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HUONG DAN CHAM MON: TOAN 11

Cau Dip 4n | Piém
Cau 1. Giai phuong trinh 4sin x.sin(x+%j.sin(x+2—;j+c053x=1
Pt < 2sin X.[COS%—COS(2X+7[)}+COS3)C:1®Sinx+25inx.C052x+COS3x:1 0,25
1 <:>sin3x+0053x:1<:>sin(3x+£):i 0,25
2
x:%+k2—;
= 0,5
kL
3
Cau 2. Trong mdt trd choi, nguoi choi gieo dong thdi 3 con stc siac dong chat 5 1an. Néu mdi 1an gieo
xuat hién it nhat hai mat sau cham thi thang. Tinh xac suat dé nguoi choi thang it nhat 4 véan.
Goi bién cb A: “Lan gieo thur i xuét hién it nhat hai mat sau cham”.
_ 0,5
Khidotaco P(A)=c2=. 22,111 _2 P(A):E
2 - 666 666 27 27
Goi bién cd B : “Ngudi choi thing it nhat 4 van”.
Khi d6 ta co:
B=AAAAA+AARAAAN+AAARAA+AAAAA+AAAAN+ARAAA 05
5 4
:P(B):(EJ +5.(3j .(éj:ﬂzo.ooomz
27 27 27 ) 14348907
Cau 3. Giai phuong trinh /x? +Xx—2+x-1=x*-1
DK: x>1 025
NX: (WX +X=2+IX-DEX2+x-2-x-1)=x*—-1 '
Pt o VX +X=2+/Xx-1= (X" + X2 +/x-1)(X* +x-2 —/x-1)
S WX +x-2+Ix=1)WX+x-2-x-1-1)=0 025
o S ix—2+dx=1=0 () '
3 VX2 +x=2-x-1-1=0 (2)
2 —2=
prt) X TX7270 g 0,25
x—1=0
Pt(2) @ VX2 +x-2=Vx-1+l< 2yx-1=x*-2
>4/2
x>2 x2+2 0,25
= S x=2 S X=2
X' —4x* —4x+8=0< (x-2)(x*+2x*—-4)=0 s s
X2 +2x* —4 =0 x=1,31(KTM)




Cau 4. Cho ham s6 y = x* —3x+1 c6 do thi 1a (C). Viét phuong trinh tiép tuyén cua (C) tai diém co

tung d6 bang 3.

Tacd: y' =3x*-3.
Goi M (X,;Y,) latiép diem 0,5
y0:3<:>xg—3xo—2=0<:>X0=2,X0=—

X, =—1=> y'(~1) = 0. Phuong trinh tiép tuyén: y =3

e X, =2=>Yy'(2) =9. Phuong trinh tiép tuyén: y =9x—15. 05

Cau 5. Cho cacham sb y=f(x), y=f(x’)va y= 109 Hesh géc cac tiép tuyén cua dd thi ba ham

f(x2)

s6 tai diém c6 hoanh do x, =1 lan luot 12 k,k,, k, . Biét k, + 2k, =3k, =0.Tinh f(1).

y=f(x)=y=10=k=1(0; y=f(x)=y=2xF()=k =2f). 05

yo f(>§) Lye f'(x).f(xz)—22x2.f’(x2).f(x) k- f’(l).f(l);Zf’(l).f(l) _-f'Q) 0.25
f(x%) f2(x%) () f @)

k1+2k2=3k3@f'(1)+4f'(1)=ﬂ =3 (1)¢O)<3f(1)_—3 0.25

&5
f@ f (1)

Cau 6. Cho hinh chép S.ABCD c6 day ABCD la hinh thang, AD//BC, AD =2BC . Biém E thoa mén

ED +3ES =0. Goi Q la giao diém ciia duong thing SC va mat phang (ABE). Tinh ti s6 3—2 .

Goi | 1a giao diém cua AB,CD trong (ABCD); Q la giao diém cua EI,SC trong (SCD) 0,25
BC _IC 1
Xét tam gidc AID c6 AD//BC, AD =2BC (gt) = oI 2 = C la trung diém cua 1D 0,25
Xét tam giac EID, ké CF //El = F 1a trung diém cia ED = EF = DF = % DE 0,25
ED+3ES = 0:>SE—£DE SE —:gzg 0,25
3 EF 3 QC 3 ’

CAu 7. Cho hinh chép S.ABC c6 day ABC latam giac cantai A, AB=a, géc BAC =120°. Tam giac
SAB vuong tai B, tam giac SAC vudng tai C . Mt phang (SBC) tao véi mét phang (ABC) mét goc

60°. Tinh khoang cach tir diém S dén mat phing (ABC).




Chtrng minh dugc ASAB = ASAC, tir 46 suy ra SB=SC = ASBC cantai S

Goi E 1a trung diém cua BC. Chimg minh duoc gdc gitra mat phang (SBC) va mat phang 0.25
(ABC) la gdc gitra hai duong thang SE, AE
Trong (SAE), k¢ SH L AE, chimg minh dugc SH 1 (ABC)=>SH =d(S,(ABC)) 0.25
Tinh dugc BC :a\/§, BE ——\/_ , AE —E, dat SE =x
TH1: SEA=60°
SA? = SE* + EA? — 2.SE.EA. cos60°
2 2 2
U L I SV DU (vo Ii) 0.25
4 4 2 2 2
TH2: SEA=120°
SA? = SE? + EA* —2.SE.EA.c0s120°
2 2
a2+3i+x2:x2+a—+x.E 3 28 2o x=3a :SH:ﬁ 0.25
4 4 2 2 2
Cau 8. Trong mit phang véi hé toa do Oxy, cho hinh thoi ABCD c6 tam 1 (3;3) va AC=2BD.
Biét phuong trinh dudng thang AB 1a x—3y+2=0 va dinh B c6 hoanh do nho hon 3. Viét
phuong trinh duong chéo BD.
Duong thang AB: x—3y+2=0 c6 mot vecto phép tuyén 1a fi,g =(L-3).
Duong thang BD c6 mét vecto phap tuyén 1a Ay, =(a;b), a’+b* =0.
0,5
BI 1 Meleo] 1 a3 1 ) {a:b
COSABl =—=—"—"= = -1 ——<:>a +6ab-7b" =0 &
Al 5 |nAB| |nBD| \/_ J10va? +b? a=-7b
+) V6i a=D thi phuong trinh BD 1a x+y—6=0. Khi do, toa do diém B la B(4;2) (loai do dk:
Xg <3).
0,5

+) V6i a=—7b thi phuong trinh BD 13 7x—y—18=0. Khi do, toa do diém B la B(% g)
(TM).




Cau 9. Trong mit phang véi hé toa o Oxy, cho tam gidc ABC noi tiép duong tron tam 1 (-2;1). Goi

D(—1-1) 1a diém trén duong thang BC sao cho AD =DC, duong thang AC di qua M (-1 4). Tim

toa do c4c dinh A, B,C biét H (0;2) Ia tryc tdm tam giac ABC.

C6 DA=DC,IA=IC = DI la duong trung tryc ciia doan AC, suy ra DI 1L AC.

0.25

Duong thang AC di qua M (-1 4) vavudng géc véi DI nén cé phuong trinh: Xx—2y+9=0
Goi E la trung diém cua AC thico IE L AC nén c6 phuong trinh: 2x+y+3=0.

X—2y+9=0
Toa dd E langhiém cua hé y = E(-3;3) 0,25

2X+y+3=0
Chimg minh dugc BH =2IE = B(2;-2). 0.25
Puong thang BC c6 phuong trinh: x+3y+4=0.

X—2y+9=0
Toa dd C la nghiém cua hé y =C(-7;1).

X+3y+4=0 0,25
Vi E la trung diém AC nén A(L5). Vay A(L5),B(2-2),C(-7:1).

Cau 10. Cho hinh vudng ABCD c6 canh bang 1. Lay cac diém M, N lan luot trén cac canh BC,CD

sao cho MAN = 45°. Tim gid tri I6n nhat, nho nhat cua dién tich tam giac AMN.

bat BM =x,DN = y(x,y €[0;1]) B M c
Ta co: 1=tan MAN = tan MAB + tan DAN _ X+ / : 0,25
1-tan MAB.tan DAN  1-Xxy N
Suyra x+y+xy=1 // e
A = D
Pit S=x+y,P=xy.Tact: $?24P=4(1-S)=S>-2+2\2 008
Ngoai ra (x-1)(y-1)>0=P-S+1>0=2-25>0=S5<1 '
. V2 V2 a2 o V2 7S
Taco: Sy :TAM.AN:T\/(X +1)(y?+1) =Y2PP+s —2P+1:T\/28 => 0.25

4




Tudosuyra S, € [—1+ \/5%}

1
max S,y ==

2 , GTLN xay ra khi x=1 hodc y =1, GTNN khi x=y=—1+\/§.
min S,y =-1+2

0,25

Hoc sinh lam cdch khdc diing thi dwoc diém téi da.




