh ¢; Hinh b dong dang

voi Hinh d
Hinh a Hinh b Hinh ¢
Hinh d

HINH DPONG DANG TRONG TU NHIEN VA POI SONG:
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|
\

Trong cac hinh hoc don gian ching ta da hoc nhitng cap hinh dwdi day 1a cap
hinh d6ng dang:

Nhitng hinh dong dang phdi canh thwong gap:

D
G
4 B

Ban do Viét Nam May xtic va may xuc do6 choi tré em

Nhiing hinh dong dang st dung trong cac cong trinh kién trtic va trang tri:
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...
v
g

}&
>,

R N

7y
e

4§a_<' d'_
2 ;
y »

h va thiét ké:

il

B. BAI TAP CO BAN
Bai 1: Trong cac hinh dudi day, hay chon ra cac cap hinh dong dang

VO@PDD

A\ s\ ® ® A\

Bai 2: Trong cac hinh duéi day, hai hinh nao déng dang véi nhau?

4cm

<)

Bai 3: Trong cac hinh duéi day, hinh nao dong dang véi hinh a.
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20cm

10,5cm

4,5cm @ 3,5cm

a)

Bai 4: Trong hinh bén, hinh b 1a hinh
a sau khi phong to véi k=3.
Néu kich thwdce ctia hinh a la
3x7 thi kich thwedce ca Hinh b
la bao nhiéu?

BAI TAP CUOI CHUONG

CAU HOI TRAC NGHIEM

Chon phwong an dung.

Cau 1.Trong cac khang dinh sau, khang dinh nao dtng?
A.Hai tam giac d6ng dang thi bang nhau.
B.Hai tam giac bang nhau thi dong dang
C.Hai tam gidc bang nhau thi khong dong dang.
D.Hai tam gidc can thi ludén dong dang.

Cau 2. Néu AABC » ADEF theo ti s6 k =3 thi ADEF «» A ABC theo ti s6:

AL B. L. C.3. D.9.
3 9
Cau 3. Né&u tam gidc ABC c6 MN 7/ AB (v6i M € AC, N e BC) thi:
A. ACMN » AABC. B. ACNM « ACAB.
C. ACNM » AABC. D. AMNC «» AABC.

Cau 4. Cho AABC« ACMN véi ti s8 dong dang k = % biét AB = 18. Khi d6 CM

bang:

A.12cm . B. 6cm . C.24cm . D. 54cm .
Cau 5. Néu tam giac ABC va tam gidc KMN c¢6 A=K, B=M thi:

A. AKMN« A ABC. B. AKMN « ACAB.

C. ANMK« A ABC. D. AKMN « AACB.
Cau 6. Cho AABC« ADEEF, biét AB = 12cm,DE = 16cm, DF = 24cm. Khi d6 AC br?mg:

A.20cm . B. 18cm . C.24cm . D. 32cm .
Cau 7. Cho AABC« AHIK, biét A =85°, B=25°. Khi d6 s6 do K bang:

A.85° . B.50° . C.40° . D.70° .
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Cau 8. Cho hinh thang ABCD (AB/# CD), c6 hai dwong chéo AC va BD cit nhau tai L.
Biét AB = 16cm, CD = 40cm. Khi d6 A AIB« ACID véi ti s0 la:

Ak=2. B.2 . c2. D.2.
3 2 5 2
Cau 9. Cho tam gidac ABC c6 M, N Ilan luot nam trén canh AB, AC sao cho MN 7 BC.
Biét AM = 16cm, AN =20cm, NC = 15cm. Khi d6 d6 dai AB be\”mg:
A.28cm . B. 26cm . C.24cm . D.22cm .
Cau 10. Cho tam gidc ABC cé AB =3cm, AC =4cm, BC = 5cm va tam gidc DEF c6

DE = 6cm, DF = 8cm, EF = 10cm. Cach viét nao sau day dang quy wdc vé dinh:

A.AABC« AFED. B.A ABC« ADEF.
C.ACAB» ADEF. D.ABCA» AEDF.
BAI TAP TU LUAN

Bai 1: Trong hinh bén, cho biét ABD = ACD, AC = 18cm, AD = 18cm .
1) Chiing minh: AABD « AACB

2) Tinh d6 dai canh AB.
Bai 2:
1) Cho hinh thang ABCD (AB / CD), biét ADB = DCB (Hinh a). Chttng minh
BD2= AB.CD
2) Cho hinh thang EFGH (EF # GH), HEF = HFG, EF = 18cm, GH = 32cm (Hinh
b).
Tinh d0 dai x cia HF.

Bai 3: Bong cua mot can nha trén mat dat
c6 d¢ dai 80m. Cung thoi diém do,
mot cot sat cao 7m cam vudng goc
v6i mat dat cé bong dai 4m (Hinh

o o o
OoO0oo

bén). Tinh chiéu cao ngoi nha. 7m

Bai 4: Nguoi ta do khoang cach gitta hai diém A va
H 6 hai bo moét dong song (Hinh bén). Cho
biét BH = 45m, CH = 80m. Tinh khoang cach
DC.

Bai 5: Cho ABC nhon c6 hai dwong cao BE, CF cit nhau tai H.

1) Chting minh A AEB« A AFC. 2) Chitng minh; 2 =11
HC HB

3) Chiing minh: AFHE » ABHC.




BOI DUONG NANG LUC TU HOC - TOAN 8
Bai 6: Cho tam giac ABC nhon c6 hai duong cao BD va CK cat nhau tai H.
1) Chiing minh: AADK« A ABC.

2) Phan giac ctia géc BAC cdt DK va DC I4an lwot tai I vaJ. Chtng minh: %=

JB
"
Bai 7: Cho tam giac ABC vuong tai A (AB < AC). Ke duong cao AH (H thudc BC).

1) Chiing minh: AABH« ACBA, suy ra AB>=BH.HC .

2) VEHE 1 ABtai E, HF 1 AC tai F. Chttng minh: AB.AE=AC.AF.

3) Chiing minh: A AEF« A ACB.

4) Qua A vé duong thang song song véi BC cat duong thang HF tai I V& IN L
BC tai N. Chttng minh: AHFN «» AHCI.

Bai 8: Quan sat hinh bén. Vé vao to
gidy DEF v6i FE = 8cm, E=76° ,
F=36°.

1) Chttng minh: ADEF«» A ACM.
2) Dung thuéc do chiéu dai
canh FD cta DEF. Tinh khoang
cach gitta diém A va diém C ¢
hai bo song trong hinh bén.

CHUONG 9 MOT SO YEU TO XAC SUAT
Bai 1: MO TA XAC SUAT BANG Ti SO
Mot hop ¢6 1 qua bong vang va 5 qua bong xanh co kich thude va khoi lugng
nhu nhau. Lam 14y ra ngau nhién 1 qua béng tir hop. Theo em, kha ning Lam
18y duwoc béng xanh bang may Ian kha ning 18y dwoc béng vang?

I. KET QUA THUAN LOI:

A. KIEN THUC CAN NHO
Mot hop chira 10 tam thé cting loai dwoc danh s6 lan luot tir 3 dén 12. Chon ra
ngau nhién 1 thé ttr hop. Hay liét ké cdc két qua lam cho mdi bién ¢d sau xay
ra:
A:"SG ghi trén thé 1ay ra chia hét cho 3"
B: "SO ghi trén thé 18y ra chia hét cho 6"
Ta thay néu lay duoc thé ghi s6 3 thi bién ¢d A xay ra nhiéu bién ¢ B khong
xay ra. Khi d6 ta néi két qua 1dy dugc thé ghi so 3 1a thudn 1gi cho bién cd A
va két qud 1dy duoc thé ghi s6 3 khong thuan 1oi cho bién ¢ B.
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Trong mot phép tht, mdi két qua lam cho mot bién cd xay ra dugc goi la mot

két qua thuan loi cho bién ¢ do.
¢ Vi du 1: Mot hop chita 10 tdm thé cung loai dwoc danh s6 [an luot tir 3 dén 12.
Chon ra ngau nhién 1 thé tir hop. Xét cac bién c6 sau:
C: "Sd ghi trén thé la s6 nguyén to"™:
D: “S& ghi trén thé la s 1"
Hay néu cac két qua thuan loi cho mdi bién cd C va D.
Hudng dan giai:
Cac két qua thuéan lgi cho bién ¢6 C la 1ay dugc thé ghi s6 3; 5; 7; 11
Cac két qua thuén loi cho bién ¢d D la ldy duoc thé ghi s 3;5;7; 9; 11.

B. BAI TAP CO BAN
Bai 1: Mot hop chira 12 tam thé cung loai duoc danh s6 lan luot tie 11 dén 22. Chon
ngau nhién 1 thé tir hdp. Xét cac bién cd sau:
A:"SG ghi trén thé la s6 nguyeén 5"
B: “S6 ghi trén thé 1a s& chdn".
Hay néu c4c két qua thuan loi cho mdi bién ¢ A va B.
Bai 2: Trén ban c6 mot tdm bia hinh tron duwoc chia
thanh 8 hinh quat bﬁng nhau va duwoc danh so tur
1 dén 8 nhu hinh bén. Xoay tim bia quanh tam
hinh tron va xem khi tam bia ditng lai mdi tén chi
vao 0 ghi s6 nao. Xét cdcbiéh cdsaw: ~ h kel
A. “Miii tén chi vao 6 ghi s chdn';
B. “Miii tén chi vao 6 ghi s0 chia hét cho 4”;
C: “Miii tén chi vao 6 ghi s6 nho hon 3”.

Hay néu cac két qua thuan lgi cho mdi bién cd trén.
I1. MO TA XAC SUAT BANG TI SO

A.KIEN THUC CAN NHO

Gieo mot con xtc xic 6 mit can doi va dong chat. Goi A la bién c6 gieo dugc
mat cd sO chdm chia hét cho 3. Tinh x4c sudt ctia bién co A.

Trong phép thi trén, ta thay:
- C6 6 két qua co thé xay ra.
- Vi con xtic xac 1a can d6i va dong chat nén 6 két qua cé cling xac suat xay ra
la L

6
Khi gieo duwgc mat 3 chdm hoac 6 chdm thi bién ¢4 A xay ra nén xac suat cua

bién c8 A la P(A):%:%.
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Khi tat ca cac két qua cua mot tro choi hay phép thit nghiém déu c6 kha nang
xay ra bang nhau thi xac sudt xay ra ctia bién c8 A 1a ti 8 gitta s6 két qua
thuan loi cho A va tong s6 két qua co thé xay ra ctia phép tht, tic la
S két qudthudnloi
P(A): A A A’q 2 /. A?. 2 °
Tong so kétqudcothé xdyra

D€ phan biét vdi xac suat thiee nghiém, xac suat P(A) xac dinh ¢ cong thiec
trén con dugc goi la xac sudt li thuyét cua bién cd A.
Vi du 2: Gieo mot con xtic xac 6 mat can ddi va dong chat. Tinh xac suat ctia cac
bién ¢d sau:
A: “Gieo duwoc mat co sO cham 14 sO chan';
B: "Gieo dwoc mat cd nhiéu hon 3 chdm".
Hu6ng dan giai:
Vi xtic xac can d8i va dong chat nén 6 két
qua ctia phép thir ¢6 kha ndng xay ra B e e o
bang nhau. Bién c§ A xay ra khi gieo S g
dwoc mat co 2; 4 hodc 6 chdm nén co 3
két qua thuan 1oi cho A. Xéc suat cua
bién c6 A la:

3.1
6 2
Bién cO B xay ra khi gieo dwoc mat c6 4, 5

P(4)

ich vu

hodc 6 chdm nén c¢6 3 két qua thuan loi cho B.
Xac suat ctia bién c6 B la:
P(B)= 3.1
6 2
Cht ¥: A va B 1a hai bién c8 khac nhau nhung c6 xac sudt xay ra bang nhau. Ta néi
A va B la hai bién c6 dong kha nang.
Vi du 3: Ti I¢ thanh vién nam ctia mot cau lac bo thién nguyén “Am tinh yéu
thwong" 1a 75%. Tong s6 thanh vién cta cau lac bo la 40 nguoi.
a) Gdp nggu nhién 1 thanh vién cua cau lac bg, tinh xac suat thanh vién do la
nam.
b) Em c6 nhan xét gi vé ti 1é thanh vién nam va xac suat trén?
Hudng dan giai:
Ta thay kha néng g&p mdi thanh vién cta cau lac bo 1a nhw nhau.
a) SO thanh vién nam cua cau lac bg la: 75%.40 =30 (nguoi)
30 3

Xac suat gap dwgc thanh vién nam la: 202
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b) Ti Ié thanh vién nam cta cau lac bo la: 75% = % = %, do do ti lé thanh

vién nam cuda cau lac bd dang bang xac sudt gap ngau nhién moét thanh vién

nam cua cau lac by do.

B. BAI TAP CO BAN
Bai 1: Mot hop c6 1 qua bong vang va 5 qua bong xanh c6 kich thwdce va khai luong
nhu nhau. Lam 14y ra ngau nghién 1 qua bong tit hop. Theo em, kha nang
Lam 14y dugc béng xanh bang may [an kha nang 18y duoc bong vang?
Bai 2: Gieo mot con xtic xac 6 mat can d8i va déng chat. Tinh xac suat ctia cac bién
0 sau:
A: ”’Gieo dugc mat ¢6 s6 chdm 1a s6 nguyén to”.
B: ”Gieo duwoc mat c6 nhiéu hon 4 chdm”’.
Bai 3: Ti 1é thanh vién nt cua mot cau lac bd giao tiép tiéng Anh 1a 60%. Tong s6

thanh vién cua cau lac bo la 35 nguoi.

1 Gdp ngau nghién 1 thanh vién ctia cau lac b, tinh xac suat thanh vién
do lant
2)  Em c6 nhén xét gi vé ti 1é thanh vién n va x4 suat trén?

Bai 4: Mot khu phd cé 200 nguoi lao ddong, mdi nguredi lam viéc 6 mot trong nam linh
vuc la Kinh doanh, San xuat, Gido duc, Y té€ va Dich vu. Biéu d6 trong hinh
bén thdng ké ti 1é nguoi lao ddng thudc mdi linh vwe nghé nghiép. Gap ngéu

nhién mot ngwoi lao dong ctia khu phd.

Ti 1& nginh nghé thudc mot sd linh vare

22 .
L://f,,: Kinh doanh
74

' .
! Gido duc

I * | Dich vu

1) Tinh xac suat nguoi d6 c6 cong viéc thudc linh vuc Gido duc.
2)  Tinh xac suat nguoi dé cd cong viéc khong thudc linh viec Y té hay Dich

VUL
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Bai 5: Trong hop ¢6 5 qua bong cé kich thwdce va khdi luwong giong nhau va dugc
danh s8 Tan luot 12 5; 8; 10; 13;1 6. LAy ra ngau nhién 1 qua béng tit hop.Tinh
xac sudt ctia cac bién co:

A:”S0 ghi trén qua bong la so 1é”.
B: /S8 ghi trén qua bdéng chia hét cho 3.
C: S8 ghi trén qua bong 16n hon 4”.

Bai 6: Mot hop chita 3 vién bi xanh, 4 vién bi d6 va 5 vién bi vang c6 kich thwdc va
khéi luong gidng nhau. LAy ra ngau nhién 1 vién bi tir hop. Tinh xac suat ctia
cac bién co:

A:”"Vién bi 1dy ra c6 mau xanh”’.
B: ”Vién bi 1ay ra khong ¢ mau do”.

Bai 7: Trong hop c6 10 tam thé cung

Ti 1& phin tram hoc sinh moi khdi cua trudng

loai, trén moi thé c6 ghi mot s6

tw nhién. LAy ra ngau nhién 1 Py Khéi ¢
2 4N A Ay Y 7 Ay 1A Lo N
the ttr hop. Biét rang xac suat lay fo51%% * {
” . A < A A L L  { . g
duoc thé ghi s chan gap 4 lan [ensnns| Khbi 7
4 ) . d . ~ 2 S RIE, el
xac suat lay duwoc thé ghi so 1é. am N W -
. A 7 oA 2 "L”:T I 1 == iy Kl °
Hoi trong hop c6 bao nhiéu the \'r'! ':‘:i;'t L S
U | » ) -
. A2 - - - 7 .
ghi s6 1€? .l:lﬂ i1 no e 5 o | Khéi
NS5 g

Bai 8: Mot triwong trung hoc co 5o ¢ 600 hoc sinh. Ti 1é phan tram hoc sinh mbi khéi
16p dwgc cho & biéu d6 trong hinh bén. Chon ngﬁu nhién mot hoc sinh trong
truong dé€ di phong van. Biét rang moi hoc sinh ctia treong dé 6 kha nang
duoc Iva chon nhu nhau.

1) Tinh xdc suat ctia bién c6 “Hoc sinh dwoc chon thudc khoi 9 7.
2) Tinh xac suét ctia bién c6 “Hoc sinh dwgc chon khong thudc khdi 6”.

Bai 2. XAC SUAT LI THUYET VA XAC SUAT THUC NGHIEM

- Trude khi Linh tung mot dong xu can do6i va dong chat 100 lan, Tam du doan
s€ ¢ trén 70 lan xuat hién mat sdp con Thanh lai dw dodn sé c6 it hon 70 lan
xuat hién mat sdp. Theo em, ban nao c6 kha nang doan dung cao hon? Vi sao

- Mot hop kin chita 3 qua bong xanh va 2 qua bong do c6 cung kich thudce va
khdi luong. An 14y ra ngau nhién 1 qura béng tir hop, xem mau roi tra lai
hop.

a) Tinh ti s6 mo ta xac sudt li thuyét cua bién ¢d "An ldy duoc bong xanh"

b) Sau khi 1dp lai phép thir d6 100 Ian, An ghi lai s6 Jan minh 1dy duwoc bong

xanh sau 20; 40; 60; 80 va 100 lan 1ay bong nhu sau:
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SO lan 1ay bong 20 40 60 80 100
S6 Tan 1dy duoc 9 20 32 46 59
bong xanh

Tinh cac xac suat thuc nghiém ctia su kién "An 1dy dugc bong xanh" sau: 20;
40; 60; 80 va 100 Ian thtr.

Ta thay:

- xac suéat thye nghiém phu thudc vao két qua ctia day phép thi va chi duoc
xac dinh sau khi da thyec hién day phép tht.

- Xéc suat li thuyét c6 thé xac dinh truede khi thye hién phép thi.

- xac suat thye nghiém va xac suat li thuyét ctia cing mot sy kién hay bién c6
c6 nhat thiét 1a bang nhau. Tuy nhién , khi thire hién cang nhiéu Ian phép tht,
xac suat thiec nghiém cang gan xac suat li thuyét.

A. KIEN THUC CAN NHO

Goi P(A) la x4c sudt xuat hién bién ¢ A khi thuc hién mot phép thu.
Goi n(A) la s& Tan xudt hién bién c8 A khi thiee hién phép thir ¢6 n Ian.

n(a)

n

Xac suat thue nghiém ctia bién c6 A 1a ti sd

Khi n cang 16n, xac sudt thuc nghiém cua bién ¢ A cang gan P(A).

Vi du 1: Mdi ban Tuédn, Binh va Khoa tung mot dong xu can d6i va dong chat 20 lan
va ghi lai két qua ¢ bang sau:

Nguoi tung | SO lan xuat hién mat S6 lan xuat hién mat
sap ngtra
Tuan 9 11
Binh 12 8
Khoa 7 13

Goi A la bién ¢d “xuat hién mat sdp”.
a) Tinh cac xac sudt thue nghiém cua bién ¢d A sau 20 [an tung cua ting ban.
b) Tinh xac suat thuc nghiém ctia bién ¢d A sau 60 lan tung ctia ca 3 ban.
c) Tinh xac suat li thuyét cua bién c¢d A khi tung dong xu. So sanh xac suat
nay vodi cac xac sudt thuc nghiém vira tinh, em c6 nhan xét gi?
Huong dan giai
a) Xac sudt thuc nghiém cta bién ¢d A sau 20 [an tung cta Tuan la % =0,45

Xac suat thuc nghiém ctia bién c6 A sau 20 Jan tung ctia Binh la % =0,6

Xac suat thue nghiém ctia bién ¢6 A sau 20 Jan tung ctia Khoa la % =0,35

b) Xac sudt thuc nghiém cta bién ¢d A sau 60 lan tung cta ca ba ban la:
9+1247_ 7
60 15
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c) Do dong xu can d6i va dong chat nén xac sudt ctia bién cd A la

1%A)=%=05

— Xac suat thuc nghiém cua bién ¢d A c6 thé 16n hon hodc nhé hon xac suat li
thuyeét.

— Khi s6 Tan thuc hién phép thtr 16n (60 lan) thi xac suat thuc nghiém ctia bién
3 A 14 0,47 gan bang x4c suat li thuyét 1a 0,5.

Vi du 2: O mét trang trai nudi vit, nguoi ta nhan thay xac sudt mot qua tring vit c6
can nang trén 70g la 0,52. Hay wdc lrong xem trong mot 16 2500 qua tring vit
cua trang trai c6 khoang bao nhiéu qua tritng c6 can nang trén 70g.

Hudng dan giai
Goi N la s qua tring vit c6 can ndng trén 70g trong 16 2500 qua tring.

Xdc sudt thue nghiém dé€ mot qua tring vit c6 can nang trén 70g la

2500

Do sO qua tring vit trong 16 la 16n nén N 0> 0,52, tire Ia N= 2500.0,52 =1300.

Vay c6 khoang 1300 qua tring vit trong 10 tritng trén cd can nang trén 70g.
B. BAI TAP CO BAN

Bai 1: Trudc khi Linh tung mdt dong xu can déi va dong chat 100 Tan, Tam du doan
s€ ¢ trén 70 Tan xuat hién mat sap con Thanh lai du doan sé c¢é it hon 70 lan
xuat hién mat sdp. Theo em, ban nao c6 kha nang doan diung cao hon? Vi sao?

Bai 2: Mot hop chira mot s6 qua bong xanh va do. Lan 14y ra ngau nhién 1 qua béng
ttt hop, xem mau roi tra bong lai hop. Lap lai phép thte d6 200 Ian, Lan thay
o6 62 lan 1y duwgc bong xanh va 138 lan 18y dwgc bong mau do.

1) Tinh xac suat thic nghiém cta bién ¢ “Lay duoc boéng xanh” sau 200 Ian
thir.

2) Biét s6 bong xanh trong hop la 20, hay udc luong s6 luong bong doé trong
hop.

Bai 3: Xac sudt nay mam ctia mot loai hat giong
la 0,8. Nguwoi ta dem gieo 1000 hat dong
do. Hay woc lwong xem c6 khoang bao

-’

<7

V\

Bai 4: Phong gieo mot con xtic xac 120 lan va théng keé lai két qua cac lan gieo & bang

nhiéu hat trong s6 d6 sé nay mam.

o//

Sau:

Mat 1chdm | 2chdm | 3chdm | 4 chdm | 5 chdm | 6 chdm
S6 [an xuat hién 20 24 10 6 18 42

Hay tinh xac sudt thyc nghiém cua bién ¢d “Gieo dwgc mat c6 s6 cham la s6
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chan” sau 120 Ian thir trén.

Bai 5: O mot san bay nguoi ta nhan thdy véi moi chuyén bay, xac suét tat ca moi
nguroi mua vé déu céd mat dé€ lén may bay la 0,9. Trong mot ngay san bay do
c6 120 lwgt may bay cat canh. Hay wdc luwgng s6 chuyén bay trong ngay hom
do cé nguroi mua vé nhung khong 1én may bay.

Bai 6: O mét trang trai nudi ga, nguodi ta nhan thiy xac sudt mot qua trieng ga c6 can
ndng trén 42g la 0,4. Hay udc lugng xem trong mot 16 2000 qua triang ga cua
trang trai c6 khoang bao nhiéu qua tritng c6 can nang trén 42g.

Bai 7: O mot trang trai nudi chim cat, nguoi ta nhan thay xac sudt mot qua tréng ctt
cd can ndng dwdi 9g la 0,45. Hay wdc luong xem trong mot 16 3000 qua tring
cut ctia trang trai co khoang bao nhiéu qua tritng c6 can nang dudi 9g.

Bai 8: Mdi ban Trong, Nhan va Thang tung mot dong xu can d6i va dong chat 40 Tan
va ghi lai két qua 0 bang sau:

Nguoi tung | SO [an xuat hién mat S6 lan xuat hién mat
sap ngtra
Trong 13 27
Nhéan 25 15
Thang 28 12

Goi E 1a bién ¢4 “xudt hién mat ngwa”.
1) Tinh cac xac suat thye nghiém ctia bién ¢ E sau 40 lan tung cua ting ban.
2) Tinh xac suét thwc nghiém cta bién ¢d E sau 120 [an tung cta ca 3 ban.
3) Tinh x&c sudt li thuyét ctua bién cd E khi tung dong xu. So sanh xac suat nay
vdi cac xac sudt thuc nghiém vira tinh em c6 nhan xét gi?
Bai 9: Mdi ban Hoa, Thanh va Liéu tung mot dong xu can ddi va dong chat 100 Tan
va ghi lai két qua o bang sau:

Nguoi tung S6 lan xudt hién mat sap SO lan xudt hién mat ngwra
Hoa 55 45
Thanh 38 62
Liéu 52 48

Goi F la bién cd “xuat hién mdt ngia”.

1) Tinh cac xac sudt thec nghiém cta bién ¢d F sau 100 lan tung ctia tiing ban.

2) Tinh céc xac suat thuc nghiém cta bién ¢ F sau 300 lan tung cua 3 ban.

3) Tinh cac xac sudt li thuyét ctia bién ¢d F khi tung dong xu. So sanh xac sudt
nay vdi cac xac sudt thiee nghiém vira tinh em c6 nhan xét gi?

Bai 10: Mot hop chita cac vién bi mau trang va mau den c6 kich thudc va khéi luong

nhu nhau. Mai 1ay ra ngau nhién mot vién bi ttt hop, xem mau roi tra lai hop.
Lip lai thi nghiém d6 80 [an, Mai thay 24 Ian 14y duoc vién bi mau trang.
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1) Hay tinh xac suat thuc nghiém ctia bién c6 1ay dwoc vién bi mau den sau 80
[an thtr.

2) Biét tong s6 bi trong hop 1a 10, hay wdce lwgng trong hop cd khoang bao

nhiéu vién bi mau trang.
BAI TAP CUOI CHUONG

CAU HOI TRAC NGHIEM
Chon phuong 4n dung
Cau 1. Mot hop chira 15 tdm thé cuing loai dwgc danh tit 11 dén 25. Minh 18y ra ngau
nhién mot thé tir hop. Xac sudt dé€ thé chon ra ghi so chia hét cho 3 la:
AL B. L c.t D. L
2 3 4 5
Cau 2. Mot hop chita 12 tam thé cung loai dwgc danh tir s6 8 dén 19. Minh 14y ra
ngau nhién mot thé tir hdp. Xac suat dé thé chon ra ghi s& chia hét cho 3 la:
AL B. L c.l D. 1
2 3 4 6
Cau 3: Mot hop chita 10 tAm thé ciing loai dwoc danh tir 4 d&én 13. An 1y ra ngau
nhién mot thé tir hop. Xac sudt dé€ thé chon ra ghi sd nguyén to la:
A. 0,2 B. 0,3 C. 0,4 D. 0,5
Cau 4. Mot hop chita thé mau xanh va thé mau do c6 kich thwdce va khoi luong nhw
nhau. Hai 14y ra ngau nhién mot thé tir hdp, xem mau 10i tra lai hop. Lap lai
thi nghiém d6 50 lan, Hai thay co6 14 lan 18y duwgc thé mau xanh. Xac suat thuc
nghiém cua bién c§ “ Lay dwoc thé mau do” la:
A. 0,14 B. 0,28 C. 0,72 D. 0,86
Cau 5. Ti 1€ hoc sinh bi can thi & mot treong trung hoc co sé la 18%. Gap ngfau nhién
mot hoc sinh & treong, xac suat hoc sinh d6 bi can thi la:
A. 0,18 B. 0,82 C. 0,92 D. 0,5
Cau 6. Binh gieo 3 con xtic sac can d6i va dong chat. Xac sudt ctua bién ¢ “ Tich s&
chdm xuat hién trén ba con xtic xac bang 28” 1a:
L c. L D. L
18 36 12
Cau 7. Manh gieo mot con xtic xac can d6i 1000 [an. S6 Ian xuat hién mat 6 cham

A. 0

trong 1000 lan gieo d6 ¢ kha ndng 16n nhat thudc tap hop nao dudi day?
A. 0;1;...;100 B. 101; 102; ...; 200
C. 20L 202; ...; 300 D. 301; 302; ...;400

Cau 8. Lop 8/1 gom 38 hoc sinh trong dé ¢6 20 ban nam. C6 6 ban nit tham gia cau
lac b thé thao va 8 ban nam khong tham gia cau lac bo thé thao. Chon ngéu
nhién mot hoc sinh trong 16p. Xac suat d€ hoc sinh d6 la mot ban nam c6 thé
tham gia cau lac bd thé thao la:
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L B. > c.— D. >
20 19 23 21
Cau 9. Lop 8/2 gom 38 ban trong 16p d6 ¢d 18 ban nit. C6 6 ban nit tham gia cau lac
bd thé thao va 8 ban nam khong tham gia cau lac bd thé thao. Chon ngau
nhién mot hoc sinh trong 16p. Xac suat d€ hoc sinh dé 1a mot bnaj khong tham

NAM HOC: 2024 - 2025

gia cau lac b thé thao la:
u 5. 10 e .12
20 19 21 19
Cau 10: Mot tai dung cac qua cau giong hét nhau, chi khac mau, trong d6 c6 27 qua
mau d6, 35 qua mau tim, 7 qua mau vang, 11 qua mau trang va 15 qua mau
den. LAy ngau nhién 1 qua trong ti. Xac suat 14y dwoc qua cau mau tim 1a:

A3 B. >4 c. L p. 2
95 95 19 35
BAI TAP TU LUAN

Bai 1. Tinh xac suat thuc nghiém ctia bién c6 “ Mat xuat hién cua dong xu la mat
ngtra” trong mdi triedong hop sau:

1) Tung mot dong xu 50 lan lién ti€p, c6 28 lan xudt hién mat ngua.
2) Tung mot dong xu 30 Ian lién ti€p, cd 14 [an xuat hién mat sap.

Bai 2 : Trong mot hop ¢ 10 tam thé gidng nhau duoc danh s6 11;12; ... ; 20. Rat

ngau nhién mot tim thé tr trong hop. Tinh x4c suét cta cac biéh cd sau :
1) A : “Rat dugc tam thé ghi s 1a s6 nho hon 15”.

2) B : “Rat duoc tam theé ghi sd 1a bdi cua 3”.

3) C: “Rut duoc tam thé ghi s6 nguyén t6”.

Bai 3 : Mot hop chita 6 tam thé cung loai duwoc danh s6 lan lwgt 1a 2; 3; 5; §; 13; 21.

L4y ra ngau nhién 1 thé tir hop. Tinh x4c suat ctia cic bién c6:
A: S0 ghi trén thé la s 18”.
B : SO ghi trén theé la sd nguyén t&"".

C : /S0 ghi trén thé la sO chinh phwong”.

Bai 4 : Mot tti dung 1 vién bi xanh, 1 vién bi d6, 1 vién bi trang va 1 vién bi vang co
cuing kich thwdc va khéi luong. LAy ra ngau nhién 2 vién bi tt ti. Tinh xac
suat ctia cac bién ¢ :

A: “Trong hai vién bi 1ay ra c6 1 vién mau do”.
B : “Hai vién bi 1y ra déu khong cé mau trang”.
Bai 5 : Mot co quan quan li da thong ké dwgc sO lugt khach dén tham quan di tich X

trong ndm qua nhu sau :

Théng 1;2 3,4 5,6 7,8 9,10 11;12
SO lwot 139 188 145 120 118 112
khach
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1) Tinh x&c suat thiec nghiém ctia bién ¢6 E : “Khach dén tham quan di tich
trong thang 7 va thang 8”.

2) Tinh xdc sudt thie nghiém cua bién ¢ F : “Khach dén tham quan di tich
trong thoi gian tit thang 7 dén thang 12”.

3) Gia sit nam t6i ¢ 1145 luot khach dén tham quan di tich. Hay dy doan
xem :
- C6 bao nhiéu lwot khach dén tham quan di tich trong thang 7 va thang 8.
- Cé bao nhiéu luwgt khach dén tham quan di tich trong thoi gian tit thang 7
dén thang 12.

Bai 6 : Khué tung hai dong xu giong nhau 100 lan va ghi lai két qua 6 bang sau :

Két qua Hai dong sdp Mot dong sap, mot dong Hai dong ngtra
nglra
S0 lan 16 44 40

Tinh xac sudt thuc nghiém cta bién ¢d : “Hai dong xu déu xuat hién méat sap

sau 100 Ian tung”.

Bai 7 : Mot tdm bia hinh tron dwoc chia thanh 6 phan bang nhau
nhw hinh bén. Ban Binh quay mii tén va quan sat xem khi
dtrng lai miii tén chi vao 6 s6 mdy. Thuy ghi lai két qua sau
120 Tan thi nghiém 6 bang sau :

Os6 | 1|2 3| 4| 5] 6

S6lan | 15| 9| 16| 23| 32| 25

1) Tinh xac suat thuc nghiém ctia bién ¢6 : ““Miii tén chi vao

6 c6 dau cham”.
2) Theo em du doan, xac sudt miii tén chi vao mdi 6 c6 bang nhau hay khong ?
3) Mot ngwoi nhan dinh rﬁng xac sudt mii tén chi vao cac 6 hinh vién gach
bang x4c sudt miii tén chi vao cac 6 c6 dau chdm va bang xac sudt miii tén chi
vao cac 6 hinh ngoi sao. Theo em, két qua thuc nghiém ctia ban Binh ¢ phu
hop véi nhan dinh d6 khong ?
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	I. CỘNG, TRỪ HAI PHÂN THỨC CÙNG MẪU
	A. KIẾN THỨC CẦN NHỚ
	B. BÀI TẬP CƠ BẢN
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